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727 VD TR WD ? £ W0 DIFHARDEMITHA S, ZNCEZD2REDD L, ), FEHREK
SHEHBROEBAEG Ve &, BONKRO—E BRI N S (22T 5 Z I3
Fizw) VS HEOMMIEAMITREZTIERV., &R D,

B 1. BLT 10, 23T 40 /42 28%K X (Cardano DIFE),

IRD 5 DOREX, 3XGERICET 20T, HERBROSHOZEEIZOWTOMNE
PEEH E D & < RV (BRI AUIE BB R W),

(FT2ROFEBEOIWCTL2DIMMHETH 2 Z L ZHEET %, )
3 2.

(1) f(z) E3RZHEK, o FZERE T2, KAZIELTER A B, C,D % [ ¥ aTEbE,
f(x)=A(x —a)’ + B(x —a)* + C(xr —a) + D.
(2) HASNF3RZHENX 25 4 ax? + br + c WL T, y=2—a &5 EHEHRT
P tar’+br+ce=y+py+q (2ROHEDIRWV)
EWVWIOTBIZEET 51213, a ¥ 5 ENF XV (Cardano i),
(FE%13 p. 233)

((p/3)® + (¢/2)? DFFESTROHRINHRK S Z & 2R T 51, MPTEDIZEIZE DH G E
OMEEETH 5, )
3. p g 2FEHEITILE, LD Z 2 ZERYE,

3 2
(USKﬁﬁﬁx@mm+q:0ﬁﬁﬁ&%3%@%%otwmm\@)+(@ < 0 AN
+5TH 3,

3 2
(m3%%&ﬁxﬂpﬁq=0ﬁ3£ﬁ%%ok®mm\@)+<9 <0 DREFHTH 5,

OR8] 6 (2) DIAMEIEREE TR %,
VA =-3-22[(p/3)> + (¢/2)?] & 2°+pz+q OHHIXTH 2,
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cﬂ3m§ﬁﬁx-Hm+q—o#kﬁ#owim%ﬁo0@@2mm@ﬁfﬁé)k®mm\
(g) +(g) >0 PRETHTH 5,

Bl 4. XB+Y3+ 28 -3XYZ=(X+Y+2)(X?+Y2+22-YZ—-7ZX - XY)=(X+Y +
-4+¢$t

)X +wY +0?2) (X +w?Y +wZ) pEFEXTHZ 2 2mtE, XL w:i= 5

T3,
RS9 5. p,qZ’Pé’é;&“C( ) +(2) S0 RWEETEE. P hprtq=0 OFERERD X,

(& z \/———l—\/ \/——— = =) — ZADINIIX Cardano DE

ERTHPEERDLES
EVh 3 v, 0,8 r=a+8 ZfHITE X

&auﬁ:_qﬁx>a5:_§ = PH4prtq=0 ($HD5 I3

MDD, o+ 3= —q, 3% = — <§>3 i3 o, f BT,

Fﬂe()ﬁ5f%muﬂ@2o®#@%ﬁ®;
(2)p & g D—BROBERBOHZEI. 22 +p2+q¢=0 DITXRTORERD K,

0.3.2 Bombelli

Bombelli (7 7 7 TV« RNV | Rafael Bombelli, 1526 4£ A % 1) 7 @ Bologna 12 T4 F 41,
157244 XY 7@ Rome I2TRT %) I3FH Algebra (1572 4F) OHFT 3G BEADOTETTD
e & aiH U7z,

23 = 152 + 4
YW AR (ZHUEERER H1E, RBEEEAWT 2 =4, -2+ /3 2f#lF %) 12 Cardano
DRRNEHEHT 2 L.

T = {’/2—1—\/—121—1—6/2—\/—121

PEHN 20, EEICET 2R EEAZEALL BT, Thn 4 1IZF LW, il ",
D%, ZLDOADPBEEE VT ICNEITD 3XGERZMET 5 L8 Ln, b it
T HLERTAAMRETH 2 2 & X TAtA S N7,
(mwmp1ﬁ WEHZETHE L TAT, Bombelli ZOWTIRERESTTH B KU, i
DMz Uiy & 5D LIARZBEDND %, Wikipedia I K % &, Klein [3], Smith [4] 251
77 I/‘/XGZ@ZPO’CL\%)O Algebra ® PDF 7 7 A A\DVY 7 b H 5, )

ReFnTH2Z257200e, ZOBEROVIHTIE. BHD 3 FBHRIMEI—RICHEELLVODOT, 4 1ZFL
WEWIET 5 Z iR AW, Mathematica T sd=Sqrt [-121]; x=(2+sd) "~ (1/3)+(2-5d)"(1/3) T 5 ¥
(Sqrt[-1211=11i TH D). x 1T 4 1T% %,
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0.3.3 de Moivre

de Moivre (7 77 —24 + K « €7 7/, Abraham de Moivre, 1667 &£ 7 Z > 2D Citry-le-
Francois {4 F 4, 1754 FH[E D London 1T T %) 1&. 1730 4FIC

—1 —1 -2 —
cosnr = cos" r — Msirﬁxcos”_%c + n(n=1(n—2)(n = 3) sinfzcos" Mt — -+
1-2 1-2-3-4
—1 -2
sinnz = nsinzcos™ 'z — n{n 7 2)(7; ) sin® xcos" B+ -

EWVWHIRAEE R, ZHUIVWDWSE R < EFTILORR (de Moivre DA
(0.2) cosnf +isinnf = (cosf + isinf)"

52281258, BREERW2 EHBLNIELR2E L REHTDH 5,

0.3.4 Euler

Euler 2§, Euler 2§, % Z 2o 300721 e 5Nz Euler (LA YL - F
A 2 —, Leonhard Euler, 1707 £ 2 4 A®D Basel I F 4., 1783 EHRER S 7 DY 7 b RT
VTN ZIZTET 5) 1E. Euler DRAR L FIIN S
e = cosf +isind

EWVWOFHLBERA TR AL, MERUTTER L,

FER B R R (BRER OB IR TUL, AR BERED 2 Z 030D %,
e =cos —isinh LB LIETSANBEDT

et 1 oif 0 _ it

cos = ——— sinf = :
2 21

BERIEREIRNC O W THREQERIZ A % &, de Moivre AR H LR E K 5,
BENBEIRIC OV TEFRF DD - 7205, Euler IS TH 2 Z 2R L (ZHIZD
WIS [5) 2 R &),
Euler I3FEMBEEBICOWTHBABEELRFEREZ LTV,

0.3.5 Gauss

Gauss (#'7 &, Johann Carl Friedrich Gauss, 1777 %4 A 30 H — 185542 H 23 H, BL K A
Y @ Brunswick I F 4, FHF A4 YD Gottingen IZTHET %) 13BZ O ROFHBEFEET
HA 5,

Gauss ETSH . RBFEDEXRTFEIBIZKD OV AIFW X 5725315, Gauss 132 DEEMNZ
aoak UCy ATETH A LA Z R U7, BRANCEERZ FER L ST, F2ERB T RAE
2R TR oD, X1 U LEDEREOERKZENAX, 1 RE 21T 2 ROKBIT o FE
N2 DEIBNER07Z5TH 5, (REFOEAEHIZ, BFATE PRI EOoEER

By 2 Ry 2V LARVWEET, tEULA2b LNOERA, BIFEHR (0.2) ZDDDIE. de Moivre
DEVZBDITEHH> TVRL, LD LTI,

141 jesez Euler, Liesez Euler, c’est notre maitre & tous. Laplace 23T o 72 L SN2 HHREE, TS
5. “Read Euler, read Euler, he is the master of us all” 72 % & 2

BEIZIE 77 Y ZANEREEEOFEAREHD Z ¥ % d’Alembert DEHE F5Z25THh 5, 72 Gauss DAEA

FEROEMETIFIA » ZFED S v e b, Gauss DANDHEZNFEFHL TWiz e, ZOFDiED 0L H S
AT,
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DERFHZIHERNIZ, P b —DODEFHOREFD (FiF. BEHEZADT, broY
n HOBEBBOREFFD, %)) eFEPNLD, HIEREEDRVE, TZEFTHRTE
20 )o

DR TIE. RBFEOEAEM D, EREAEGRZ WG ZET 5 (BAEGH D E# X
:—:1*—“6%5%

Gauss . ZEEE LTHRR LR o720, EHIEBRED DEFRSC. Cauchy OFEDEH, EAI
BAR D FEEEHAIREE R 2 R LFEF L TV T (FAK 6] @ TEEGaiE) (€D WWW
T A MER) 2R X)), 205 % 7MCTER LT & 25T (FSFBIEL, 8 Talgk, MeEErs
RO ERRY) 21778 57,

(Gauss OEHBIEGHICDOWTIX, FH [7] 25FE LV, )

FERTFMEIZ. Gauss FEE bMIIN 5, Gauss HHDFERK (1811 FFH) K D B SEiZ Wessel
(V' = v, Caspar Wessel, 1797 4F), Argand (7 /L4 >, Jean-Robert Argand, 1806 %) 23
HEELTWLEWVWIDBRIALNATVS, (FFEDHFTIX, the Argand plane, an Argand
diagram EWI DIFRE 27 —TH 3, )

Gauss lZBERICHBWTH, Gauss DL (a+ bi (a,b € Z) DIEOBDOZ L) ZEAL Tz,

0.3.6 Cauchy

Cauchy (27— —, Augustin Louis Cauchy, 178948 H 21 H — 185745 H23 H, 75 > X
D Paris IZAEF A, Sceaux I2TET 2) 13 ERIFESD OER. Cauchy DFEFEIEE. Cauchy
DFES L. Cauchy-Riemann DR ¥, ZOERTHEIEERI L DEZL BZHE LT,

Cauchy [ FERD DM—HRETRIEZER T 2 8BET, ZhLDfRICERELLE VWS 2

5 LW, Cauchy ZEBICE 5 WS ML EB VL2 OWTIE, M4 - B 8] 28814 3,

0.3.7 Abel, Jacobi

Abel (7 —~L, Niels Henrik Abel, 180248 A5 H —~ 18294E4 A6 H, / L'¥ = —® Frindde
WWEEN, /LY 2 —O Froland I2THE T %) I3EMBOMETHHEH/ATHHH (ZD#HFKRT
HENHEFLR), ¥EMABEEERE Jacobi (v 2 ¥, Carl Gustav Jacob Jacobi, 1804 4 12 A 10
H - 185142 A 18 H, B F 4 Y @ Potsdam IZAEF 4, FA YD Berlin I THET 3) LHiHT
% XD LT, MEMBEBIIERBER Y LTERIT 2 2 ToHREE WO AREDHS
D78 %, FEMBIEGE & 2 i < RBESBERIE. 19 HidBFZEoEL B EbIhTV 5,

0.3.8 Weierstrass, Riemann

Weierstrass (VA4 L)L 2 + 7 X, Karl Theodor Wilhelm Weierstrass, 1815-1897, ¥l F 4
@ Ostenfelde 12 F 4, Berlin I2 T3 %) [ IFEMBEIEGH, FAEUC X 2 iz, REEIEK
DOHERR ETEEREEDD 5,

Riemann (V) —<~ >, Georg Friedrich Bernhard Riemann, 1826 49 H 17 H — 1866 4 7 A 20
H, 3 KA Y D Breselenz IZAEFA., £ XY 7D Selasca IZTET %) &, B2 KReEEr
B2 RKEFEETHY, BAEGED 7E TlX, Cauchy-Riemann D BRI E TTIC U 7= B GH D%
A 2H GRS, Riemann HOMER ORI ¥ O¥ERED D 5 (=il [5]) BBEZITR D), ZHLSHC
. Riemann BA[FZNEELRFEMTDH 5,

fEFRERGE, RBEIEBGERDFZEIC OV TR, HHlE 5 X 2/AK DEMEERZ  ([6]) »F
BTHHD (FHOEeTHI 777550, REIZE > TENEGHALZ T TETLDITLW
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rEBbhd, xRFHOBERPRMESIZ L 02 EBECKOEE (B2 [9) e PfFdT 2 2
EEED 5,

0.3.9 E=EFH¥

B BIREEGR 222 A CTEBZEDHIETY 7AREREICE 5720 2 OEEEEDF TRV
RO TV BT 20770, H28REEYEE L. RDEHITE> T\,

(a) ZNIEVFTEHIBRZZIIANS Z LIFHRZ W (HIEBUIMEFTIED 2208, BTHHL
T, HIBBE VB8 MED W0,

(b) BFHFIIZE S LTHBERBDPBET, MHFEE L L TRERBERZ I ANI %215
QAN

BEIZHRT 2 &, A (WHEHACHELLRVOT) ZOERES U & OEK - S HRZ
W, BEDEDICEVWTBLRETH B,

1 ERBOERCEOME

BRBOER. WAL BRI, FHR BER n iR LW R XU EX—-FREEE T 5,
(BHFEFROBFAIN A7) BEELH T 2H0E TRV Bbdh, Bk /NG
#o TWD =R [10] [FHBRE S Fid 2028 LRV,

1.1 B TE-l-C%zirhiER3
(—EESELROTRROBRELESICBVT, ZZoTBEHEZS, )

BRBUIERB S THD - 7213F (?) ROEITE, BRBFEOHABFIIEZbA L LER
BENTHSELEEWIIWV, TH, TR ENZEZILVLTALD,

i? = —1 72 28 (BEESL the imaginary unit) i Z8A L. a+bi (a & bIFELK) &F
28 % BEE (a complex number) ¥ W19,

a+0i WXHIZ a, 04+ bi WEHIZ bi, a+ 1 1EHIZ a4+i &EFELZ8ICT 5, 04+0i 10,0+ 14
Fi, 14001 eFEL kTR,

ZLT

(a+bi)+ (c+di) = (a+c)+ (b+ d)i,
(a+bi) - (c+di) = (ac — bd) + (ad + bc)i

THEEEED S,

DI EGERR XS0, i 22 T22HEA LTEHEL, BT 2 »ENEZS -1 T
BEZZ, LWIOIAL—LTHETZ RV (AUHERIMESLNS),

a+i0 % a 2ELL e, ERERDIR OV, TF—H) LTWwWbZrilksd, —DODHE
BERBRE LTRLZDDIRDT 20, HEBE LTELEDDIIZDT2DL, MHRIE
FCIZ7 5 DT, FETETHRW,

F5F22 RCC Aaitd, HOFGHEZER» IR L2 ITHR 5,

BZolh OXFEEZENERT, —K [10] ZFHAL L. BFN¥OZeHENTH o, —MEEDETIY
TEEBPMEDLNZ L FEEL L EZTVWE X7,
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DLEDERBEETOERETDH 205, D VWIIRT, ERLIEF VIV (FVTnT
b KB DEN),
FHAL LLERIZ. KHATERSZLIZT 5,

Rk 1.1 (BBBEUZRIES) BEHEAMBMHEEEO XTI i cFrN 205, Bk i &
FELWIHTIE ] eEFErNLD T 5, JIS (HATERR) Tld. #HRZIIACLTi H5
Wi j eELZLICESTWS (25 THD),

RRDRRTH DD, 07 I V7 SiED Mathematica Tld. BEENZ I THRIT, £
72 MATLAB T3 i, j OB ERHHMEZR L, i ® j 2EBHBE LTHWTER 2 EE
HDYTHGED 11 R 15 FBEHMAERT, =

BEBO2EEZ C eEL, C={a+bi|a,beR}

FRHTROVEBED Z & ZEH (an imaginary number) &R, DF D EB X, a + bi
(a,bER,b#0) EHFEITZHDZEWVWI,

a=00Dt %, PEM (a purely imaginary number) EFERZ & 235 517, Z DFEFRTIIA
R WD BEEIIMEDRN T L ITT 5o

BEBOERL 2, w, ( BREDXFETREIND I LDZ WV (CFE—X, FhiFVz—&E
FLL)o

z=zx+iy (z,y € R) TN LT 2,y ZZNELN 2 DEER (the real part), BEEHP (the imaginary
part) PR, Rez, Imz T&T:

r=Rez, y=Imz.
(BRI FAYXXFZHAWT, Rz, Sz B VWD, REEHEVMEONLRI KR oTETNEE, )

R 1.2 (R8P - BBERINXFEDEBIE) » OEI - BIE, FhPh o,y TRIBETH S
P, w DI - FEE, FhPhou, v TRLU, ¢ OFEH - B, 2hzh ¢ n TR

z=x+1y, w=u-+iv, (=E-+inm
Bl132=1-2i DL E, Rez=11Imz=-2 RDESZdbEI 3,
Re(1—-2i) =1, Im(l—2i)=—-2m

IEDHAITTIZ 0 = 0+ 04, /IEDH[ITIX 1 =1+ 0i TH %,
BRI, 0 TRWVEREOHTEIE SRS, 2 =0 +iy #0 (zv,y € R) I LT, GRIEI
B3 2) WtERD IS, w D 2z OWILL X

2w =1

Zii7zT eV I, w=u+iv (u,v eR) B, (z+iy)(u+iv) =11

rxu—yv =1
v+ yu =0
522, 0=0+0 IIMBEHTH D, 2OBEHTERN, WS 22 IiZk? (EAMCIZEEE PEL KL
%) a=022Db#0 DHETHBER LR, LT 20ED D20 (FEDOEROEF I OHRETIEZO X
ICHIHINT VWS L 57, EBRICIE (RILZRVWOT?) b Tuwink 572, MEHY WS SEIHD
NZGEE. b=0 DFEHADT (DFD a=0 DI NE720T) MEREHATNVE X5 TH S, iz
1 TELZRITHNDEEMHEIE TR THERTH 5,1 VWO EHTIE, 0 PMERTHZ 2 Z2REL TV 5,
ISR, (REF) 13, 2505 A Y X FOHABEMNHREE A DD L EDEED S KFETHZRL Ko
7ok 5T, (BR) 2505 2 dHoT, FLDFAEDPFEFBEOHELKDHAZTZTEHH L TNS I LIZTDWNT
. FABLET,

17



EWVWSHEN I XGEREFETH 2, ZDOHEROMIZ
z Y

$2+y2’ U__a:2+y2
THb, WRIT 2 DMIC w T—EANFEL T

w = —1
x2+y2 I2+y2

TH b,
7. 2OZeZ2EID K,

HTTE e TEL,

) 1 T — 1y
+ 0 YeR) = — = .

fER CXRI#RICR 2, C O Z & ZEREBE L TR,

BRE 2, B n LT, 2" EEREFIT &5 EF]T 5,
fl 8. i" (neZ) ZRd X,
M 9. (1+49)%° 2K X,

1.2 CDE»ALLEES
C ZERT D HFKNED 2 H 22, FAOBEDHIE Hamilton DHETH 2 (kDWW
DN O FIRHGR LB L . PAETH 5),

Hamilton &3 C DEHE R?2 = {(z,9) | 2,y € R} IZ2O2WVWTE, FRZ MLDESL LT
BECIEZERLTH 20 (ZhLANCH, ZA T —F5, NHE, /LR EEERLTH 50,
Z ZIWZHTZTRD XD ICRIERERT %,

(1.1) (a,b) - (c,d) = (ac — bd, ad + be).

f } ™
88 1.4 R2 13, Ik

(a,b) + (¢,d) = (a+¢,b+d)
. (1.1) TEFDREIC K- T, AR 25, IMEDHAITIX (0,0), FIEDHEAITIX
(1,0) Ty (z,y) # (0,0) DFEIEEAT 2H7C (z,y) " &

-1 _ x -y
($7y) - <x2+y2’x2+y2>'
N J
AR A KD R DD Z e 2R T 57210, =

Yn BERBZSIE 2" En D 2 Off, 20 =1 (0° ZERLEVI L DB EH, BRI D an2" &Y, 2°
n=0

BPER : OB EZ 22 E1F, 2 =0 FTADT 0 =1 2T 200%M#), n VADEBOHEZ., 2 #0112
LT n= L
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B9 10. 2O Z & &R,

AR 1.5 (RO, IEFEDORIE) L WIENERSNLES K V. K (FIHRME, field) %
R eE. DURD (1)~(9) DD Z e 2 WS (MHEZDOWTHHHETH D, BLZRNT
FIEIZOWTHHREETH D EERIZ w72 F),

(1) (Va,b,ce K) (a+b)+c=a+(b+c)

(2) (0x e K) (Vae K) a+0x=0x+a=a

3) (Vae K) (3d' € K) a+d =d +a=0g

4) Va,beK) a+b=b+a

(5) (Va,b,c € K) (ab)e = a(be)

(6) (g € K) Vae K) alxk=1ga=a

(7) (Va € K\ {0x}) Ba" € K) aa"=d"a=1g

(8) (Va,b,c € K) (a+b)c=ac+bc, a(b+ c) = ab+ ac
(9) (Va,be K) ab=ba

((2) DD L &, 0k F—BINCEEZE DT T3, (3) D 0x lFZD 0 DIk
ZIT, ZTHIX 1 OWTHFEETH 2, C TRERINEDHNITE 0 1TEHD 0 THDhH., F
FEDOHNIT 1 (EFED 1 TH 53, )

AHBEROES Q, RBEROES R BAMATH 2, Q & RIFAMHYATH 5721 T
L NEFREONE (KTh b, 2IEFEETH D, HFBERMADINE - RIKLWILT 2) %
o, $7%4&bDb

(1) Va,be K) (a<bVb<a) (EE®D2ICIXLLBATHE)
(2) (Va,b € K) (a<bAb<a= a=D)

(3) (Va,b,c€ K) (a<bAb<c=a<c)

(4) (Va,b,c€ K) (a<b=a+c<b+c)

(5) (Va,be K) (0<aAn0<b=0< ab)

DD LD, —F. C BIEFRAETIER Y, =

SEFTR Do WBFEED 2D o TWizn, & [11] EICA -7, HBEH DA
RN 2 LoD EIZFATHLES EWVWHBE T, Hamilton 1T &2 ERDPENTIN
TWho — 322 2BEDOLET (v FT7 27 AAHE), FLERDOANZRDITSL
DRV (25 HIERDTHTD T ),

BEBEPERTE200, FALSNDORD HIZOWTHHEICHEMN L TE L,

VHAMFRDPREBICH > TWAFHFETH %, http://mathsoc. jp/publication/tushin/backnumber.
html
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TZRAVWTESR T2 > Twiud

@'j) (a,b € R)

DEARE L TCEZERTLIZILDHEKRS, 1 2 i BT E2DIE. ZhLFh
I::<1 O>, l]::<0 —1>
0 1 1 0

TH D FEDPIC J? = I DK DILD, FTe e ITHIBT 2 DI, [FlfRZ R 5175 <

sinfl cosf

cos —sin9>
TH b,

ZIEAROBRBE LTEERE BEE¥AT, B AT 7L EH > TWIUE, KD LI
ERT DKL, ERBEZEAOLEROR IR Rlz] 2. ZOMKA T 7L TH 5
(22 41) TEl> TE- 72 RIREE Rz] /(22 +1) 2 LT C 2ERT %, AL T 7ML BER
RIZTEYRTH 2, L WO ERNREHEDNH 2 DT, C IR THZ 2B 0h b, ZD
D HIEEEFLERIMOEEBOERDOHENL L S22 bRV, ZOHEHTHMA L3 DDR
DHDIH, —HBEMHZLDE (201D LD) LWVWIDIEIHERTH S, LrL, BeA
T 7OV TEIERDHIUE, FOERWHLTATAHLL,

R 1.6 Hamilton (William Rowan Hamilton, 1805 4E7 A /L' > K @ Dublin {24 41, 1865
LIFAT S n

fE Dublin IZTHE T %) 1&. NIV b > OMETEE (the skew field of Hamilton quaternions) &
WA 2 JER] A
H:={a+bi+cj+dk|a,bcdecR}

ZRE LU (18434), 22T, j, k&
PP=2 =k =ijk=—-1

iz THTHZ (Zhh b ij = —ji=k, jk=—kj =i, ki=—ik=j 2%E»rN3), HD
Tt % T (a (Jilfazgr;lfoil) EIER,

H (&, AHAOMED S B (1)-(8) 1difi7=3 75, (9) Sk nizn, KT,
FERTHUR L M XN B

H O ZHEKRICOWTE, THETOD XS RED E RS, RECEBEIIRL D 3272720,
FRR. 22 = —1 0D £1 LAMTHFET 5 (2 = £, £k))s

Gibbs % Heaviside 12 & 32X FIUENTICH > TR O SN 5 T, PAITEIKIE 3 KITHZEIC
bRAMHEIN TV, 9 TH 3R EMOEEEzR LD T 2difibh s,

PUTEIC OV T, I8 [12], 58 [13] DSFEL W,

(T2 LAt T RBEEE ) [14] WO DBFEEICR -T2 01), 7F—2aiflibi
% - T Hamilton 24 5K L 50072, )m

1.3 FOfth: IEFs L EhEk
FHERDES RIXIKTH 2720 THL, JBEF#EZR>T5, ROMEIFERWTH 5,

(i) Va,b,ceR)a>b=a+c>b+c
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(ii) (Va,b,ceR)a>bhDc>0= ac>bc

BEBIH LT, 20X BHEZEOIERFIEERTERVW I RIS NTWS,
—H T 28 2, w DR d(z,w) Z d(z,w) = |z —w| EERHK S,

P [ Bk
O (AIHAIC 72 2) | X (EFEHKIZ2 B 70) | O (d(z,w) = |2 — w))

& 1. BREUA C DRHESE (7)

COXSICHEHEEDSEE, CIITMTHE L 2R TIHEAT S (ZHUIET 2T RO
FARMECRICTH %), 2FEFEZMNORE TBEEMN ) C. R ZAHYRDDOEFA T, Hifto
RN Z T, CHHLD, GERE=EGETH 20 6) C BRIEFERE WS & 2 A 72T
T, ERATELERW,

1.4 EXRFM@

(ZHUIZETIE. C, R? 2F VT, FHORZHIWT, 6L, K bWV, HEDEAL
LLFEI RV RWL, )

R ZEME AZED ((HER ) X512 R 2 VPHE ARE 5 ( TEEFHED) ) 2 23
LR K K FTo TV B33 TH 5,

ROFDHEE: FHEIZ, FEEFERZLICTEZ—ODEM O 2, O ZEDAWVWERT
% 2 ODMEIEHN v B, y WHZHD, BORI 2RO, R2P={(z,y) |z €R, ye R} D
BEE (a,b) IR LUT, o PEIEED a, y BIED b TH R mENEXE2 2T, FH LELOKE
2 DEZD—H—WIEHRESND, ZDL =R ZEEREHRLIERDTH > 7=,

(RGID EH | OBFENERIIMP? L EZTAD L, TOimmEERPEBIE L IEE 20
NGB, BEEHNZIZX, R2 ZOB DR FEHEERTAILICRDIES D, )

= {z+vyi|zeR, yeR} &R = {(z,y) |r e R, y e R} ORITIE. HARZEHGH
0: C >R p(x+yi) = (z,y) PFETE2DT, C dbFHIEALRTIEIHKS,

Dt E C 2EFRTE (EHRBCFEMHE, the complex plane) & % WA W XFM@E (the Gauss
plane), 7L >VFM@E (the Argand plane, FHIREDHEZB R Z KR L72d DIX an Argand
diagram) & L3,

R?* OEGEWT x fl, y B A HIZ, SR8 (the real axis), EE#H (the imaginary axis) &
/XO

£ 1.7 (ERF@E vs. ERHTFME) FRICK > T, HADOEKOBIZOHFIETIX, EE
il T MEFERCOFHE) CWIREERES 221tk TWna,
—k [15] &, MEFREFHE WS &L kT

Tl TERTFHE) WO A, ZOEIE. 2 00BEER ¢ n O TRE SIS (54
RILD) EEDERICH b 5. ZOHTWAIR, ERECPHEIX 1 KT T8
REMR) THL. KHlT 272D ZORTIE HERBEFRD 205 Z2ild 5.

EWEZDOITTNS
KA WEETIZ “Komplexe Ebene”, “Komplexe Zahlenebene”, “Gauf3sche Ebene” “Gauflsche
Zahlenebene” 72 A S Z 5 TH 503 (Zahl X H 2K F A VEETT), EFETIX “complex
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plane” & “complex number plane” D HIRFIX, FEFEIANCHTE D EW (B LIC Google TN
725 10081 K BW\WiEoT2), ZOHWHLHARDKEZOEFD T F R Tl TR &M
I HDMVEN, REPEDEEDL STV DIEA D b,

(2024/9 3830) &F [16] @ p. 3 OMIEIC. FEREEHOUGENITEOb 2L H#H > T\ 5,
Yitf 272 NIZFATAEL 5. =

1.5 FAHIR
ceCITHLT, 22=cZhi/zd 2 € C %Z c DFHIR (a square root of c) & M5,

RDOEFNTRT & 512, EEOERM c LT, c DFITWROBFEEL. (PHERTE - 72)
FFEEHKD / EHWTRTZ kK2,

Knné 1.8 (BEHMOFELIR) (EEOHERBI VIR 2>, TROBMEED ceC &J‘TL\
T, 2=c%2ffilcd 2 e CHFET %, c=0 DFEEFLZE—D2=0DH&A, c£0 D
BlEB I8 0ohh, ZNHEHWIHMD - 115TH 2, EEc=a+Bi (o, ER) &
THEE

(VT ) o
(1.2) z = (B=0%5 a>0)
+/—ai (=052 a<0).
\_ J

(1.2) ofFHRENZ / OFE /a2 +52+a BIFAFEBTHZ I 2ERELTBI 5,
BEBR (REDPRAHDA) z=a+yi (r,yeR) B, 22=clE(z+yi)?=a+pi. Z
D D FEERRE TR 2 Lhig U Tz 723K

(1.3) % — y2 =a, 2zy=7p

EX, ZhZ2BFIIRV, =
MR DIEDK (1.2) 2HZ 2623, FHIRZERE T 2BENETL 6. ZOHE
(x+yi)> =a+pi M 2D 5,

Bl 1.9 22 =1+ 2 TERE 2 2RD X,
(f#) z=x+1y (r,yeR) B, 22=22 -y + 20yt THEDH

P2=14+i & 2*—y*=1A20y=1
1 .
2y =1 &b, y=5- Iz 22 —y* =1 1MRALT
4ot —42* — 1 =0.

rERTHEHNS 12>0THDILITHEET 2L
o _2+VP2HA_242/2 1442
. .

T
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In 5

1 2 1 22 — 2
2z 2v/2v/2 + 2 2/2+2 2

U 2y #ETROERETANCAIECTSH S, W
<¢m6+2 V%@—2>
5 —+ 5 7] ..

z=x+yi ==

K% 110 (ESFIE - WSEE) (WEFAIE | (EEBEE LV SRS 5.
(a£b)ctd) (HEIHE)

S
(a+b)(c+d),(a—>b)(c+d),(a+b)(c—d),(a—0b)(c—d)
D4DZFERLTWT,
(atb)(cFd) (E=IFIE)
S
(a+b)(c—d),(a—0b)(c+d)
D2DEERT D LD, £I2VIRDOTHL, IZDEHEZ, BRTHFAZMIML TS L
FWCHA, TRy, FRECH > T 5 TO5VIDoTHRETHDH LD ? LW
I DB > Ty NTHREIT 2., #HEFIAIX, double sign in same order & %> double
sign correspond W5, L WIHFHANH TR D §2 008, FEHD 400 2> TWaB L.
o TWVWB NITHAADZ WD, 5—A. BroELW,
B DFFERBUTOWTIE, FAXFERD S
IR BAE WRER, RORIR A Z B WEZE AT SRR SR, B - fnoafest,
SRR (1979/7/16, ¥Rk 2016/2/25) [17], https://elib.maruzen.co. jp/elib/
html/Viewer/Id/3000033529

DBWMFHITIZ o TV R ITFhE. 2R TEESREIE] 138> TWwisn,

(%> b Tl double sign correspond I FESEREZEDPEIAETVWADLT, T2—o-
(BRATEIRDALAD??27?) lhofeh, ThEeEEE LT ANT, HEG) &h 18
=1 EELANDBZV, EBOGEEIL, 5 7255, )n

B 11. (1.3) 283, (VP2 =8 THBZLITHEEL LS, )
M 12. —1 OFEFRZRD X,
13, i OFHIRERD X

PERMEDOER (BEE) FHHOFHRIIOWTIE, TERTRD Z L BEAEY, ceRIC
WML Tal=cZli/23 2 eRDPEFEETE-DE,. ¢c>0THLEIehRE+DTHD, #
DEE x>0 Zikd v FFADFEAR) 3772 12T, 21 Ve e RTENHRT 2, ¢c=0
THIUX, ¢ DFFIRIFZ 0 DAT, Je=0. c>0THIUE, /c>0ThHbH, ¢ DFFIRIZE
Ve & —/c D2D MEED c1,00 > 0 1AL T

\/0_1\/0—22 vV C1C2
DI D LD,
Fl:ﬂ 14. C1,Co Z 0 tj‘% Z g‘\ 4/C1C2 = \/a\/C_Q 7Z7§B‘ZDEZOZ t%fj——\“ﬁ_o
Rz ARRTEBEENREZ I LRV TT I E R (),
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SRBEDEYE AT BEOFEB cITHL T, Vei=—ci EEBRLED BIZE V1=,
V=3=1+31). ZOHFBETE. TOBRIFHALRLVILIZT 3%,

RERTRALR VIEAFEH EWSEESIIEVEIT 3D
BRTZREALR VA CWSESIIED R LICEDLL,

B 15. BDOEE c 1T LT, e & o= /—ci TERLZEGA. Jac = Ja/e DD
SRV ED D B B,

BERBEERTIE Ve ZESERTID >0 OHEE. FRCHODRWIRD, /e WS
X, TRETHED (FERBEELLRD) ¢ DIFEDFEHIRERTONEETH %2,

c B—EDEZHRE (0 A LDFETIFIRVEZTE) OHEIIE. Ve DERIX. 2Dk 2iZhko
TWVWAMBEIZICCTRO 2D E@ETH 5, —RIBRERITIRN,

FLVWZ IR THEE V2 2R 2 ZICHAT 2, 505 BIC—F/2T | By LTHE
MTHDE51CT %, (CBETHFIIETERN, Frizid PERE 1 OFER, Z IR
TR E R XE 2 D, )

HEHELTHI 12, FIZIERDZ BB TN, c D220HZFEHIBDIH, —FH% S
FVIL—ILTEAT, Zhz e &RTZEIZLT,

ORI T % X D IR W FRERD D),
c> 0 TRVWEEIZ e EWIREDHTRESL, E50VIEKR,, FELRLSTUIRLR
o BLRARIGEND B,

(a) Ve T c DFHRDIBEDRED—D% (IHDNL—NZZDE ZROT) KT
(b) Ve T cDFEABDIBbDELE L0 %RT (5 5 TH 2 0EEHZL—MIIRDIZWD)
(¢) Ve T e DFHIROM G Z2RT

Bz V31X V3i b LRV, —V3i b LWL, £V/3 O A EIELTWE 0
LA, TESRETH S,

R 1.11 (FARD 1 2B9hniE. FHRLEH DD B, ) HEB ¢, T LT. (D
DEFIRE B, ¢ DFEFIRIX +( TH 3,

C=c=>[VzeC)(FP=ce2==x()].

B c=0 7251 c DFEHRIF 0T RDT, (=0THH., £ =0 ZHEDPIC ¢ DFH
WOITXTTH 3,

cA£0 BB c DFARIE2OH2, ZL T, ZOHHED1OHB( THH, 35 1ODF
JtRIE -~ THB, WXIZ L E c DIEFRDOIRTTH S, =

c DIFEFFRD £ TH2 ik, BEOGLEEHZIZ

{zE(C}ZQZC}:{C,—C}

2z 0%, BHROMELHSZ T, [V=1%iET) X5 2ARIELIEDB VS,

2 [ESE] 2 WVI DI, DRICESIE LIRSV, KEDBEIZZESIE, LWL SVWDOEKTH 3,
NIy s IV IEEOGEE. 22D F o TVLNRVDT, 2z :=/|z[eA82)/2 v ED 2 Z e HE V&
STHDH. ZHIBFEFELIINNDFETH 5,
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DEIIHIT B,
RRkICIR 203, TERXOBE WS BHEIR, ZBALHIAT 00BN EH LWV, BEEY 75

V—DE ) — M ERENALTEL,

https://m-katsurada.sakura.ne.jp/literacy/set.pdf#page=8

5 3.16
2 XABROMONKTE, / & £ Z2FoT L/ LWVWIETEHIAZDT, YOER

PEHALTOIRELANEERT. L5oTHDLRVWTHA D,

e
% 1.12 (EERKD 2 REEXOIR) WEFHD 2 058K 022+ bz +c =0 (a,b,c € C,
0 #0) F. HEROEEAT 2 > OME -, 21513

—b+ Vb — 4dac
z = )
2a

ZZT Vb —dac iF ? — dac DFFBOERD 122K T T2 2205558, €556

ZEATH, 2 FAILDDERT ZLITRDB),
D=0 —4ac 35X, D#0%52D D=07%561F12 (FER), y

N
SERR  SERE D 2 KGRk Rk
B b? — dac

b 2
240 = — ) =
az"+bz+c=0«< Z+2a 12

2 2 b2_4 2
(W) _ 4a2ac THome, Wil 3Vl pPHRTH S, F 111 H5
b Vb2 —4 b+ Vb2 -4
a22+bz+c:0©z+2—:i2—ac©z: 5 ac..
a a a

FORERRIZFEHETH 205, HA TR LR ZAHALTARIWV, Wi L
b\%2 b —dac b b? — 4ac
2 _ _ _
az +bz+00@(z+%> = i Sz %fi 1

L L72R. mROED = i—“‘é:f”c vhrevEq e, RETTIN?2 2WVWIHIYya3Ik
7)) —XF B ANDBZWN, fEDIC
b? — 4dac B _\/b2 — 4dac

10?2 — dac B Vb? — 4dac .
4a2 2a 4a2 2a

DEBLNTHDBH, a, b, c BFEBERSBNGEIZ, Eb6THE0%E 5 DIFEI & HEE

THb,

2 b —dac .. .. .
- = — WHERT %, FhHElelTo e
a 4a? 9
9 2b b*> — dac
az"+bz+c=al|llx+— ] — 5
a 4a

(o) (]

RUSERR  (57k) 79

=a Z"—% 2%
b Vb? — 4dac b Vb? — 4dac
—alzt ot |2+ - T— ).
2a 2a 2a 2a
. —20+ Vb2 -4
WZIZ a2’ +bz+c=0< 2= 5 ac
a
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AR ZOMHERERED L 22 (ERBDOGER) Bbob D, HERMDHEITZD
FFEEHT 5, Taz? +bz+c2=0 OED o, B 2BIR, a2’ +brx+c=alz—a)(z— ). D
%J—.EEH¢:¥)7;OVCL\E)O |

1.6 HREEH

ERIRN

z=x+yi(r,y ER)IINLT, v—yi & 2 OHIZERE (the complex conjugate of z) &
WU,z TR,

FREX 113 (M%) IFRIFETF) THE) oAk TR 2 FHuie, T (K ') s
5] EWOBKRTHZeD ( T{UZFLI HF. BREDODKBRZFZHCBE, FH, 1 UK
WESBRICHW A RKRBEOBIRIRETH L — V4 XFRT 4 7)o TH) DHHEFICASRD -
Jeiewd, THHE) % THEE ) CREAT IR o725 TH5, m

EED z,w e CITH LT, URPBWMILT %,
HIGE RO HBRERBUITTOEZRLT D 5,

2|

= Z.

2ODERBOM, 7=, . BOHRRERLI, 22 IRERE O, £ B BTH 5,

i 16. 25 ZHEDD X
z=z+iy (z,yeR) ETDLE Z=x—iy THE0H

24z Z—7Z
(1.4) T=—p, Y=
FWZ 5L

Z+z zZ—Z
(1.5) Rez = 5 Imz = 5
N WY I P =

(VzeC) (z=2z < z€R).

(14) &b, 2 Ly ZE-TEREZBDIE, 2 & 7 2HRIREL L h9D 5,
M 17. ERFHNOEEDERI. % acC\{0},yeR ZHWT
az+az+v=0

YRED IR, (BROM19 bRTAZZL, )

26



R 1.14 1 DOEFHOZEE 2 1OV TOHERE, AREGPLEERICRD ZEHRZ WV (1
RABER az+0=0,2XFBRX a2 +bz+c=0ZBOHLTALD), 2 DFEEL - BH 2, y
TEXUZTEZATH, (FE e EET) 200 GEAER) 122206, 2 #ifioHs
RZ2RDBMBICE > T, EWOIBRAETE 5, HIBFUIOWTOHEXDER (HRES)
ERIDIIHBEEAS?
17 oI
Re(2az+7) =0

rETLE, —RLTEBRIOWTOHBERTH 20, REMNCHER 2, y IZOVWTD1OD
HBERTHSE, 525755, n

1.6.1 HEFEHBIERDIR

RDMEIZ n =2 DHAEF. ERE2 ZTERXDORORADN LTS 0H 20, n=3 DL
XA FE TR AHEINIMETH 5%, Tax® +b2? +cx +d =0 (a,b,c,d 1TFEE) 5
r=a+18 (o, FFER) ZRICEFETE, z=a—if DMTHEZ 2Rt &d

W 115 neN, f(z) =ap"+a 2" 1+ +a, €ER[Z],ceC, fle)=0 T 5L X,
f(e)=0. 372bb 'EFRBZEADD 2E8FZ MR T2 %2, ZOHEERBHIRT
b5 o

SR a; BEBTHI0S, Gj=a; THZILIHFET S, FED 2 e CIIMLT

f(z)=apz"+ a1z '+ +a,_ 12+ a,
= 2" + a2 N4+ Ty iz + Oy
=" +m G 2t
=ayz" + 7"+ a1z +a,
=f(®)

THBM5. flo)=f@). WRIZ flo)=0%5Ef@) =flc)=0=0TdH%, m
KM ERORD DICERBEER f(2) = 2 (P(2),Q(2) € R[2]) TH. f(2) = [ ()

DI D LD,

f 18. LoOmBEIXEREEETERBLTEDIID, DFD, ¢ f(z) D m BIRAESIX ¢ d
f(2) DmERTH2, ZOZZitlAE X, (¢ 23 f(z) D m BIRTHE2 05 %S
RoTATRI D, LWHRHETH 2, EREDE FICRAEZIEH 2133 T, 2hz vt
BAUIMRR S 5137, )

1.7 $ExfE

BREEOMMEZEAL L5,
z=x+iy (r,y € R) WX LT, 2 O#ERE (the absolute value of z, the modulus of z, the

magnitute of z) |z| %
|z| = |z 4+ iy| = /a? + 2
TEDD, THIR? OERE (z,y) DEX (/VL)TH b,

BESLLKDRAKICZZTINE, HEFREE ko & 1 FEMHFIC 2 ERTZOFLZ LIS L LT,
BRZEo T, [RAR. BORKDPSHLNL R0 ERDOWT, BIZLEZ DD D,
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RiZTSah 5 (EERFEHLEOMHFNTASZ LRV,

APS)

DD LD, EBE 27 = (x4 yi)(z — yi) = 22 — y?i2 = 22 4+ y® = |2,

R 1.16 LFEEOXEZHDTHL & ZZ, THME) DSRBEIZR 5726, “absolute value” %
5 DRV, BTHTEKS “the maximum modulus principle” @ X 512, modulus % FW
72HEED D % DT, modulus 2HEIMEZ R T Z & HRZATEL DOBRL,

magnitude & W95 FEIFMEBCTHALH, [REX ] L THRIRNZIHFETH S, Fcow
TZOEENFEDONZGEIX. HXMEZEKRT 2, BEGHO 7 F X FTEM (2o, Ei
Rz D7) TH B0 RWIRDOBRICIL DD, ¥Ialb—2ary Y7 bD MATLAB @
HAGE~ =2 7L Tld, BREITOWT (HEXHEZEK S %) magnitude Z#EHT 2205 b
YTERFERE LTEKRO D ROV > TLE -2 TW5S) DEEEMRD -7z =

RK11T 2= 2 b, 2£0 DL E % = é - ﬁ B EEAETENTH B I
z

\G@&E%*@amu SRS TIZ Z I 20M. HBHIEY) LWERHES L o 50
HbH, m

B 19, METHNOEEOME. 55 ccC R, f < |2 #RAWT
2Z—cz—cz+ =0

LRED Z L ERE,

a N
8 1.18 HREEDHMaXHEIIN L TR D LD,
(i) || > 0. F5 < z=0.
(i) |z +w| < |2 + Jw|. (EAFRERX, AFRERXL L LITIEN 5, )
(iii) [zw| = 2] Jw|. (% |i|)
|w|
N )

SEEA a4 bi € C OHEHELIE. (a,0) e RZDREX (VL) THEZeD b, (i) & (ii) 1FK
D CEHEAS 5 E D72,
(ili) Z7R9o z2=a+ib,w=c+id £ T2 L ZE, z2w=(ac—bd) + (ad+ bc)i THE2H 5
|zw| = |(ac — bd) + (ad + be)i
= /(ac — bd)? + (ad + bc)? = Va2c + V2d? + a2d? + 22 = /(a2 + b2) (2 + d?)
= Va2 + Ve + &

= [2] |w].

(BIFERR) REERONE 2z = |2)° ZRLTBVWEDT

|zw]? = 2wzw = 2wz W = 220w = |2 |w|* = (|2| |w])?.
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1.8 HEXREHEHO (FEIL)EA
z=x+yi (r,y € R) I LT
(1.6) e =expz:=e"(cosy+isiny)

EBOTHBEBES exp: C—» C 2 ERT %, (BRTERBEHVWTERLETH, 20
BREHE LTHEONEK (1.6) 2. ZITREREARKRLTiEmd %o )

(1.6) DHEAD e” 1F, FERE L TORBBIRTH %,

2 BEBDOGE., $2bE y=0(z=12) DHFEIX cosy+isiny=1THD0Nb, ¢ =e”.
D% D EFRER BRI IR DIRICR o TW 5,

faREAl

(17) etz — 7122
MEALT %0 FEBE 21 =21 +y1d, 20 =20 +1pi EBEL &

A2 = ™2 (cos(yy 4 yo) + isin(yr + ya2))

= e"e" [cos Y1 cos Yo — siny; sinys + 4 (sin y; cos Yo + cos y; sin ys)]

(&

= e"e™ (cosyy +isiny;) (cosys + isinys)

= e"le™2,

et =" = =1 THE2HD5H
(1.8) e #0, e*=—.
» DMEROGEEEZ LD, 2=i) (DER) DL X
(1.9) e = cosf +isind.

ZHUIE4 Euler DR TH 5, FFiC

(1.10) el =i, " =-1 e2i=—i &"=1 (KEH,I).
EYN
(1.11) cos = Ree, sinf =Ime™”.
B
e = cos —isinb
THEDH
i0 —if i —if
(1.12) cosf—= T Gng=C ¢
2 21
RDEMFFRZRNT, 2O —H#ITHZTHE L LRV,
; — ., 1
(1.13) =1 ==

BRI OMEHEIC DWW TIX, [e?| = |e*] - |cosy + isiny| = e¥\/cos?y + sin®y = e* T
HENH

(1.14) e*| = efe”.
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ERIB DG DIEEIER] a™ = (a)! DEBIEEEABADILFRIZOWTIZRIRT 205, Kl
wEEY LT
e = ()" (neZ, zeC)

DD LD, n e N DHFEIX

z1tze+ o tzn 6Z1 zZ2 z

e e ...e”

HHAATE 22, (1.8) ZHVE Y, neZ OBEBMD DI LDBDD 5,

AR 1.19 ((®)" @ n ZBHICIRZIER) FZEBOL 213, (7)) =™ (HEWVWIED o & —fi
12 a ZIEOEE LT (a®)! = a™) LW HEEGERIS o 7253, ERBEEITH LTk, BEK
DREFELFELERLTOVRVWIEDH->T (24U §§4.2 TERT S), 250 IH0KXEEZ 3
DRV, BTHD S LI, BEROBERIIEROMEERD (2t VWD) HEXH
D, KBICZDLUTHEZ 2 DIXBHERDBER I TH S, ZOHBEDRAREIHAT 2 Z 13K
FRTHARERD TR > ThAL, &S TH5, )n

X 1.20 (e Id e D 2z FTTIFRW?) BT, 0> 0,2 e RIHLT, “a D xR a® D
ERIN, ZORHIRGE L LT, e bz, 22Tk, — KD a ITH LT o* ZEET
DT, & BERL. ROEDLS, Te D 2 ) Liihil-L kb, EBRIZE ST A
HZWH, I TODE NERSINLZDITTIERVDT, Z5HmODIEYTldzzuwn,
EWVWHEAND B,

§84.2 T, 0 THRWHEZBEM o, BB L ITH LT, @ ZERT I, ZHIHEIIZMTH
D, a=e, b=z DHFEIT, a® I FT 2D e* (ZRUEDRUT—) T HDTIERV, =

M 20. (MEFZH DEEWIE) e = (e")” (n € Z, z € C) IF D LDD ?
feRDEZE, z=1i £ LTXRADELND,
e = (e")".
Wz 5L
(1.15) cosnf +isinnf = (cosf + isinf)".

ZHUIE%7 de Moivre DR TH %,

[ 21. EEOEF 2 1T LT, BIFD (1)~(4) DD ILD T & ZRE,

(1) e* #£0, 6% =e* (QFEEDOneZITHLT, (e2)"=e" (3)ez=¢e" (4)|e*| =ele?
FI:E 22. >7\'0) : t %/—T_\"E-o

(1) EED 2 € CIIM LT, =1« 3k € Z) z = 2kmi.

(2) FED 2,w e CIZMNLT, & =e* & (Ik € Z) w =z + 2kmi.

B9 23.0=0Z 2 = 2r 31 5n o 31 o DY X2 ¥ DIEERD &,

y 9
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9 24. FED e RITHLT

DD ILD Z & ZHERE Ko

5l 1.21 cosb0, sinbd %, cosf & sinf DZFHAE L THRE (RLFIE—@ED TRV, Eh
1 DEDIFUTRW),
()
cos 50 + isin 560 = ¥ = (ei(’)5 = (cos @ + isinf)’
= 08’0 +5cos? - isinf + 10cos® @ - i?sin® 0 + 10 cos? 0 - i sin® 0 + 5cosf - i sin? 6 + i° sin® 6
= c0s’ 0 — 10cos® @sin® 0 + 5 cosOsin® 0 + i (5 cos? fsinf — 10 cos® Osin® 6 + sin® 6)
THH2NH

cos 50 = cos® § — 10 cos® sin® 0 + 5 cos O sin 6,

sin 56 = Hcos* Osinf — 10 cos® O sin® 6 + sin® H.m
B 25. cos30, sin30 % cosd, sin) DZIHADFIZER Y,

Bl 1.22 cos® 0 % coskf, sinkf (k =1,2,3,4,5) 2 2o THRE (LoHloFD LS5
ZLTAELD)
(FE)

¢ 4 i\ ° 1 i 40 —if 0 —2i0 0 —3i0 0 —4i0 i0
cos® § = (T) =33 (e“r” + 5ete 4 1030720 4+ 10230 4 5eile=40 4 =5 )
1 . . . . . .
— @ (6529 4 56319 + 10619 + 106—19 + 56—329 + 6—519)
1 1
=3 (2coshf +2-5cos30 +2-10cosf) = 16 (cos 58 + 5cos 30 + 10 cosh) .
(cos® 0 @D Fourier IR Z KDL LITHR-TWVWD, )=
FIZE D, FED 2 e CITHNLT

eiz + e—iz eiz _ e—iz
I — Smz = ———— (Z € C)

cosz = ,
2 ’ 21

DD LD (b 3).

1.9 #&RAZEC

BEBOBERICOVWTHHL LS5, (—STHHT % &) EEEE (IR FEHTO) MEERE
ZHWTRRLERTH %,
¥ 3 2 XTTHERRIC DOWTIEE L L5, EED (z,y) e R IZH LT

(1.16) (x,y) =r(cosf,sind), r>0, #cR

Zi7z 5 r, 0 DFEET 5o
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r & (z,y) AL OFFERE /22 +y2 TH D, 013 2 BIOIEDERD 2 & IRgEt[E D 12l - 72
AETH 2, 013 1 DIIZEF SRV, (z,y) # (0,0) DHFER. 2r OBBHEDEZFRNT
EF b, Thbb

(ricosby,rysiny) = (rocosby, rasinfy) < (ry=ro A (Ik € Z) 0 — 0y = 2km).
D EZERBITOVTEWIRA 2, KDL S51TK D, EED e CITHLT
(1.17) z=r(cosf+isinf), r>0, 6€R
7S r, 0 BFET 5. ERIEHEEEZHW2 &
(1.18) z=re?, r>0 0ecR

EbHET D,

rld 2z ERE DR 2| = /22 + 2 THD. 0 BFEHMOEDTHD oMo 7AETH %,
O IF1DICEEHRVD, 2 #0 DEFER, 2r DEBUIEDEZFRNTEE %,

0 DZ % z DIRA (an argument of 2) EFEL, argz € ERTF,

( MRADERIZ? ) Lilbo, 023 DIRATHZLE, z2=re r=|2[,0 cR %
W7z ThHb, )

(1.17) % (1.18) D LD IZ. z ZZ DHEIHE r IRA 0 THVWTR LA Z, » OBH (the
polar form of z) &3,

(EF 212 2 ofERIE, 2 ZWEBE TR LKz Thh, TEAZRkDZI V] &
WO R, EEMIBEEEZ RO LIV, W52 THb, )

0 DEENIHEFZL, 0<O0<2n®—-m7<0<71 DX, IED 2r OFBHXICRIUZ.
0 IF—BEMICHEZI NS, FIZ —m < 0 < 7 OFEIPATIEAY 0 . 2 DIRADI(E L LN,
Argz TR,

& 1.23 (Mathematica @ Arglz]) a> a2 —X—CTRADIHEEZ T2 &, AEINT
WA BB FEZ RS OREETH S (FIFHIH S 720, HIZ1E Mathematica 121 Argl] &
WS BBAD B

In[3]:= Arg[1]
Out[3]= @
In[4]:= Arg[I]

n
Qut[4]= —
2

In[s]:= Arg[-1]
Out[5]= 7t
In[6]:= Arg[-1]

b
Qut[6]l= - —
2

2: Mathematica D Arg[1 12k % 1,4, —1, —i DfE

BOBDORAD (—7 THRL) n THEZZLIFHLRBLTEL LRV, =
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Bl 1.24 Arg(1+1i) = %, Arg (1 —i) = —Z, Arg (—1414) = ??TW, Arg (-1 —1i) = —?%. ]

Bl 1.25 2= -1 —i OMIER, Argz 2K X,

2] = V=12 + (-1 = V2.

R 01
ef = = = L + iz
2l V2 V2
Zi/z T TH 5, [0,21) THEIRZRD 0 = Zﬂ', (—m, 7] TEIRS 0= —zﬂ'. (TRTHEZ

St 2 4o (n € Z) LT BB, MEARIGEL 1 SBUIAFREEOT, TRTH

CRENITRN, )
ot LT

z = ﬁei%ﬂ,
z = \/56”'%

PRONS (EE6BMEXTHD, EEH2EZATHIEHTDHS), RADTEIZ —7<0<n

230D THINH
3T
Argz = —I.l

R 1.26 (TRAMDEEZLTHBL) (L17) & (L1 DL LB MMEERE L THRDIZNE

CHESYTNYE, BHERNEED?HIE (1.17) IR A8 RB0Whd LW (2D 3EYTH

%), EWVIOIKDBLTWVDS, KIHNT 2 LI BREEVDEZ SRV, EZ D00,
14+ V3i OERERD X 25 B LT

2 > S > "/
—14+3i=2 (cos g + isin g) (FHEEDS cos, sin TE D | MUEATITZRW )

e, Tz=re? 2322 % 7 oM ERD X 1T LT
Z=r(cosf—isinf) (RIFHELVERED, WFENTIERN!)

EDEZDBNDHERENT, TRo7ekd) EBS5E A TLE, =

R 26. 1++/3i, 4, —1 OWFERERD X,

P27 c—re LFHLE, Z L % (F72L 2 £0 £ 3) O ERD, RAEL,

AR 1.27 (arctan TRAZRY) BFRK 2 =2 +iy (z,y € R) DfRMAIX, arctan (tan™!) %
FWTRT ZENTE D, L, ZLDTFRAMIH TV

)
arg z = arctan —
z

CWVWOH RIWEFEREDDLETH S, ZUE 7 OBEEOEZ BT 2551 ELVWIRT, A4

arg z = arctan y (mod 7)
T

DESCEINREDDTH B, TR L S1Z, A argz & “—H53” DEPLEILDT,
(mod 7) TEATITTH 3,
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tan~! DIFEMHE ((—7/2,7/2) NDMH) ZEKT 5 & LT,

([ tan! % (x>0 DHH)
tan~! % +7 (r<0,y>0DHA)
Argz = ¢ tan! % 21 (z<0,y<0 DHA)
g (=022 y>0)
\_g (=022 y<0)

DEDILD, TDEIIT, ¢ &y DIFSERTEHLED L TUET 2LEZ )N H5,

1.10 #EZXEHROEFOETR

FIZOWTIX, RZ PR EFRIBED SEATMEIR" L—I DR LD, TbbH 0, 2,
21 + 29, 20 IEFFHEH L CTHTIOEZ %3 (KIZ2HEMT 22 8),
2 oD OMEIL. EHICHBEROFICE DN S:

6291 i(01402)

r1 . 7“26192 = riree .

(7’1,7“2 ZO, 01,(92 cReITBHEE, 7’17”220, 91+92 GRT%%ZZG:?E\E?E;?\O )
N5 2DODEER 2 = r1e, 2 = 1y DFEITOWT, XL ILDZ 0D 5,

(a) 21, 2o DHOHMEDREIZ 2120 DHOIHE (2120 = |21] |22])
(b) 21, 2o DIRADFNE 21290 DI
1 OMIPVWEEEZ L TEL, (b) DFEFEE
arg(z129) = arg z; + arg 2o

PEEXLBED (ERICEDEIICENTHETFRA D HEH), WA arg 131208k
LTEZZDIFTIERVDT, ELWVWEIEFEZRWV, EXb3 212k, Bl Z21E2r OEELE-
FEZZ2BDEE—HTIZLWVWIHNEEZTI2XELD 2, ARRIEH > T iU

(1.19) arg(z122) = arg z; + arg zo  (mod 27)
ERBATZ DKL, BRN a=b (mod ¢) &

a=b (modc) < (Ine€Z)a—b=nc
CERIND, DFD (1.19) &

(In € Z) arg(z129) — (arg z; + arg z3) = 2nmw
EWVWSEIRTH 2,
AR 1.28 (RA%Z 2r DEHEORBVZERL TEZXZLIF. GERTREMNICE->TWBIZT)
ERDOEY: C DERET ZIESIELDL o TOWT IFERXK argz = —argz 1, Wil2s 2r O
BUEDENERONT T2 I Z2BHRLTWS, Mg, RAICOVWTOERZ, ZOEKT

EZB)1 EVOBANHICA o7z, BT 21T, AKIZ = (mod 27) TRINRZZILTH 5,
YWS e ThHb,

BEFNIIEBEE LS L ZICEAXINS 2220, BEICRSTAHINS,
2RGSO BOF C, BT 104 BT | 8 C 708 |, TSBNO78-4-410-80356-7
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f 28. Fff Arg BHIE 21208 LTEE S, 22T
Arg (z120) = Arg z; + Arg 2
ETBENYFVMEBVWTH S, ZDZ e Z2lEID X,

FRCHEBVFH LD » ZEADOFEDODIC 0 MERT 512, 2 12 2T UT IV 2 = 2+yi
(r,yeR) &FdL

ze" = (x4 yi) (cosf +isinf) = (xcosf — ysinf) + i (zsin b + y cos b)
THb, Tz fioEmEEZ > TWb Al

cost) —sinf) (x) [xzcosh—ysind
sinf  cos@ y]  \zsind+ycosd
RN 2 RW,

90° (= 3) HHET 21203, €2 =i ZHTIUIRVZ L2305 %,

>
o] *
- 2=ty ~ve'?
@ v w T
ﬁ 8 -
0 . \
= {74y =hE
argZ  awalto}
J .
2‘60‘!‘7"‘31 ::;-’l‘tﬁitﬂ'
b D3, (R
TFR" {1 Th
. , \ At
e—x-«\‘; o Frwed = o> o'? aﬁv‘e )
oY
. ba B2 L
)qus = e T (Q_—b \=e )

( keI ed )

_— Tare- @
T >3-

3 ZDS5H TikZ THIZEL

1.11 n EIR

HETHD, a2 ATHEZH T, EBbALITRAX—FTRET, sfEBEVL TXWT
20,
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2Ll FEoBERE n &, BEHR cITHLT, 2"=c 273 EZE - D2 % c D n TR
(an n-th root of ¢) LMER, n ZDUF T ITHEFER, BFR

2 =c EWVWIOTEDOAEXZ 2T BAIETN (binomial equation) &5 (FETEZRE R 2 EI
AQAY

DolE5 A

c D2FRLIE, c DFEARDOZIETH D, c DIFARDZ L% ¢ DILHHR (a cube root of
c) & HIER,

BEEROnFRDOS B, n=2 D & (FHR) X PERTHEAL V/  (V OFEEIE
BEE) PHOTRT Z 2R ED (M 1.8). n >3 DL XX, n 22 DREDGE (n =2M)
EBROT, 20 X5R I (EROHFED ¢/ EHVTERT L) kR (29, 30 %
F&)o
fl 29. ce CO3FMRZ, c=a+bi,2=x+vyi (a,b,z,y € R) EBWT, #ILFFEK

(x4 i)’ = a+ bi
ZRNTRDZZeEZONE (FABRORKRDTOEMTH %), IR 20ERE X,

Bl 30. —fi%iC c D 4 FRIE c DFEHFIROFERE LTRDHN S (BREHL?) 2 ZHWT,
—1,i D 4FRZ T XTRD K,

Lo LR Z FHOIUE, FED n I LT, n BARIEZKRD X S5 ICEHHFICRD NS,

4 N
8 1.29 (0 THRVERKD n T’IR) n 2 2L EOBREE T2, c=pe? (p > 0,0 €R)
DR 2 n FRIZ

e GHER) (=01, ,n—1)

TH2 (bxo8 nflFET ), ZhoIFERFETHELATO, F1E o OHED n F
BRTH 3 (n>3 ODHE. NIRRT THIE IEn AT 2),

j

(p e =p,r>0ZHSEr (—EICHFET D) 2RI, )
BB 2 =re (r> 0,0 eR) EBL L, 2" =c EREFAETD %,

T,neznO — peup.

HADHAMEZZEZ D L " =p. WA r= /p. Thze LOHTBERICAATL L

ein@ :eigo.
TR EFMETH %2,
nf = ¢ (mod 27).

ERAY. 05!

(Fke€Z) nb—p=Fk- 2m.
W 21T )

Fkez) =24k

n n

WRIT ¢ D n TFELIZ
opeHRE) (ke Z).

BEERUTENTORVWE G2 DIIWES I, 2D ZF KD X IIWTEZTHAE S, cosnf+isinnb =
cosp +ising 6. cosnf = cosyp DD sinnb = sin p.
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—RUTEREDZ X 57205 k2% 18R 5T LIRAD 2r/n $OMWMUT, k23 n X
% LTSRS DT, kLT n THL I nh %, WAIZ k=0,1,...,n—1 72T
XTI NRTERLSC L, ZREEDRV, TRDDE 2" = c ORI

(L%) v = /pe ) (k=0,1,...,n—1)m

T 1O FIRTHEH, Tk w TRIFEND L, EREET, 3X05ER 22 =1

“”fz% CELDD, FOEBIWHST2HDTH 5,

DR 5

-
3130 (1 DnER) n Z 2 L LOERKE T 5, 1 ODHER 2 n FTRIX
et (k=0,1,-- ,n—1)

TH5B (b8 nlEETS) w=e% BLL. Wb (k=0,1,....n—1) £ET L
kﬁﬂj%éo

J

i 1.20 D ¢ = pe* D n FMUEX. ¢/pe/"wk (k=0,1,...,n—1) tEFE L T2 HK2,
SEBH @129 T, p=1,0=0 33720 TH%, m

Bl 1.31 2L EOEBRI n 1T L T, wi=e tBL L X
M =1= (2= D(z—w)(z —w’) - (z—w")
D DD, =
PUR. BARRRERED n F#IRE KD 20|12 NW L D0HIT 5,
B 1.32 (SiD3IFAR) c=8i DIFR 2 ZRDTALI, c=8"2TH3h5b,
2= V8T HE) (k=0,1,2).

ERAS/9X5)
z = Qei%, Zei%ﬂ, 215 = V3 + 1, —V3+ 1, —21.
NG 2z 23T, HPICc=8 &%, =

ORI TIHMREADEE -0, 3T EHEICHETE L2, 25 TRVWESDRTALS,

B 1.33 (3+4i DFAHIR) c =3+ 4i D2FIR (FHR) ZRDTAH LS, |¢] =32 +42=5.
c DIRFAIE 0 :=tan™' 5 (tan™! BFEEZRT L T2) LRI HVLILNTERY 33, 4,
520, KON EA=ZAFONATH D, AEOEIEIEHIC 2 DI TlERW),
W2 ¢ DFFR 2 1%

Z:\/gei(9/2+k27“) (k?:O,l)
= VBei?/2, _\/5ei®/2.
tand = 3, €2 = cos§ +ising TH 205, Hiko TR TIUIEIEZ KD 2 Z L IR D

P, RRHEITDH 2,
FFaE 1.8 DANIT K B &, A

= +(241)
MEHN5, Ebm:tmﬁimﬁ%m%é(1H)—4+M+i—3+@ﬁﬁ&29@ﬁﬁ
#HiPHIE, M 1.8 OWHEFH X D BIAVD, @ 1.8 DAPKIUOGE S DD 5,
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—1 D nFRERKDTALI,

Bl 1.34 (1, -1 D n FR) n KPS WVIGE
en=20r%E, 2=10MF T =ehm (k=0,1) THEDH =1, " = —1. HE

121 D n FtR,

2 —1=(z+1)(z—1).
F) = (h=0,1) THEDB, 5 =i, ¢F = —i. FE

2 1 o 05+

2 4+1=(2+14)(z —1).

en=30r%E, 2 =10MRZ T (k=012 THaPE, =1, 5 = 43
o = ~1iE gz
1 1
Pe1l=>z-1)(+z+1)=(2-1) <z—%\/§> (Z_TZ\@)'
3 _1 OffIk ci(5+kE) _ iEr THBIME. 65 — #37 T — 1, AFE — 1—;\/5'
S
P24Hl=(z+1)(2—2z+1)
N " 141
THADH 2 R ORI ;@.
en=4DrE, 2=10MT T = c*5 (k=0,1,2,3) THEM5, =1, % =1
e = —1, e = —i. ERE
A -1=(+ 17 1) = (z+i)(z =) (e + 1)(z = 1)
7: ~1 OffE (THE) = 55 THEp L, ¢ = W T = Sl G o ol
E 1—1
e'a —W
A= (22 i) —9).

22 =—i, 22 =1 2RI IR0

<\/§z>2 = <22 + 2z + 1) (z2 — V22 + 1)

z4+1:z4+2z2+1—222:(22+1)2—

23U, 220D 2 RAFBERDOBEE LT
—V2+iV2 V2+EiV2

2 2
D) THEHhS, =1, ¢ a4

e n=50DrE, 2> =10MF et (k=0,1,---,
%;_nem\f‘%@ofﬁﬁT ETH 2,
P—1=(z-1D+2+2+241)

THdHN
3 2 2 1 1
242+ 42+ 1=0&2 —I—z—|—1+—+—2:0
z oz

1\?2 1
slz+42) 424-=-1=0.
4 z
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X=z+4128E X’+X-1=0T, 2

—1++5

X —
2

IR %
e IR VIR B Sl
z 2 z 2
8

224+ (1—-V5)z+42=0 V 222+(1+V56)z+2=0.
ZHUIRE[FMETH %,

—(1=v5)£ivV10+2v5 —(14+5) +iv/10 - 2V5
4 ’ 4 ‘

us

—H = -1 @@M; dGHE) = 3 (k= 0,1, ,4) THEH . ef, %,
e =1, ¢'s, L IhnE / Bl TRBARETH %,

PHl=(+1)* =P+ —24+1)

TdHDH.

1 1
z4—z3+z2—z+1:0<:>22—z+1——+—2=O
z oz

() - (+)
Slz+-) —(z+-]—-1=0.
¥ ¥
X=z4+1tBt, X2-X-1=07T, Zhid

1++56

X =
2

YT B
1+45 1 1-+5

2 z 2

1
24— =
z
5
222 —(1+V5)z+2=0 VvV 22— (1-VBE)z+2=0.
ZHUIREFMETH %,

(1++/5) £ivV10 =25 (1 —+/5) £ivV10+2v5

= 4 ’ 4

en=060DrE, TNEBEICTIZLRDHBZDT. T IIZIFELZW,

en=TDLE, T =10Z *T (k=0,1,--- ,6) THZhD, =1, ¢7, 7,7,
PA S SR S | @ﬁﬁpcie(ﬁ““)—e”’“?”” (k=0,1,---, )fzbznbnfo e'ﬁ,

e, T 6T = —1, €T, e, . ZhBE (1, -1 RV, Vo RS
RELWZ EHHHNTWDS (£ 505 EEZ RN L 72Did Gauss “C?é%))
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en=80Dr%E, 8=10MZ T =e*t (k=0,1,---,7) TH>, RERMoTET
DBFHTHE L < 720 (BB,

—F 5 = —1 Offg £ (FHF) = (k=0,1,---,7). e/ % ™/t DFFARY L
kDB o LK B ZOBRMEBITH . B ko LA E < W

28+1:z8+2z4+1—224=(24-1—1)2—(\fz2>2:(24—}—\[22—% )(24—\622—}—1)
:<z4+2z2—|—1—(2—\@)z)(z + 222 +1—(2+\@)z2)

= ((z2—|—1)2— <\/mz> ) <z +1)2 mz)2>
:<22+Mz+1><2 \/:fz+1)<z+ +\fz+1>< mz-ﬁ-l)

(2k+1)7‘r

THB30 5
—\/2—\/_i\/2+\/_z \/z—fi\/Tz —\/2+\/_i\/2—\/_z
2 2
¢2+¢_i\/2—fz

2
IHLBIEEIEEDFRHTHAS, =

R 31. 1, -1 D6 F/BREZRD X,

AR 1.35 (—ROEZHRD n FRE 1 D n FTiR) ZDIHE (§1.11) ODEAIT, n 232 OETDH
BZHEERNT, —ROEFEK c D n BREIFEHOBFD ¢/ ZHVTERT Z 2idHkEz»
L7z,

2L c=10BARIOIEETEELT. EROHEHD /  ( ’)i D VIER TR
ZHOWTRT ZEDHRALZD T2 THS FELEROR#HEZ R X), A% R U7
WEIIZLTHRLY, =

R 1.36 (EZALDEARE AVNRICELBZER) U EOFHE, EZAFDOERE 2 28R
WX AEXKI L BRD D 5, Gauss 1F. EARE OV RRATIEn AEIMEXITE 27-2D121F, n D

n=2%xtHERZ 7 A~ —FEK F, O

DL TWDEZeBRETTTHS Z e ZitBAL (FAK (6], BIE [18]). n=17T=F, D%
ZIEMER R L (DD, IE1TABIZEARE 2 Y A TERIFIEET H 52, 1EXIFIEEZRR n
BINSWHERBRT Y n=3,4,5,6,8,10,12,15, 16,17, 20, - - -

Txlvw—FHL R BHTHBE IR TN~ F,=2"+1 DI TH3, Fy=3,
Fy =5 F, =17, F3 =257, F;, = 65537 l 3\ Nd 7 2 W~ =R TH 203, F5 IIFLTHRV
(F5 = 4294967297 = 641 x 6700417 & RIS (1€ - TR TIER W) Z & % Euler
DHEALRZ). =

R 1.37 (sin1°, cos 1° ZR&HT) EFRT. 30°, 45°, 60° D sin, cos ZFA, EHAFED
EXIS B TR A BIRET, 36°, 72° D sin, cos dRDZZ e hRH20d L, Thdik
Vo R TEREEKTWS, FAOAREMS &, 18°, 15° D sin, cos &/ THRETE
%o NEEEZMES £, 18° — 15° =3° D sin, cos b / THRHTE3,

2 1
o5 2L — G (—1 +VIT+ /34— 2ﬁ+2\/17+3\/ﬁ— V34 — 217 — 2\/34+2\/ﬁ> TH2 LD ()
BTRT L. 0.93247222940435580457 - - - ),
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FRTE 1° D sin, cos FEILEA3?2b LI/ TRIIIUE, TEOHAK n 12
LT n® @ sin, cos b/ THRIN?,

ZOREX, TAO=F7M#E LBFRPHD. Mawr K DI 2 &, 1° @ sin, cos &
Vo ORI Z ik,

TR A=Y= (Vx A —F FXY =R F 4= 7+ F——, 1380-1420, LS v
DBEEHE - RIEHE) X, 3XAHER sin3° = 30 — 42° ZEMEANICHEL 2212 & > T, sinl®
ZRDIz (HvY [19). =

1.12 C DIERE. wEHTIDINR

FETIE., ZTEBHRICEEETLADPRVTH A5, R2Z EFILTHS, e120E S, [BF
fEr) THEAZ I LIFES D, EREHOERL DD 2BEOHEOEEZTS LEE T 5,

2€CIZHMLT, z:=Rez,y:=Imz, z:= (r,y) £BL &, 2z € R% ¥ 2 = (z,y) € R?
WHLT, z:=a2+iy B, 2€C (DFEHWHEHTH D). ZOL =X

2l = Va2 +y? = |z
THb, ZhD5, 2MEDHERHIOVTHIIGELTWD Z 20 b, FHEE
2 =21+, Z =T+ (T, Y1, 72,92 € R),

z1 = (21,11), 22 = (T2,92)
i N W1
|21 — 22| = |21 — 22| .

C NOBHN DR, C DETHRE Z EFBE 7 2RO - #Eietix, C 2B 5 ihkEE
ZRMICERSINS DT, R BT 2 EHOXICIBHELNS Z &2k b, #2113 Bolzano-
Weierstrass DEM, Weierstrass D AMEEH 2 28 C TH LD LD,

{ntnen DERBIITH 2 13, FARE n 1ITH LT, BEK 2, PEF->TWVWHIL, &
Witz 22 Non— 2, cCOBEBRTHEZ LRV,

BRBON {2, } DEZBE c \TPORT % i3,

lim |z, — ¢/ =0
n—o0

DD ILDZ 2V, UL e-N FETH T,
(Ve >0)(INeN)(VneN:n>N) |z,—c¢|<e
DRDILDZ e ZEKT 5,
Zp, C %
Ty :=Rez,, y,:=Imz,, z,:=(zny.), a:=Rec, b:=Ime, c:=(a,b)

TEDDEZE

lim |z, —¢c| =0
n—oo

DO DZ L L[EMETH D

lim z, =a »2 limy,=05

n—oo n—oo
MDD e BEMETD 5,
[ lmz,=¢c < lmz,=c <& <lima:n:a/\ limyn:b). J
n—00 n—00 n—00 n—00
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1.13 SRR ORIE

M 32. 2= —V3—V3i IRHL T, (1) %, (2) z DB, (3) 25, (4) z DF¥TR, (5) Logz %
Kb &
(2) LAME a+bi HBWIE a HBWVIE i (a,b € R) WINDLDFITERE, (p. 238)
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2 HEREHRCEOMmR. EIMY

(REHELREL ZAEDPWL Db D, )
QCCr2EHFERE TS, HEPEOBEK f: Q - C DI L 2EZREH TN,

2.1 HREBHDOREER - EEP
BHEBE [ Q= C(QIE CoHNEE) vEZbEE LIFLIE
u(z,y) :=Re f(z+iy), v(z,y):=Im f(z+iy)
TEFLIFEEB v, v 2EZ 220D 5, UNTREHDLD, v & v ZEhZR f DHE
. BEREMERZ 12T 5,
u, v DEFHRIBUL
Q:={(z,y) eR? |z +1iy e Q}
TH2, Thbbuv: Q=R TH3, (Qr QW PHMFLLTE FAL” bOTHS L
EZTRVWEAS, H2WVWEC e R ERI—HLEEE, Q=0Q)
Bl 2.1 (1) f: C— C, f(2) = 22 DIFA. f(2) = (v+iy)? = 22—y +2izy £ D u(z,y) = 22—,
v(z,y) = 2zy.

1 1 1 T — 1y x
2) Q:=C\{0 Q- C = - DA, - = = =
( ) \{ }7f — ,f(Z) P =] P x+2y 5172—1-3/2 ‘J:D U(l’,y) x2+y2’
)
v('r?y) :_x2+y2'

(3) f: C—=C, f(2) =e* ("t = e"(cosy+isiny)) DEFA. f(2) = "t = e* (cosy + isiny)
£ D u(z,y) = e* cosy, v(z,y) = siny. m
B 33. LLFDE f: Q= CITNLT, f DEHE - B u, v Z3KD X,
(1) f(:) = (:€C) () [(2) = 5 (- €C\ (&Y () S(2) = 5 (% +e7) (€ T)
(B MER SRV, (3) TEIE f(2) = cosz TH B LAETHMD . ERLEETH S, )

2.2 KLKESES-EE
ceC,r>0INLT, c ZHbt T 2EFE r ORFE D(c;r) ZXXTED 5:
D(c;r) ={2€C||z—¢| <71}
QCCIMLT, Q DA (the closure of Q) Q XN TED %:
Q:={zeC| (Ve >0) D(z;6) NQ#0}.
QCcCedsrLx, Q5 C DORES (an open subset of C) TH 5 &1
(Vz € Q)(Fe >0) D(z;6) CQ

i A RVAS N AR P
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(R"®%§Kﬁbi5&%®ﬁ@okm ~
a €R™, r>0 LT, Hb a, FEr OBEKIIRK TER NI

Bla;r) :={z e R" | |z —a| <r}.
QCR" LT, Q OFAAERXTER SN
Q:={zcR"| (Ve > 0)B(z;e) NQ # 0} .
QCR"2322E QFR OMEATHD L. ROFMEMBED DI ZRWVS:

(Vo € Q)(3e > 0) B(z;¢) C Q.

2.3 PR &Rt

(Z BRI L2V, AT A4 FEMTHEZEEZVL B0, )
BERBADOICR (HR), H#RHIERBE R U & S IcER S, EIZFEH & EHOICR, #
wiltk & [FMET® %,

fi%zz(@%%&@@mtﬁﬁﬁ)Qchﬂ%+Ct760 h
(1) c€EQreC T2, 25cDEE f(z) D v I T 3 LI,
(Ve >0)(36>0)(V2€Q:|z—c| <8) |f(z) =] <e

ﬁﬁbjo:k%m5o:@:t%ggﬂazytﬁﬁo

(2) ceQrT3, f8cTHBETHS LIZ
lim f(2) = f(c)

WD VIOZ L RN,

(3) fQTHEHBETHLLIF, Q DEEDR 2 T f PEHTHEIEZWVI, )

utv%@bedﬁb»ﬁ%ﬁtbf%iétﬁm%@ﬁ%éoMTL@6<%h%f
rELL, Q- R2TH S,

c=a+ib(a,beR),y=a+if (o, €R), c= (Z),'y: (g),z: (Z:) EIHExE

)= floa = (42 _ [uley)
== (49) - (22)

2 —cl=lz—c|=(z—a)?+(y—07?

|ﬂ@—ﬂ=ﬂﬂ@—vﬁ=%W@w%-@AHM%w—BV

Thh
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THbd, ®ZIZ

limf(z)=v & limf(z)=v & lim wu(z,y)=a »D lim w(x,y) =p.
z—cC

s (2,y)—(a,b) (z,y)—(ab)

N g
[ cTHl < f2c Tl < utviﬁc:(Z)“Giiﬁ.

I HIZ
FAQTHER o F2QTHERE o u koot QTHERE

k72 g7z e, bEOIERBBERHBHTHEMIZILAER WV, EBEFRX 5,

ROurElE. FREBDO L = L RIMBICEEAT 2 2 e ks L. 22T FVEBIE f 12
DWTD LD (TR ) TREEA) 2o b3 E6N 5,

4 ™
il 2.3 (EXREHOM - EZ-B-BOWR) Qc C,ce Q. Q0 —-C,g:Q—-C»

2= cDEEMBEEFEOL &

lim (£(2) + g(2)) = lim f(2) + lim ()

z—C

I (/() = 9(2)) = lim () — lim ().

z—cC

lim (f(2)g(2)) = lim f(2) - lim g(z),

f(z) I f) .

ilifi a02) = Eglg(z) (772U g%g(z) #0293 3).

N J
SEER (TRt A) BUARET O — b (FEH [20]) 12k, EREROGEOMmE (i 3.7) &
BFEWTH D, ZOD &b amike HWGEH L FIRRIC L CRERIS 2 2 2 B Ik 2,

—7. MIET 2FE 2B EE X, ZEBEBOMIRICE T 2mBlmE T 2 Z & ik
%, BREZEEDGEWCHLEHLTEL, f=u +ivy, g =uy +ive, fg=1us+ivg €T 5&
X U3 = UiUg — V1V, U3 = UUs + V1t TH D ug, v3 1& up, usg, v1, va 22HH + 72 - FEZE -
THALTOHNTWVS ZEWKHEETHUUIRY, =

% 2.4 (BREGEBOM - £ - B - BOEGN) SR EREROM - 2 - B - 1 (72
LABHE 0 AR VWHAIIRELTER D) I3EKTDH 5,

ZIEABE. AR OGO OWT S EEBOGEA L RAETH 3,
EROERFEZIER p(2) I LT p(z) TEDLNZHE f: C— C, f(2) =p(z) (2 € C)
X C 2R THBTH %, FEBE. EBEE f.(2) = ¢, HEEBR fa(z) = 2 DEHRTH 2 Z 21X
TGP BDT, F 24556, fOHEFEEIEBIEONS, @EE fOZeZHICp b F
LT EMBW,

R 34. f., fiq DHEHMEE -6 FEIC X DAEAE X,

m@ﬁﬁi%ﬁﬁgﬁfﬁét§\oibﬂ@:%%%t@épgmwoquﬁﬁﬁjé
L&

Q:={zeC|p(z) #0}
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EBE f2)=7r(2) (2€Q) TEDR f: Q—=C %, r(z) TEDOLNIZEHEAKEMER, Z
NTERR Q 2THETH 5, FB p(2), q(2) 258D 5N 3 ZIERB p, ¢ 13 Q Tl
GTHD. p(2) £0(:€Q) THBILDb, f:]% PHETH B Z L BIH B,

W25f@%:§@{zecw#ﬂ}ﬁﬁﬁfﬁéol

) 2.6 (5B - DEFHM) (D LF 7> v 7 LTWBEFH) —KiC To: R — R 2%
HIX. R?23 (z,9) = o(z) ER PR (2,y) — o(y) € R EFTH 5,1 DD ILDODT,
filz,y) = €® fo(x,y) = cosy, fz(z,y) =siny &FTB&. fi, fo, f3: R? = RITEHTD 5,
f(z) = e* DFEER, BHITZNZN f1fo, fifs THEIDD, 1T C TEBTD 5,

%T NCRBEREIIICRH ONEF T AIRE) WO EHZMENT 5, Zhe

z - z"
n=0

oAU e DEHBABTH L BT oD e Th %, m

2.4 W9

a N
EH 2.7 (WMo aHEE, EA) DD, QX COEEL L, f: Q= C,ceQ 2T 5,
f7Hc CHOREETH % & id. kR

feth) =10

h—0 h
PIFET DI x2WVI, ZOLZXZOMRE f/(c) ERL. f D c ITBIT M FRE W
AT ¥, ZOMEEKLEDFEDMENFIIEBEBO L X L RRICERT %,
QO DEEDR 2 LT, f2 2 THMAREETH S & =, f1F Q TIER (regular, A
holomorphic) TH 3 &\ 5,

J

R 2.8 ( TEAL WS EE)

o 1 c TIEAIE WIS B WHETA2Ze0H %, 2 c 280D ZHES U (CQ)
PEELT, flp: U — CPERITHZ, LERIND, ZOHERTIZZDEVITIEMH
DI,

o [EAL EWHFELIZIZF UEMRZFIOFE L U TR (analytic) EWH D2H 3 (Z
AUITCA I B R DOEHE TR T 2 BRBICEMTE 2. EWHIEKRTH D, [ERIME L fE
WEDEETH 2 Z 2k, o RICKR > THOLIMHTE 222 TH D),

o JTAZ regular DFREEHIEHI, holomorphic DFREENEATH 25 (6 L), 1EH| & BAY
ZHARZ e, ERIZES OPHAGEDOTF A M LTIEETH 508 (277, Ao
W TBA 22N ? ) EWVIHIHBVSH o L b T %), #EETIE holomorphic
2D DOBEBETH 5 (regular 25 KRIIFEEZDHE D B FR0), ZORIBEER
HT5, =
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Bl 2.9 f(z) =~ (EBERK) 32 %, FED € CITHLT
f(z+h) = f(2) V=

. 1 LT B
L R
h#£0

Thbb f(z)=0. FfiZ f 13 C TIEAITH %,
f2)=2F5& fEED z2eCIIXLT

L FEEh) = f(2)

h—0 h h—0 h h—30

Thbb fl(z)=1. FZ f 12 C TEAITH %, =
Bl 35. f(2) =22 1& C CTIEEHIDD f/(2) =22 THE Z &t

-
B 2.10 QX C DHEA, ceQ. f:Q=Ck g:Q—=Cldc THMPARETH IS
@\f+gf—gf%§(kﬁbﬁ@¢ot?%)%cf%ﬁﬂ%f%b

N J
sEBA  RBEROLE LR TH 5, =

-
%211 (1) EEOBARE LT LT, f(z) =2F & CTIERIT, f(2) = k2"
(2) EEOERFRBZIERDOED 2881: C LTIERIT %,

n ! n n—1
(Z akzk) = Z kapz"' = Z(j + 1Daj127.

k=1 §=0

(3) 0 THRWEEDOHERFRBAEMK r(2) = ]% (p(2),q(z) € Clz]) DEDZBEE r: Q =
{zeC|piz)#0} 3z r(z) e CIFIERITS %,

J

ZROHIZE N

EWVWHISHZEBITEN TEL 2R ETH %,

M 36. %2.11 ® (1) ZiFHE X,

f 37. GBI OMTIEZEAAE X,

[ 38. MBI DM (BI%L f OWREEL ! FEL. f 25 ¢ Ty f71 B f(c) T AIRE

ﬁ%@\UIquD:fiﬁﬁﬁbjO)%ﬁ%ﬁio

47



2.5 Cauchy-Riemann OFER
2.5.1 EERBOMAFTREROVETIEHE

4 A
EIE 2.12 (BREHBD WA < 5B - BEHMOEIgEN D Cauchy-Riemann FER
QIXFCOMER. [ Q—>C,c=a+bicQ(a,beR) &T 5, fI c THIAIRETDH S
7eDIZE f OFEE u EEER v B (a,b) TWATATRETHD

(¥%) ugz(a,b) = vy(a,b), wuy(a,b) =—vy(a,b)

Zii/z 3T ZEBRETITTH S,
N J

(¥) % Cauchy-Riemann MOFFER (the Cauchy-Riemann equations, the Cauchy-Riemann
relations) & PES,

COFEBEINT 2. TOBREROES [f SEAE I uy = vy, uy = —v,) %
T CWWET B HEEMMALE S,

[ c=a+ib(a,beR) THITAREROIX, u & v X (a,b) TIRMITAIRETH D

(¥ /(€)= tafa,b) + i, B) = (1 (a,8) + vy (0, )

KZI)S‘& DD, FRTHEES - BE % L LT u,(a,b) = vy(a,b), uy(a,b) = —v,(a,b). J

() % ' = o = -f, EEABL S, EBOBALTD 52, BREMRICL 5 LT
Bint LR, )
SEBR [ 5 ¢ THATTREY I

iy _ e Sleth)— f(c)
fie) = Jim h
DPFET DL TH b, h=h,+ihy, (hy, h, € R) OB HiHZ XD 58 D IZHIR L7235
E2 5,
(a) h=h, (h, € R) (ERDMEZ I ZIS, THhbDE b, =0)
flc+hy) =u(a+ hy,b) +iv(a+ he, b) WHEET S &

6 = tim LT R) = 1) _ ) (ulatheb) +iv(a+ hab)) = (u(a,b) +iv(a,b))
};lezﬂg hm he—0 hz
~ lim (“(“ T hab) Zulab) | olat he,b) = vle, b))
hz—0 hx hx

= u,(a,b) +iv,(a,b).

(b) h=ih, (h, € R) (MEHRDELZFZH S, THbDB h, =0)

0522 BH8. [fEEH : OBFEBHTH - T, ZH 2, y OB TERVDT, f,, fy LWVIFZHIE
BTH B, Floy) = flo+y) EBOT. Fo+yi) = Fula,y) = %Fy(x,y) PENESED S,
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fle+ihy) =u(a,b+ hy,) +iv(a, b+ h,) ITFEET S L

(c) = lim fle+ zﬁy) —fle) _ 1 (ula,b+hy) +iv(a, b+ hy)) — (u(a,b) +iv(a,b))
e ihy 1 hy—0 hy
_ 1 lim <u(a, b+ hy) —u(a,b) N Z,v(a, b+ hy,) —v(a, b))
1 hy—0 hy hy

_ %.(uy(a,b)4—ivy(a,b))-

BLEA B
F(¢) = wa(a, b) + iva(a, b)
::-%[uy(a,b)4-¢vy<a,bn — uy(a,b) — iuy(a,b).
FEH - EEl A LEER LT
wa(a,B) = vy(a,b),  va(a,b) = —uy(a, b).m
FEOIH [ 25 ¢ THOTHETH 3 L i3

f(c—i_h]i_f(c)_(p_i_zq) -0

(F,¢ €R)  lim

MR D IO L R EKRT B,
h = hy +ihy (he hy €R) B ¥

(p+iq)h = (p + iq)(hy + ihy,) = (phy — qhy) + i(qgh, + phy),
flc+h)— f(c) =u(a+ hy, b+ hy) —u(a,b) +i(v(a+ hy, b+ hy) —v(a,b))

TH205
c+h)— f(c )
f( 2 ﬂ)_@+w>
_ | fleth) = fe) = (p+ig)h
Al
um+hmb+mg—umﬁy—@m—qm)+iwa+hmh+%)—dmw—%Ww+p%)
NGED V2R '
W 21
, u(a + hg, b+ hy) —u(a,b) — (phe — qhy,)
3 R 1 AdAEL ’ =
e THARE < GpgeR) o R 0
73])0 hm 'U(a/ + hzv b + hy) B 'U(CL, b) — (qh’z +phy) — 0
(ha;hy)—(0,0) z\/ h2 -+ hzz/

< (Ip,q € R) u & vl (a,b) TP AIRE
ux(a7 b) =D, uy(a, b) = —q, 'Uz(CL, b) = {q, Uy(aa b) =D
& u & viX (a,b) THWOAIHET
uz(a,b) =vy(a,b), uy(a,b) =—v,(a,b)m
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B 2.13 f(z) = 2% (z € C) BZEREMTH 505, C 2ATEATHS, z,ycR LT3
v

fx+yi) = (x+yi)® = 2®+ 32%yi 4+ 3z - (yi)? + (i) = 2° — 3zy® + 32y — )i
THBINH, f DELR u, BH v Ik
u(z,y) =2 —3ay®,  v(x,y) = 32’y — y.

lob d
uy = 3% — 3y2, uy, = —6xy, v, =0ry, v, = 322 — 3y2.
fi21Z Cauchy-Riemann 7R u, = vy, uy = —v, Zifi7z5, =
il 2.14 f(2) = 1 (2 € C\{0}) I3AHBIKTH 2006, EFRHC\ {0} £2RTEHITH %,

22

r,yeR &35 %

o+ yi) = 1 _ 1 _ 2 —y? — 2zyi :xz—y2—2xyi
(w+yi)® 2P —yH2nyi (a2 —y?) 4 (22y)” (@4 yP)

WX f OFEE - Bz 2R Zn u, 0 E T2 L E

@)= v(ey) =
u\r,yY) = ———> nW,Y)=—"3
(22 + y2)° (2 + y2)°
THEH0H
22(3y? — %) 2y(y? — 3x2?) 2y (32 — 1?) 22(3y? — 2?)
T = T, o .3 = T .3 Ve = —F——— Q3 = T 3 -
@+’ " (@) (@ +y2)° T (@)
fi21Z Cauchy-Riemann 5 u, = vy, uy = —v, Zifi7z5, =
w215ﬂ@:626 (- €C) 13 C RAETERTH 2, 1,y cR LT 2L %
L e p ey . .
flz+uyi)= 5 =5 (¢” (cosy + isiny) + e (cos(—y) + isin(—y)))
o et —e "’ . .
= 5 cosy +1 5 siny = coshx cosy + ¢sinh x siny.

WZIZ f OFE - e ZhZhou, v 8 T2LE
u(x,y) = coshxcosy, wv(r,y)=sinhxsiny
THo2H156
u, = sinhxzcosy, wu, = —coshxsiny, v, =coshwsiny, v, =sinhxcosy.
f 2212 Cauchy-Riemann X u, = vy, v, = —v, Zii7z9, =

B2 o BBDIERITR W Z & 2783 5 72912, Cauchy-Riemann AIERZF = v 73
5 EDENBBEDD B,

20



5l 2.16 fi(z) = Rez, folz) =Imz, f3(2) =7, fi(2) = 2|, f5(2) = Argz &, EFRBIET 2
RO ETHMATRETIX 72V (FRCIERITIE A W),

BAID 3 DDBAEL f; (7 =1,2,3) IZDWTIE, EH - BEBE R? 2K T O~ iz o TH Al
HETH 50, R? DIEED KT Cauchy-Riemann R D /2B WZ e300 5, WZIZ
FERED 2 € CITXMLT, f; 1F 2z THOABRETIEZR W,

f1 DFEEL - BEZ u, v T B X, ulr,y) = V22 +y2, v(r,y) =0 TH 5, uld (0,0) T
EAFTRETR WD S, fy & 0 TIEMAATRETR WV, —71, R?\ {(0,0)} T u, v M9 AlHE
THDH

Uy Uy = vy = 0.

z Y
= — U, = —
/22 + 42 Y /22 + 12
(z,y) # (0,0) IZHFEET % &, Cauchy-Riemann FREAD - IR N DT 5, DRI
C\ {0} DERDR z ITHL T, fi & z THMIATRETR W, fiifm. f & C DEEDRTHMY
AA[RETH 5,
FREIC LT, C\ {0} DIEEDMT f; BMDAEETRNZ LD H %, =

IEAITCIE R WS, MO TZXBPNERTFET S, WO T —Rb D 5,
Bl 2.17 f(2) = (2)° (2 € C) OWMBATREMICT OV THANRE S5, 7,y cR & T2 L =
fle+yi) = (t+1iy)° = (¢ —yi)? = 2% — 2wyi + (yi)® = 2> — y* — 2y,
W2 f DEHR - B u, v 1
u(z,y) =2 —y*, w(z,y) = —2zy.
B EZHEHABEMTH 200 O HKTHB, 2L T
Up = 2T, w, =2y, vy=-2y, v,=—2u

[ W AIRET ® % 72 12id. Cauchy-Riemann X v, = vy, u, = —v, 273 2 L2340
ZtnThs, ZhiF
20 =2x, —-2y=2

THY, I rz=9y=0. WXIT fIT0 THPAIRETDH 20, ZHNLHND S TIIMAAIEET
AL AN

M WERICR LAY TIEHL 2w FHEIX, RS L 0HEERR) LOFEREDRA
T RRETH 2551, ZOESTIEHITH 3, WO XS IHSEETHLDT, 2D
fIZIEAITIE R, =

R 39.
(1) f:C—=C% f(z) =|2]> TEDDZ, [ ODWITAIRENEZ AN X,
(2) f:C—C% f(2)=¢" TEDS, fIEC TIERIT, fl(2)=¢ THBIL%Zrt,

2.5.2 IFRIBABHDEHBERE & 5158

(KAEDBIBGHD T F 2 MZ#H > T\ 2@ 2.23 2N T 2D0HMNTH 205, fiH2.20 %
TBUEENT ) CRFEATE TWARVLWD T, KEICRBEHIID LELDICHAT 20 LA
2w, TERS ) | MEEL X2 0RBBCHTRZ DT, BEICIERLRVWTHA S, )

51



BANCR: f=07%613, [ ZEBEIBIZA 507

FT R 1 EBOEBAE,»HEZ LD,

TCR, f: T =R f=0%LTRol, fIEIEEEABLEEZE0?) LWVWOHDOE
& No TH2, I =R\{0} 25X, f(z)=1(x>0), f(z)=0(x<0) TEES fIXELH
BTROWH, ff=0 23,

I BPEXHETHR, =000 f 2EBEIBTH % Z & 28T 2 GERIEH X FEDE
HERHW3),

ZEBOGECHORAL XS5 % LT, #iEEOBERSBREIC R 5,

/Eﬁ 2.18 (AESE, fBiE) Q C RY (HSWVWE Q C C) HElERE (pathwise—connected,\
arcwise-connected) &%, Q NWOEED 2 KD Q NOHFRTHINS Z & 209,
(375, Q DIEED 25 a, b 1K LT, SRS 0: [0,1] —» Q Ty (0) = a, (1) = b
BT LODPEET L E, Q WIEETHZ L0, )
(KzHETSZ L, )
SIVELRS 72 B R & 2 SR (region) & FES, J

EFHFNZE, FHKE Q 29GEETH I 21 QOB 1 ODELLRIETHLZZLTH B,
R OB EE I DGEETH 27-2D121%. [ PXETH 2 Z e R BE+5TH 5,

£ 2.19 GEEOERICOVT 2 DOENVEE) (1) WEIE. EEREESD C L 2Ry
T3, Ll
o PHFEITL 5T, HREHEIEEE & D bRz < W,

e RER C DBHESDEAIZ. BETHAZ L eIEETH A Z LIXEETH 2D T, 8
HERIGEAE LRSS E ER L CTHEEANR ATV,

CWOHOHENS, ZOMEBETIIINEMSLHEETHS e 2HEBOERE L THEHL .
(2) MWFEPRAEGHTIX. () HAERFEESD Z L 2HEBOERL T 55, A THHHI
o Tk, () ERRHES TRV DEHERE FERGERDH 5, »
CDHWETIEIROEEEZZEDD I LICT 5,
%D B.1(p. 276)

QPR DHZWEC OMFEBTHIUR. Q NDEED 2K a, b1d Q ND O o pifR Tk
N5,

(TGEAS D ERDSMA TR, HFRICIE 772 Dt UMRE L TWiRWwDs, C ko Iz HY
DEES, LWL THD, )
I SR GEHIIHTE 3,

fRE 2.20 Q X R OFE. u: Q — R 2MDATEET, o/ =0 (uy, =0 (j = 1,2, ,n))
iz TR0, u IXEBITFE LW,

SUEREEDERIE. R B (p. 276) Hiz K X,
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M 40. XD L D, ad 2.20 ZEEHE Lo Q NOEED 2 5 a,b I LT, a ZHEA.
b ZHRE T2 CHHRDOHIFR ©: [0,1] > Q (DD 0(0) =a, p(1) =b) ZH o722 Z, u(p(t))
WBEBEBRTH 2 e 2T, (&I p. 241 12H 5, )

il 2.21 QX C o (IERLFHES). f: Q- CIEEHL (V2 € Q) f'(2) =0 23K
DALDOR B, fIRERERTH B,

SEBH f OFEH - BEZ u, v EFTBEE, f=0&D W =0, =0DWDIID, ER

0= (e + i) = wel,y) + iva(,y) = & (uy(2,9) + vy (2,9))

THEDPD uy =uy =v, =v, =0. A& 220 25, u & v ZFEHEAHTH 2056, [ DEK
B TH5, m

AR 2.22 (D WEETS 1T CERER) WD 0 72 O ERERE Y W S EEIE. 1 B OER—B DS
ETEEEDEHEE W TS %23, EREROGE X EEEDED LD L7220 DT,
FIFRICEER S 2 Z LI ARAJRETH %, ZEBOEBBOGEICIFIE IR, WO 22 TH
5, 1

41, (LoFERICEHE WL TERERTIFIEDO DD L7/ DOFERR) f(z2) = €,
a=0,b=2m 522 %, f(b)— fla) = f'(c)(b—a) ZiilzT c FFLELRV & ZHED
» Ko

ROMEZ. BEGHDIFLALYDTFAMIH>TWVWBEHDTH S,

4 N
il 2.23 QX C O (ERRHES). f: Q— CIXIEAlE F 3,

(1) f DFHE7NIERRERBEL 2 013, f BEPEBERTH 5, FHIFEBUIES 721
ARERUE D 1ERIBE RN BBIRL L D7,

Q) S| EBBRS DI, [ AEAERIETS 5,

J

S Q= {(z,y) eR? |z +yicQ} B,

(1) FEHDERBAR DG EZAAT 5, [ OFEE. BEHEZZNZN u, v EFT DL E RED
5u=C (ER) TH3D5. uy =u, = 0in Q. Cauchy-Riemann OHFER (¥) 2D
MODT, vy = —uy = 0,0, = u, =0in Q THED5, v IFEHEKTH2, ©ZIC
f=u+iv=u DEHEBLTDH 3,

(2) |fl=C (CEER) tBL, C=0THHI f=0(inQ) TH225, fIFEKELT
HBHo LR C#02T 5, |ff=C*=u?+0> ZWHLT

2uuy + 2vv, =0, 2uu, +2vv, =0 (in Q).
Cauchy-Riemann FIERZAA LT (v DIREREBEZIHEL T)

uuy —vuy =0, uu, +ovu, =0 (in Q)

ERAS SRS}



0

TED (1,y) e QIXBVT, 24+ 2=C2>0ThH20b ()# (0 W ZIZATAIE
0 DSErN, FED

FETH2256 (b LIERITHIUL, S THZErLL T TCu=v=
Hinh3)

w+u2=0 (inQ).
ZAHD Uy =u, =0 (in Q). WA u ITERERTH 2, (1) &b fIIERBETH 2,

B 2.24 Rez, Im 2, |2|, Argz DSEFRBREOEED A 2 1S LT, 2 THORTEETRWE LI,
2,16 TRLTH 37, ERBNOEROMESTEATRANI 2IE, LOME223H557F
QI B, FEBE. FRIERTH 205, dLHIHERTEATHIUI, ZOMEBR T
BB 1ZTTHEIDN., TRV CIWIRB O3, B

2.5.3 IERIEA% & FAMBIEL

LUNIZIAR 2 & 8 I3GBRNCIE 7 54 ¥ 7 TH 20352, lEH 2 F 5 &, T Cauchy-Riemann
FREXOEEICREL22L DD E2DT, HATI ZTitAT 5,

N N
el 2.25 (ERIRMOEMEIZATMBARTHS) Q 13 C OES. f: Q — CEIEH
ZT%Z% f@%ng ):E'nBU,U&i

U (2, Y)FUyy (2, y) =0, vy, y)+vy(z,y) =0 ((z,y) € Q.= {(m,y) € R? ‘ T +iy € QF)

R VD
_

J

AEEA BT f 2 Q NOREEDRO T/ 1B CEMBUERMEIR 2 Z & HEEIATZ 2 (&

fi?ﬁl)o I(@)X_\-U vl C® f\&‘fjééo x_.\_.“C(zi %0) K%E @Tn%uﬁﬂj_é
Cauchy-Riemann /T3 v, = vy, uy, = —v, DIWHDILDODT

Uz + Uyy =

0u 00u_00v 0 ( 00\ _ O O _
oxdx  Oydy Oxdy Oy ox )  0xdy Oydr

BEBEDEFEENRDZODIF, v 2 C2/RTHZZ iz (v D2 FEREREEIRM D DI
WK BRW),
Vg + Uy = 0 WDV THFAKTH 5,
n BRI u(xy, ... 2,) D
" 0%

(#) > 52 =0

/o3 %, u (ZFAFMBIRK (harmonic function) TH 3 W5, F7 () % Laplace F1g
I (Laplace equation) W9,
Laplace fEF % (Laplace operator, Laplacian)

S2TEHIBEEL D SEER « BEER u, v 1Z. BT CP WTH 2P, ZOIZ L DIFHHIZ T - LB S 20VWE Hkz W,
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PEALT, (1) %

Au=0
EELIEDNZV (A DRDODIZVEEELZLHH B,
FoEiE NERIBIROFE & BEISFMNBERTH 2 ) L2 Z e HkS, HRIFEED
FFIEEIZ. BFRNCIZ S 2 IERIBEB D FEIC 72 - TV 2 DT, ARG 2 2B o
BimThrdbE X 5,

R? OBERE Q TEFRSNAFMBEAEL w 120 LT, Cauchy-Riemann 12 (%) iz 7
FAMBAR v D Z %2, uw OREIZTAFIBIEK (a conjugate harmonic function of u) & FER, 1EH
B D R RIZEARD IR TH B L \\WH T kil s,

f 42. v D% u OHBLFFFBIETD 2 & . v id v OREHFANBEHTH 20 50EF2 K. (&
& THAZFAMBIR 3R S0, ZRETLxD ?)

Q DT HIUE, TR v ZEDI L F. u ORBFMBIEIL (b LFEET 22 561F)
EREERNT—ENICEE %,

Ml 43. 2O L ZAAE Ko (N7 PV 2 ATZ NIZIE, HEldF TRID) v 2 u ZHWTER
~TERERD X,

R 2.26 (EHEBHEFARRZRTD) EEOEHIFBKOEHES»FMEKTH S, &
W AR, BOFEAED L = (B 5 40EL DT Z &3, RIEROHAEFRHRAER C» I hi:
T, B x o EEVHEY, 505 EEENITIR CHS R0 o7, Cauchy-Riemann /7
BRI LT TER0DD, v, v 28 C? fRTH 2 Z EIFFEDTRWVD, ¥, Cauchy-
Riemann SR Z DL TEB LD (RISHNMLE ff = f, = %fy EWIHEkamr L72). w,
v CEPHTH B Z e DAIRIEEDL R o7z (FD e ZORITEEF T o7 — B r ol
F72WV), EB 5 ZEAENGEHZES ZEIFERLTOWARL2700d LAKY, ZDAD
i, FEREEHECHEHFAI D 2BEEE > TV I REZAREITEST, HLWV, =

Cauchy-Riemann FTERICBBRMITEL . WHLEDERD D 25803H 5 130 E (2 XRITOHE
7% UIEERETRIR DL R T > v oL « RN E 22). 2 2 TR 2 L MFRKEKAEZDT, 22
TYID BT, BZ2ASILICTR (250 01k EHEREEY THHELE ),

2.5.4 WEAHEE
[:Q—=C,c=a+ibeQ(a,beR) &TELZX, ZOEL - BHZzENZLEN u, v & L.
f= <Z> rBle. f1QR2THD, f = (uw uy> THHEINH,

Vg Uy

f@cfwﬁﬂﬁffﬂﬁszq@f”W%mfwﬁmﬁﬁf%w%:@ ﬁﬁ'

E HIZRADALD 3D,

(2.1) det f'(a,b) = [ f'(c)].

SN
det f'(a,b) =p-p—(=0)-a=p" + = |f' (O
3BV - (Vu) =divgradu = Au TH 305,

M T30 FEDE)] 2ENTHo=DRTE, WODRIZHIERTEIRCR D pRBELRo/7=DT, BELEL), &
ERBICEZEINEDRLL 5,
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N BRC
det f'(a,b) #0 <& f'(c) #0.
’h# 1205 . IERIBAE O WBEIBUE I, EEA 0@ 2RO U ZIUIEH L < 72
o FEBE f:Q > CHERIT, fdERr T2, Qo RIZCLRTH S, f'(c) £0
Z?ék<ﬁf@bhﬂ)ﬁﬁ P NFEREBNCE T 2 WK EHE D 5. f 1E fa,b) DT
SNEIBERET CF OR[N RN ER £ 2ED

(f-l)’<f<x,y>>=<f’<x,y>>1=p2iq2 (_pq Z) pi=up(a,b), qi= —uy(a,b).

D5 f B f(c) DT/ NS REEE TR ZZYEE ! 2Fb. 20 f~! & Cauchy-
Riemann OBRAZMZT Z 239053, @22 f~HIXIEAITH 5,

- T, IERIBAE D EASUERARETH 2 L WS EH 74 ZEFH LT L £ 213, B HE
HTHBZ BT BDT, FAIBEBICOWTOWBEBOEHOIHANE T 7125,

2.5.5 FAMN
fllo)=p+ig£0 T3 ZE, flc) DIRAZO L THL

f'le) = p+ig = /p*+ g%,
N AT cosf) —sinf
f(c)_<q p)_ P <sin9 cos@>'
fle+h) = fle)= f(e)h
DFSBUR
f(e+h) = f(e)= f'(c)h
oAb, ZNEFNh & h %
o RIX% PP+ BLT
o A 0 OEELE L7

bDTH5B, LA Z EBHEKDS (%:%M: )o
IV VSN EW%ﬁﬁf()#OT%h@\ b2 2MIRORAZZEZ N WS HE
(FAM) 2RO 0h D

Rk 2.27 FMFHRIZOVTIE, ROEHEPEHTH %,

35Cauchy-Riemann OBFERIE. ¥ 2 BATFIOR A (1,1) BT L (2,2) KD) B L. (1,2) KITD —1

%ﬁ@J)ﬁﬁf%%\Kmﬁ%#fﬁéopliw(ﬁz;)@%®%#%ﬁtLTméo
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D ¥ C O, f: D — C 23k, fITERBEKTRVwE T2 & XD (i), (i) X FAE
TdH 5,
(i) f1& D TIERIT® %,

(ii) D NOMWIES EBFEL T, fIE D\E T “FEf” Thb, (2L, 22T I#F
Al e, Rz oMo f Ik 2BIIERZRD. 2 0D b 2 ik IR
ZRTCE. Z2ORTAHEMAEZEZIADTAETHS, EVWIEKRTH S, )

J

AR 2. 2R K. =

ZOXETIE, (B2 OBBERDOTF A MR ZI LTVELII) Wde I f(2)£0
Zimi7z $IEHIBEEL f 2 FEABR (conformal mapping) LIFERZ 2 I1TF 5,

RDI-: 1 REH:
2\ [(p —q)\ (=
Y q p Yy

. ARIO XS WIEAEZIEAICS OF (MEHid 2 k), —Mic 1 REH UL, FEDIERTE
ZATIAIC S D50, SOHEEREAFICS ©F, (TEKIOES: xy FHT (0,0), (1,0),
(1,1), (0,1) ZTEHR & 3 21EHF. 2y FHT (0,0), (p,q), (p—q¢,p+q), (—q,p) ZIHRE T
ZIEAEE#L )

2.5.6 HREEIZETO Cauchy-Riemann HTED

(Z USRI D B B
Cauchy-Riemann SRR EMEETRLTAL I,
R* OFARE Q TERS B u,v: Q@ = RIIX LT,

U(r,0) :==u(rcosf,rsinf), V(r,0):=v(rcosd,rsinf)
LB, TOLE,

Uy = U@y + UyYy = Uy cos O + u, sin b,

Up = uz g + uyYp = uyr cos = —u,rsin @ + u,r cos

U\ cos sin @ Uy
Ug) \—rsin® rcos) \u,)
ZOTHDITANRIE r THED 5. r#£0 BROIZHITHIDFET %, £DL X
. -1 1
Up | _ cos'H sin 6 U, Y U, M= 0959 X sin 6 .
Uy —rsinf rcosf Uy Uy sinf - cosf
[FIRRIC
Uy Vo

o7

Thb, 38D



DD LD 5

(2.2) U=-Vy, Up=—rVs

ERMETH %,

2.6 MEZAORE

t%%ﬁﬁ\%@ﬁﬁ%ﬁﬁbgdtT%Aﬁ#&D@ﬁ&ﬁbto:@%%é%%@%
LTWAUEHZ 50 5 B X RETTH 20 (ZNEF TR L0 BT ), &
DEE TR TH 2 = LA E D AL HIATE 2, ROMEREITTHE L,

f 44. f: C\ {0} > C % f(z) =loglz| (: € C\{0}) TED S, 7=7ZL. log: (0,+00) — R
. MEDICHODN S EBERTH 5, flEVWED e IATHMITHRRNZ & 2R,

XFHI, MO TERVEMBEEEE, LV, E—AEBLFESTINSES I3H? (%)

B VS h, ZD#EFETI, %®$§§7\75§7‘—7}:L‘5Eﬁ¥)ﬂj§|§5< BV, o ED DT, 22iICE o
TS HTREZW log 2| ZRBbHTOREBELVWEE ST
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3 E&#

(BifE. Cauchy-Hadamard OEBZFFH L7z ETHW2 X5 ICHEET Z & 2T+, )
c B {a, o ZEFBEYNIE T 5 =, BIBUEKEL

oo
g an(z —c)"

n=0

e ’E%E\Z@‘%%%&ﬁ (a power series) EFEE, TH) BF X WOTY, MR NFik
BrdELS (MREE IRNFRE 2HEVET), BRECIERZ D 5,
ERBOZROEFETICRT 2 B cREIN 3 (FRBUERHR2) BIfE. BIFE (an-
alytic) &\ 9,
2% NERI=f#HTH) TH2 Z BB THD S
ﬁﬁﬁf@f%ﬁﬁiﬁ&@f(yﬁf%ﬁ\ﬁ@%ﬁ\%ﬁ%ﬁ<%mbﬁﬁiﬁﬁﬁ&
W), B EE o TR SADBBZEAL W,

3.0 1>»+O
HRICOW T, D LRDDFEE TSI LIRDZDT, 3DHDLWAH, £ ¥ FrEDT D,
ﬁﬂtﬁ}:%z—c (22T 2 BEH ¢ % a, BEALNLER) OFE LTV 2K

Boz E:%T:L\jo
3ODHEERERMT 5,

1. (BHESTTHDo7) e, sinz, cosz, logx, (1+2)* RERY, @RAE - RETEEDH -

fméio&%ﬁ(i%““iﬁbwffiwéiomﬁﬁj) AE 2 A YD Taylor
JEBHTE % (f 2: x—a"oOibﬂﬁ?%%mﬁfﬁﬁémfx%@i

A &:L%T@K% Z\ ?’E?‘%Eﬁﬁv\—y a v (BREEGIR) OERPF/ NS,

2. TRTOFBE an(z— )" ITHLT, SORMH LI 23 DBH D, Tk c &

n=0
LEFBMHE D(c;p) T (7271 0< p< +00). ZONETHIUL, FEELMAET D
SHBI . TR HIK 2,

e}

(Zan z—c) ) Znan z—c) 1:Z(n+1)an+1(2—0)na

n=0
) b
/Zanz—c dz—Zan/z—c dz—zan[%k.

(22T C & D(c;p) NOEEDX AN S MR TH V. a, b lFENLZEN C DI
B, ERTHE, KIDPHE, )
>0 ThHse =, FEIICRERETH S v,

<
STORATD () ICHEINOREELS (B WS HP#EYINZ? ), ThhAL D) BRATHEZTWRP S,
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3. (BEEBEGRO TR (A DHE) O—2) TR TOIERIBEIIERBUERR K 2 (IR
T HRMILTRE D)o MRS 2 FHRIEXDINILEAITH 2525

A = BEATHY (B R DI CINHERIL TR E D)

EERD. DIV LFHLIELL, QO C OMEST. f: Q- COEAIE T2 L &,
(QDHEERDT) EED ce QIIXLT D(ce) CQ 7% e >0 DBMEET B, 5
3D 2EEBA {an oo BFIEL T

fe) =3 anz =) (2 € D(ce))
n=0
DD LD (BB NEEH),

BB S 72D12, ZiEEoEmO DB B WD, BEERN TR DR E L-0
T, C DFERMEIZOVWTOEmIIEM T 5, 3% A1 ZHELZDOT, BELE-VWAERZS
L RTRXW,

BELDPR DFFEFRICOWVWT D, WHEDETHITHICHEA TS IXT DT, T ERKS
o (JEk A2 ZHELZDT, BELEZVARZZLELZR TRV,

3.1 EHRBOINERH

(ROGEE, ZETIE c =0 DHBERIHEHZEL DDBRW2D LARWS, bz ¢ &7
2. BHNAPEHICHZTLES, )

iR 3.1 {an}nso ZEFEII ¢,20€ C T %, Zan(z —o)" D 2=z TPRT 2%
n=0
HIEL |2 —¢| < |z — o] ZHi7zTHEED 2 € C 10 L THIXIR S %,

SIEEH lim an(z0— )" =0 TH 5, (—MIZ NIRRT 2K Zan DO— I 0 WZIPCRT 5:
n=1
lim a, = 0.1 DD IO 5, )

n—oo

RANIERTH D1 25

(3M € R)(Yn € NU{0}) |an(z0 — )"| < M.

TorEb = M|EZ—S| ey
Z0 — C
z—cl|" z—cl|"
Y NU{0 (2 —=0)" = |lap, (20 — )" <M =b,.
(v € NU(O) Jan(z — '] = lan(zo — | 225 < | 22C

Bli=z—c,(pi=20—c B, rZanC” B¢ = C TPCRT 2 51E. [¢] < |Co] ZMi/z3HERED ¢ 12t
LTCHRINER S5, WO MERBEINZDT, c=0 DEFCHHTUI T TH 2] K BVWE-TEL,
SIFERR 5= Zan, Sn ::Zak rBLLE, 5, > s THBID, sp_1— s DWDID, WZITn—>00 DX

n=1 k=1

n n—1
an:E ak—g ap = Sp — Sp—1 —> s—s =0.
k=1 k=1
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BN {b,} ERE (2 —¢) /(20 — )] <1 DFELHRETD 2 DTIRT 5:

= M
;bnzl—\z—

cl/ |20 — ¢’

W 2B DER (EH A5, p. 250, KIFEMC LK RWRD, T MERBOEH,) D
HZRNT 200D TH 2, ) 225 Y an(z—o)" BHMIERT 2. m
n=0

% 3.2 {an}nso ZEREBIN. ¢,20 € C T 5, Zan(z —)" P 2=z THHMTI2%H
n=0
3. |z — ¢ > |20 — ¢ 27 THEED 2 1T L THNT %,

EIEHH ﬁ%ﬁ) 5 |_|Zl — C| < ‘22 — Cl DL %\ 29 'C”Xﬁi?‘ﬁ@i 21 "C“W?ﬁj‘éj 7373\6]\%7)57\773\\ z
DIMETH 3, =
4 N

EE 3.3 (BMBOWRFADETE) {a,}nz0 ZERMI, c€ C LT 5, BRI an(z—

n=0

O A LT, ROWFHd— DRI T B,
(i) 2 = ¢ LULDIEED = TEFEGIITH L0,
(i) FEREOMEER » CEABIIINHT 5.

(iii) HBIEDE p DFIEL T, |2z —¢| < p BOIWFERBIINER L., |z — | > p BHIXE
WEUIFERT %,

J
SRR (R TIR. MZzfwTiiiT s ohrd LAk, TEbA 21T, XREHEINEICH
HIAAE T, ZHUIHEE — PR TTRE W) L Eo THBEIREEE %, )

A::{ZEC

EBL ce ATHHILWHEETS (2=c2RATE2En>1 1M LTa,(z—¢)"=0T
HEDPOLPRT 5)e KD IDIHERT T TE S,

D an(z— o) BICRT 2 }
n=0

(i) A={c}. bbb, c LADTRTOEIBHTHRINT 5,

(i) A=C. $&bHB., IRNTORZHTINKT %,

(iii) (i), (i) DWVWFTINTH 2R,

(i) DHEEEZ b,
(i) THRVWODT, Fz. € A\ {c} ro:=|ze—c| EBLEE, |2 — | <ro TRIRT 5,
(ii) TRWVWDT, 2 € C\ A Ry:=|zg—c|l £BLEZE, |z -] > Ry TIIFHEMT %,
0<ryg< Ry THb, DIK, :fj\ﬁi%ﬁ725o

R
pozzroz 0 v,

e c+pp € ATHNI |z—¢| < p THENINEKT 5, TDEE r:=py, By :=Ry £BKL,

e ctpp & ATHII |z—c| > p THEUIFHEMT %, TOLZE r =1y, R :=py £BL,
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EboD5ED MUK |2 — o <rp TPRL. |z —¢| > R, THRMT 2, ¥/

Ry —

ro<m < <Ry, Ri—1r= 5

NI AIRVASR
DURFERIC LT, B {r,}, {R.} 2MEB &,
o {r,} FHFAEMESITH D, {R,} IFHFHDBINITD %,

Ry — g
on

o FED n T LT, MBI |2 — | <r, TPEHL. |z —c| > R, THIT %,

o EED n ITHMLTr, <Ry, Ry —1n =

X INEICE D, {r.} & {R,} FHEEOME p IZPERT 5,
p>1rog>0THEN0PH p>0.
FRAENT |2 — ] <p TPCRL. |z —c| >p THHT S, =

(i) DJBEW p=0, (ii) DHFEIC p=+00 £FT 5. BRI KD LS IT—DIZELDHH
3,

53 p (0<p<+o0) B—EWICTFEL. |z — | <p TUER. |z —¢|>p THEEHT 3,

WHE. M D(e;p)={2€C||z—c| <p} DFZE p ZEDETH 2D, p=0, p=—+o0 DI
BHHVSZXITT 5,
D(c;0) =0, D(c;00)=C

ERIRT %o

e M
& 3.4 (INRFRE, IRA, INREHKE) FOEED p 2 FHRBOINRFER (the radius

of convergence), {z € C||z—c| < p} ZEMIMDIERM (the circle of convergence) &

W5,

BB DOINFZED 0 TRV (IEOBEIE 00) ¥ &, ZOERBIPRERI TH S &

L\5O
N /

AR 3.5 ( RFROERZEANL] EEDNS) URFEEOERIIMD? LI:AQALNT
BEZONIBZVADZ N, FICEWLERI T LOEHD] tH20T, 2505HEOEL L
TV WD LAZRW, BRE2D LAWY, —DDEZRT,

a N N
0<p<+o0 £iF p=+400 &F 5, p BERE Zan(z — )" DIFHAFETH B L3,

n=0

|z —c| < p mBlX Zan(z — )" WFRL, |2 — ¢ > p BB Zan(z—c)" EFHERT S

n=0 n=0

Kzﬁi‘)ﬂzbﬁo:t%mio

BWETEW-EHZRUOEDHEZITHRLY,
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Bl 3.6 (o L HBHAERE. FHEHK) (c=0,a,=1 L) 2: EZ XS5, Th

IR 2 OFHAILT D 20 6. IOK - FERD BRI 25TETH 5, f“a“ 71 R B e 2] < 1
THIUINCR, |2| > 1 THIUIFHENT %, OWRAIIERFEREIT 1 TH 5,

(D7 T 212 DFi: |2| > 1 THIUIHKHT 2 Z Db, 2| > 1 THIUIHKT 5 Z
EEINDL (YD), WRIWCec=0,p=18 LT, lz—c| <pRBIWELCRL., |z—¢| > p
BB T 51 LW LA 5, ORI 1 BIRERTH S, )

W ZAICPERME D(0;1) ={z€C||z| <1} =

f 45. EOBITIRNRT Z & (HRFLLEOICRSEM) Z2HEElE £
{an} BAHoTVB L &, 200D p 2FET2ARE 20N T 2. ROEHII,

XD F DI RWVD (ZNTHMBOBR THN 2 BN DOZ S ZNHEAEETH %), 5
DODBEHELZ DT, BIZOFE3RZHDTH 3,

~
iRl 3.7 (REULLFIEE, ratio test, d’Alembert D¥IEE) {a, o0 ZEELII. c€ C
3%, B an(z— )" KOWVWT, HBIEBPLEDTNTD n iHLT a, #0

n=0

THY

Kiﬁﬁﬁﬁ?‘ 27613, THRUFFEPILDIHAEIZF L W, y

(“d’Alembert” 1% &+ T ¥ R—)L) LT,

ZZT MMEET 51 tid. MRAFET 2 (IRT %) 2, lim =400 &2, WS EK
Thb,

DD ST ULIE. ()|z—c <p DE XIIHEFE L IR LT, B EM % v T
WT2Zr%RL. (i) |z —c >p DL &, —IED 0 1TBIRL AW L 2R LT, ik
IHBT 5. LR 5. )

SR o — 0 OBAICIETAUS AL, Tim |0|La '| P LB |2 < p B HBITEL. 2] > p
n—=00 |Ap41
BOIFHMTZE2 I ERT,
2| <p &T 5, 2| <R<ptZsd RZH5, (p< 0 ZBIXR = 2l +p £BL, p=o0
BHOIE R:=|z+1 &BL, ) lim \c’za " p THZ215. (AN €N) (Vn e N: n > N)
n—=00 |(p41
o (chug || o L pmames),
Gni1 an R
ZDEMEENTT N 21O, m>0r2T3L
’aNerZNerl _ aNaN+1 ) ClN+2____ aN+m SN m < ‘aNz ‘ (M) _
aN  aN41 AN+m—1 R

EWHEZ A3 Yn> NIZH LT

’CL z”]<|a 5 ’<|Z|)H—N
n — R .

40Jean Le Rond d’Alembert (1717 4E7 Z ¥ A D Paris IZAEFN., 1783 F 7 7 ¥ AD Paris ICT%T %, ¥
. VA, BUEE, )
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R DRI X D Z a, 2" FPURT %,

2> p £ F B0 || SR> pEiBb REMB, (p=—+00 DL XEFEZKLTHRVDOT,
R=EE2 y misiga, ) lim p THBME, AN eN) (YneN: n> N)

2 n—roo ’anJrl’

Qp, Ap+1

Qn

<R (ZHiZ >% LEZEED).

Ap+1

FEREBRICLUT (L LAFES DR F TR o T) Vn > N I LT

|a,2" > |anz"| <|Z|>n_N
n i R N

W 2T a,2" 1Z0 IR LR WD T, Zanz” IHMT %, =

n=0

B 3.8 (ratio test OF) >~ OUTKERE | THE, Kla, = LBL
n=1

1 1
lim 0] = lim n = lim <1—|——> =1.
n

n—oo |an+1| n—o00 n n—oo

IRME D(0:1) = {2 € C| || < 1}.
IRk Z— DIFHERIZ 1 TH Y, PERAE D(0; 1).

n=1
n

— (exp z @ Taylor JEBH) DICRFLE +00 TH D, FEFE a, = % eBLlt

n!

o0

W

o

n=

!
lim 2 = lim (n+ DV _ lim (n + 1) = +o0.

n—o0 |an+1 | n—o0 n! n—o0

@ ZAYURME C.
AR > nlz" OUECERIZ 0 TH D PRI 0.

nO
n

Z 2k: ¥ (cos z @ Taylor EBH) OPHCERIE +oo TH D, EIE (=22 Bk

k=0

n

2k — (-1 n
B g ((271;! ¢

(=D
Z (2k)!

k=0

64



I3 ¢ OBIKTH B, 2T OMRKEEMNB. 0, = 0 wnly

2 1))!
lim 9l COED o 9y @n 1 1) = oo

n—o0 |an+1| n—o0 (Qn) n—o0

DIHEED 400 THE 005, T OEMBIIMEED ¢ 1T

0 (¢ 0) T fj ((‘ ;

PP MERD 2 WL TIORT 3 Z e A B, W

ZATIPRFRE 400, PRI (C n
wia 19l o il o EELL 2312 A0 |0, ORIABRE BIEE. I

|an+1| |l

BIRAX B BT, LEAIUSHESEL VL HZTBE5, HEVE Y (;) (S
=0

T(ZHIFELETH D PCREMD 2| < p TH 2 Z 2 IEHA). PEREED p LW
RH 20085 D,

5.z 6 NI BB DRED S SRR 2 R 2 BEICIE, B2 ERTIER L 5§ 2 250
Hb, TNDRODEHTH 5,

~
2 3.9 (Cauchy-Hadamard D3, Cauchy-Hadamard DHIFEZE) {a,}ns0 T HE

FHA|, ceC 35, %f&ﬁﬁZanz—c DIHFZEZE p &5 5, L:0,12%—00
+00

0
@ﬁ%@%tf\mﬁﬁ&bioo
1

B lim sup V]a_n|.
N . J
FERAD H &5 Clid, d’Alembert ERICTH 2, TRDB, |2 —c| < p D& TZFFHHE L I
LT, BHRBOEHZHWCTIREZRT, |2 —c >p O & —RIED 0 1T L7
WZ e ZRL T, RBUIFERT 5. LS 5. )
EEDOEERD {a,} IR LT, limsup V/|a,| BHEET 2 DT, (3.1) ZEEDERIDIN
FERERITLDRICHE > TVE (ZOEKTIX. AMORKTH ),
INZFENZRTDIZiE, BY O LR limsup (8% A.3.1(p. 253) ) 2 EHE T 24
BN 20, ZHUEH 2 EEORBSBEICKE 2 DT, R TIEHHEEKT 200 LAk
W (FEEIZE- T, FBALZED., BALR2 o720 5 5%), GEIEAEE A3 THRATEL

(3.1)

il 3.10 Bl zX 22"2 =2+ 420 DRI BBBIERBTHD (n DFEHETH S
n=1

EEIZa, =1, Z2TRITNUL a, =0). PRFED 1 TH 2 Z 23D LEZNUITD 505,
RBULHEEOFEHE RN TH 5,

limsup {/|a,| =1

n—oo

ThHHZIET S 5DTY, Cauchy-Hadamard DA 21X, Wﬁﬂéﬁ:@i - =1r1%

MYan| 30, ¥ 1 THD. 1 s n (FHE) BERICKESSAFET Z2DT, sup V|ax| = 1.
k>n
limsupa, = lim supa, EWVWIRKX (B> TIERXTH Z) LD, limsup {/|a,| = lim_sup Va| =
n—00 N—=0 k>n

n—00 n—=00 k>n

lim 1=1.

n—oo
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5%, m

-
% 3. 11 (GB&AR Cauchy-Hadamard D) {a,}.>0 ZEHEIZESI. c€ C T 5,
e Zan z—co)" DPCRF¥EZ p &5 5,

lim +/|a,|

n—oo

BHEET 3 72 D13 %.O — 0,1 = oo oD B LT

Oli—l

R D LD,
B 1

g li_r}n Y/ |an|'
N J
SERR  —f%IC. lim PHEE T 5 & Z. 23U limsup ICFLWVWD T, EM 563 SIS
b5, m

Bl 312 B S 20, S 3 oIRERIZZ R EA % é <H%, oML LTHELA
n=0 n=0

,&&§:T+y%zmmﬁ¥&u Thb, FR
n=0

2" + 3"
2n+1 _|_3n+1

1
3
TH>DZ b, d’Alembert DNTUT K DﬂYﬂi¥T¢Ci —. m
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n—oo

E-SAr zo@W%%mﬁwwtLf%%hé%ﬁﬂ@ﬂﬁ¥ﬁ@\%m®%Wﬁ®Wﬁ¥
&®m¢{2%6 %%@mbfmt# ZHUIIEL L 72\,
FS 46. FLAREK Zanz”, anz” DUHAEEDZN N Ry, Ry Ty 0 < Ry < Ry < 00 %

n=0

FROE D (a,+b,)2" OUHERE Ry THDB Z L ERE

n=0

RS 47, B a,2™, D bpe" DURERST I R 25 5,

n=0 n=0

(1) (an +by)2" DIHRAFFIE RULETH 2 Z &2t

Mo 10

(2) (an + by)2" OUCERFED R KD REWHIZ DT X

i
[e=)

3.2 FEEHD—HRINEK
3.2.1 TE&ECH
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—HRICRDER LD Z 2id, EDO#ET B, R&REI LIS 2 AJREMED
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ZDIETIX, C DR EEERRE T 2BBEELNRL T2, &) —KOEEITH
AL T Dm0, BT 512 OEDEISEFBGEHEUNMCHRCHTES,
KRB DIERIM Y, TERIFE MBS 2 TE oWV TR, 8% (§§3.2.2) ZHEL TBWV =,

BIEBIDIRE LT, o bR DDIIRDZRINEKHTHA 5,

( N
E#&E 3.13 (BHINDZHUGR (BMIER)) K 13 ThVWES, [ K - C {f,} T K%

EFRIBE T2 EBBEREEBI (Fn 1L T fi: K-C WS 2k) 232, {f,}Df

2 K T (K ®ET, KIZBWT, K k) F2UR (converge pointwise) 35 & &,

(Voo € K) - lim fo(z0) = f(20)

J
ZOEFRICROBEZ T TRICE 2B LWws, FidZd F DRI W (BRICRS 5 2
EDOEFLMENDHEDIRN), ZITHRICRE WS BERZEAL L5,

(BAN DI IZIFFZERNC —FEEDO IR L 227 nps, BIBFIOIHRIZIZ B 4 IR E D 5,
BEGHTIX. —BRIGR e, 202D LIRR L 2R —HRINOR 2 W 5 b DHRITILD, )

MR DITOZ B2 WNWS,
N

e N
EE 3.14 (—HFRINR) K ZZTRVES, f: K = C, {fi} ey & K ZEFRBE T 5HER
BEREES T2, {fu) D fICK T (K DET, KIZBWT, K k) —KIGRT3 ik

lim sup| fo () — f(z)] = 0

n—o0 zeK

DB DIDZZWVWS, N
K%i%ﬁt?%%ﬁﬂ{%hwﬁbétg\%ﬁ@ﬂﬁ}:%mwﬁKTWK®i
n=0

T, K BWT, K L) —HICRT 5 213, BRI s,(2) = Y al(x) (v € K) OfE2H
k=0
\ﬁﬂ{%hmﬁﬂ(fgﬁﬂﬁﬁélk%m5o

J

FED e K 1T LT

(o) = f(20)| < sup[fu(z) — f(2)]

€K
THH)5,
BEFH—RINE T 54513 (R CERREHKIC) EFRINERT 3
D2 I T LD D L2720 (T RISHEN T 200 B L 725 ),
—HRINRIFERINR & D HEBVERHETH B,
RS 2720 Tld, taxlo7z (7) 22k %,
(a) fo DIITRNTEFBEAMTH o TH, MR fITEHREABTLRNW 23D 5,
(b) WhWw ZIEFIED (EFIXT RTINS DD LR NZ DD 5,
26t 5T, BAEEI {f,} H LT, FAINEOERTOBIR £ 2RO TBHE, (£} 2—BIGKT 202 5
B {fa} B FIC—BRICRT 28 520, 205 REICR 2, BROFEOIGEAH 2 Fh Y, BN f 4

BREDZ2DFI TRV, EWVWS e THd, LT o, IDBBHRNKITONWTHERELEH O LI
AQN
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RIZ—RICET 3583, 20220350V, 2O 2IXKIE 3.2.2 TR, T I TlE
£33 (a), (b) DHIZRZ Z 21T %,

Z ORNIIEFIE D DERZIBRTH L, —fKIZ

Tim. fn( ) dx = /K lim fo(x) de

DB DIL->TWVWDEZ (lim & / DIEFERNIZHATE D & Z). {fatnen & K ITBWTIERITE
43 (term by term integration) iR 2. HHFEITAIRETH 5. LW I,

f 3.15 (BRUNKR T 2 EGEMI OBBREAMITERTHEWVWC LD H D) f.(z) =tan L(nz) (z €
R,neN) &3 3,

)
)
<0)
rBLe, FED 2 € R ITHLT, lim fu(x) = f(z). (@ =0 2O folz) =0 XD
lim o) =0.2>0 %51 n— ooTLODOOZaé’ nr — oo TH225, tan'(nx) = 5. 2 <0
DY =Rk )

WA {f,} 1 f IR THANET 5,
=77 o 1F FICRRIIGRIE LR, R

sup | () = f ()] = 5
rz€eR
DI D 3D,
fo BTN THEGBIKTDH 5, I NEGEEETHZY, =
BRI 230 e, —HRINRE S, HARD D TERWEBSI0FEAZDHIFTEI 5, %

ETIODHDRHBRITZ2DF. AT DI RYAXERMT 3RO TY, XOFIH VL
VARYAR

il 3.16 (BLZDIEF (witch’s hat), FRUNK T ZEHFISEHNBEAEREWVWC LHH D) &
neNIKMLT, fiu R>R %

n’z (0<z<i)
fa(z) = —n’z+2n (£ <z<?2)
0 (<0 FiZz>2)

TEDDREE (V772 9). FED 2 e RIIHLT

li_)rn falz) =0.
TOBEEI {f ) ey 13 EBEIR f(z) =012 R THRANES 2, ZhzliErs 3120E
(RDERIC X B L)

(Ve >0) BN eN) (Yn e N: n > N) |fu(2) — f(2)| < e

B EENM Yy 77—V 2 Z&# ) T, FERERBEEO Fourier FEUIR TV B ANZWNET, 2505 ANk, E#
Tt PR (Fourier #AX DFR 3 FIEIERE) DA RUNKARR DI AEREIT 22 e D3H 2 DA > TWwd NET o,

U TERT 2R o7 LBERICR > TLE o755, BDXARTEEENS L 5WVWTE
Do TW=EDPEL LW, Thay 4 — OO T ICEIT D),
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ZREIE &0,

(a) 2 <0 DEFAH: EED n e NIZOWT f,(2) =0 TH 2205, N=1 TRV,
(mx>0®%éJV>§%ﬁt¢NeN%mmwam%

—7A.
sup | fu(w) — f()] = n

z€eR
THHDT
lim sup |f,(z) — f(z)| = oc.

n—oo zeR

(MFR 23 0 1272 572D T) W2 { fu}bnen (& [ IT—BRIBERIZ L 220,
77 7% FEIT o0 B LI FEDne NI LT

| nwir=32 =1 Enpomm)

THE05

n—o0

lim /_an(x) dle;zéO:/::f(x) dx.

THDOBIHFIETIITER N, »

3.2.2 —RINERDHDOH=H

e 3.17 (EHREYIO—HRINRIERIZER) QCC, [: Q= C, {f.} 13 Q LOESRK
EEHREABI e T2, {f,} 23 Q E fIT —BRICRT 246013 i3 Q LERTH S,

S 1 c O LT B, (FEOEDK « (HLT. {fu} 38 Q F f1c—BIGRT 5 2 ¥ b
(AN eN) (Yn e N: n > N)

sup| fu(y) = f()] < 5.
ye

v EQTEBETHE06, (30 >0) (Vo € Q: |z — x| <9) [fn(z) — fn(zo)] < 5
WZIZ, € Q,|r— x| < THIUI,

|f(x) = f(zo)] = |f(2) — fn(@) + fn(x) = fn(wo) + fn(20) — f(20)]
< |f(@) = fn(@)| + [fn(w) = fn(zo)| + | fn(20) — f(20)]
Séigg\ny)«—(fN(y)|+—|fN(aO —-fN(xo)|+—§gg!fw(y)-—‘f(yﬂ

EyEL e
3 3 3

ZHUT f D xy THBRZIEZRLTWVWS, =
3 48. i 3.15 OREEA {f,} 1T L TiE. FRPCROEKRTOMIR f 1% 2o = 0 TEFE T
2\, A 3.17 OFFFHD ¥ T O LR wh, B R K,

<

45 THURMRNT) ZZELIABNT: 2505 N BEETIZ I ERTDIE, TILFXATRAONEEM S DI
T,
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RERDIZEDIER WS HEANES

ARUHIMBER ZF SRR IRNE e 2IThe, BRI TV IAREMESE VDT, T H o
RN T B, 20DFEHE ZOHEDHIAT 22, FAXE THREBLOBWIEHTH % & [
T3, BEBRDOGE S FEKOIEADATRET H 223, £ D7 DIIFE R DS %i?&:?‘

%‘gip%é@f DUIF->TRX W,
C TR D79, Q#%%i@ﬁ%ﬁ[ﬁkuq®% WEMZARRTEHAT %23, % o
~W@i BIZERDNDZ e ED 5 THA S,

a N
8 3.18 (—HRINK % SIFTEBIFESDAIEE) [a,0] & R OX[. {f.} & [a,b] LOEZEMHE
HREBIBBIT, n— oo D& ZBIEL f 12 [a,b] THRICIERT 5745613

lim fn ) do = / f(z
n—oo

_ J
SEBH  f1d (G BRI & 72 B BIEE O—RRINCRMR TH 2 00 6) i TH 5 Z L ZHEL
< sup |fu(y) — f(y)] / dx

THL,
[ wwae [ s as < [ 1) - @
y€la,b]

= sup [fu(y) = f(¥)[ (b—a) = O.m

y€la,b]

(fn( dx

b & ORI f, OEfEltED f ot 2 E < 22 BRI L) (B RPCRTIEA R, —HRIX
Wiz 5 OK), WArREMEIZE 5 R 200 I ZTEROEBEHENLTEL,

/ﬁ%319R@Zﬁ[z@di@Cﬂm®%ﬁﬂ{ﬂ%mﬁM%# h
(1) {futnen En > 00 D EF, HEBE f 12 ] THERUICKET 5,

(2) EBIBH {f fnen 1En— 00 DEE, HBHB g 1T I TERIGKRT %,
\%ﬁk?ﬁ%@\f@[fcﬂﬂf\f:g%ﬁk? )

GEBH EED x € [a,b]) WXL T

+ /am fr(t) dt

DD LD, n— oo & L7t Z DRI

g (FEBRIBSN O —RINFMRTH 2206, HHTH L I L IKFERT D&, f IO AHET
f'(w) = g(2).

g FERTHE06, fIECTRTHS, =

R 49. D OERICH OXE
i, g(t) dt = g(x)

R,
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3.2.3 Weierstrass @ M-test

RIZHAIT T %5 Weierstrass D M-test (&, HERZRETH 24 (— IR ZFEH T 2355 DL
P ETHEONTWEZD TRV Bbh3),

a N
FEIE 3.20 (Weierstrass D M-test) Q 13Z¢TRWVWEE. {a,}nen & Q LOBEESA (%
ne€NIZHNLT, a,: Q— C), BH| {M,}nen &

(i) (Vn € N) (V2 € Q) |an(2)| < M,

(i) ) M, EICR
n=1

BT T8, ZOLED Ja| &Y a, & Q TRIGRT 5.,

K _ n=1 n=1 _ j
WA E 1Y a0, 13 Q TRIEHIRT 21 2V I ASBV, FHT Y a, 13 Q T4
n=1 n=1
IR $ 2 U (72 o EBIRED R 2), ,“zTE:% ) HERHNER T 3 (720 SO EF A
ZZBHN5),

SRR (EHEZ DD OPERE O EIIIAITY 2P, FEED BN O EE DD ANN—-Y 2 &~
Ty AWRLDTH S, BHRBOEH Ver. 2 LFWVALWVLHV, )

n

Sn(z) = Zak( Z lag (2 T, = ZMk

k=1
B, FEDneN, zeQ,meNIZHLT
(*) |5n(2) = 8m(2)] < [Sn(2) = Sm(2)| < [T — Tai
N A RVASH
EE. n>m D xE

|sn(2) = sm(2)] =

Z DHEBIZONWT

Yo @) = lan(2)] = Y lan(2)| = Sul2) = Sm(2) = |Su(2) = Sm(2)]

k=m-+1

> Jar(z |<2Mk_ZMk—ZMk_T — Ty = | Ty — T

k=m+1 k=m+1

OIEERIC R 2y B/ (R4 PUEENT:) ZFATOW T, EAR (F4) B—RIGROMEE L TWw 5
CWIHIL DR DoSz, BHELWIEZEMBRMML TWE WS 2 2EF IS Vo725 LW (O
BDH>HD—D), TH—HIEHEWVWIDIFZARICH LW 2 TIERVWE RS (K-> T, BZOHBITNT
LES7DhRD?), BBDI I 72 H0THEINIA X =3B TH 2 (LESDRETY), FEBICEEADH
KDV TIE, HBO—RICROEAZA T, FRE 2D Lrkwids72 < swWic#Eibyl-T, —
FRINK ¥ Weierstrass @ M-test &t v P THZIUIEWEE S,
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ML D LD DT,
180(2) = 8m(2)] < [Sn(2) = Sm(2)| < T — Tl -

m>n DEE. m&nzZ AVEZTbDHRD OB, Z1d
sm(2) = sn(2)] < [Sn(z) = Sm(2)| < [T5 — T

CEEXEED (|by —bo| = =0y — bn)| = [bn — bin)o (%) DIRE Tz,
RE XD {T,} FICRFNZ DT, Cauchy FITH %, (%) 226, B {S.(2)}, {su(2)} b
Cauchy Y| TH 2 Z e 30 h %, C DEMmIEICL T, ZRHINRT 5, 22T
s(z) :== lim s,(2), S(z):= lim S,(2) (z€Q),

n—oo n—oo

T := lim T,

n—o0

YBL, () Tm—ooo &F5L
(Vz € Q)(Vn e N) [su(2) — s(2)| < [Sn(z) — S(2)| < |T, — T .
(HPNWZEZES L (V2€Q) (VneN) DIERZANEZT) 2€ QITOWT ERZH - T

Sup [sn(2) — 5(2)] < sup [Su(2) — S(2)| < |To — T
z€Q) 2€Q
n— oo D ELHMNI 0 WERT Z2DT, {S,} & ST, {s,} & s T, Rz Q T—HI
K%, m
ROEHIIEHTHD (EH 33 &ty MITLTHZ ZNE),

- A
EIE 3.21 (BERIIICRAZADOES OB T—HREXTINERT D) {a,}0 FERK
Bl ceC tF B, FRED an(z—c)" DIRN¥REE p T8, ZOLE0<R<p%

n=0
Wi HERD RISHL T, > an(z—o)" BB K = {z € C| |z — | < R} L—Hhit:
n=0
TR S %,
\_

J
filifd 3.1 TlX, FEFHICENE O 2/ - 7223, Z DD DIT Weierstrass D M test Zfif -
THRL?Z, WO KO RBRTH 5,

BEBA p=0 DGEIE. K={c} THDH., 2=c DL X, Zanz—c) =a+0+0+--- T
n=0

HBP5, —RRIHOIIER S 2 & i3I 7%

L/{Tp>OZTE)oR<T<p7ZC%r%3HYE> (p<oo7260jfr—

r=R+ 1)
z=c+7r TIHRTE05

R+p,p—oo VA4S 4

lim a,r" = lim a,(z —¢)" = 0.
W2 {a,r"} BERTH 2, Thbb, 25 M eRDPFHELT
(Vn e N)  Ja,r"| < M.

by =M (B)" 5%, |- <R E2AETEED 2 1ITHLT
\an<z—c>”\S|an|R"=|anr"!(§) gM(E) b,
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ZLT

> M
E:%:1fmr(ﬂﬁy
n=0

Weierstrass @ M-test 12 & - T, Zan(z — )" X, K = D(c;R) T—RRIZHEDR T %2, m

n=0
ZOFEBICE D, BHBUIICRHA ORI CHRETH 5 Z e300 50, T RICH o 2ill
IERI (9 PTEE) THHZ e B2RTDT, ZHUIOIOIMEE L TEPR VI LITT 5,

Rk 3.22 (AN MESZH>TVWAAREIT — FEEWV NEE—HKICR) ) LoEH%
TEARBUIPCRANTIAR IR T2 b RBATE27XFA M H2DT, PLIHALTH L,

D(c;p) NOEED a7 VEG (SDHEEE. D(c;p) TEENZ2HRLHALREDZ L)
. B R<plTRLT, {z€C||z—c¢ <R} TEENZDT, BEFEZ D(c;p) NDIE
BOary Ry MEEETHRICRT 2 2 nh s, 2D % D(cp) CILE—RRINEKRT 3
WS (EETIX, ZOHDFIEXD T, “uniformly convergent on every compact set” &5
DHE@ES L), =

3.3 RERi#BDIERWMS
3.3.1 ERBOERNHMAEE (Abel)

e A
TIE 3.23 (BB OERIMS TEEMY, Abel) {a,}.>0 ZEFELKI ce C T 5, FHRE
F(2) =) an(z— o) OUHEREE p LT DL E, 1 D(c;p) TIEHIT,

n=0

o

f'(z) = Znan(z —c)" = Z(n + Dant1(z— )" (2 € D(c;p)).

n=0

KEE@%%&%&ODWE@&%@ p TH5, )

(FERBUCBIL T, 5 1D Abel KX 2 HHBREHDD 5 (EH 3.45), LA Abel DEM
EEZARELLZEOHTANDANRZ VDD LIV, )

BEEA ¢ =0 & L CREHTRIERWV, g(2) = Znanz”_l £B<,

n=1

FHEL g(2) DI (Z na,z" DENEFRUTUTH S5 5), Cauchy-Hadamard DT
) '

1 1 1
limsup {/|na,|  lim /n limsup V/]a,] 1-(1/p)
n—00 n—00 n—00

0<R<pZhi/z3EED RITHMLT, f5 D0;R) TIEAIT f(2) = g(2) ZiMi/lz3 2t
ZEFAL & 5,
e BIEEDIEDBE T 5, g(2) 1% |2| < R THONICGR S % DT,

> _ £
> klax| R* 1<§

k=N+1

TR 253, 2 Z Ok TR T 2 Z & LEb 7R,
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723 N € N 23 i 5.,
TED € D(O;R) ¥. z+h e D(0;R) ZHi7=3EED h # 0 1L T,

anz—f—h
= [>- o>

N
h kK Jk
((Z+ I?L < _kzkl) +
k=1

fz+h) = f(2)

2+ h)k— 2k
> alHh=s

k=N+1

IA
(]
S

FOE LHEICOWTIE, (N =kt TH B2 S, b BEohSFh

i —Z+h — )| < £
k= 3
72 (]2] <R, |2+ h| < RZHFEETS L)
|(z+h) =2 =|z+h—2)[z+R)" "+ (z+h)" 2+ + (z+ h)Z" 2]

< Il (12 + A 2+ P2 e L) 2 *1)
< |h|kR*!

ThHrH015, HUE2EIIOWTIX
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Zak%g

k=N+1

> 3
§:|%MR“1<§

k=N+1

A 3TEIZOWTIE,

oo
Z kapz"1 <

k=N+1

> 3
E:kmmm4<§.

k=N+1

Wz Iz
f(z+h) = f(2)
h

IR f'(z) =g(z) ZRLTWVW5, =

Rk 3.24 CERAROERBOIRFZEDTOZERBOENLEREL C EDOREE) LEOFEHATIA,
Cauchy-Hadamard ORI ZHWT, [ & g DIREED T 5 Z & 28 W, BETIE
Cauchy-Hadamard QN ZFEA L7222 > 72 DT (LR OMHEDOFHHD S1X- 7). 2z H
WO FED — B2 N TA L S,

BZOHIE S TREPNRLE ZAT, MTHHEANCHERE L TEL L, ToEXDRRTEE51CR2DOD,
FNTEL R o7 ORI ERICH TR E DD H I h -2 ddbh, iEFHLRVWD DZS DIXKE
HEBENDT, FHORVWTIHALTAXS, WS 22 Thd, 25 LTilHEE-> TARKT, K 21 2R
oo, BRAEDRU ORI E2 L TWT (AOHT Cauchy-Hadamard OARDFFAIE T 2 07225, FBHD
JEF DERE T, IRFEED—E Cauchy-Hadamard OAREEOTICHHAL TH 2). [F2h) Bo7DT
HoTlz,
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[e.9]

Zan(’z - c)n, Znan(z - C)n_l ODI‘IXEEﬂéf%%%m%Sﬂ P1, P2 ZB< Z %\ P1 = P2 %%Z)_
n=0 n=1
FRW,

A:{TER

EBL. MMM EHoKHHAT 2 L. PIZITHEFEICOWT py =supA T A= (0,pm) T
A=(0,m] EWVWSZETHED, A=0V558bHD (ZDL X supA=p FKDILT
W) TWRWRGHERRDHEITR 5, )

—fiz Z la,| r™ < Zn|an|r" TH23056. BC A IR EDEEDD
n=1 n=1

r >0, Z|an|r”<oo}7 B:{reR

n=0

oo
r >0, Zn\anh“" <oo}

n=1
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DD TODT, py _{ 0 (A—g) 0 (B = 0)
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p=0DXFIA=0. BCATHEPHB=0. DX p=0THE2D05 p = p.
DRpp>083%, A0 TH%, (A=BPEDIIDEERSLWA, DLFHL L) X

DI D LD,

() (Vre A)(Vr':0<r" <r) r €B.

(4 DEEER) %>17 ILm Yn=1TdH5»r6, ANeN) (YneN: n>N) /n<
Enl(r/r)" THZ0H,

n
alanl < (5)" el = faul 1"

o0

o
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n=N n=N
WX ' € B ((1) DAEAK).
WX B#0. BCATHA0D, pp=supB<supA=p;. BLD py < p BKDIIDOL
WETBE. pp<r/ <r<p ER5rrDBPRNT,. r<p KD reA —75 (1) &b+ € B.
WZIZ py=supB>7r". ZHUL po <7 WTFET B, ®ZIZ py=p1 A

3.3.2 EHRHERCIE Taylor BEICMAS AL

THHNE (55 3 A) Taylor B BIEATEG, ¥ 33 HBC BRI S 1 512, 2hug
Taylor BRI 570205 2 2 BRT (0. B ERITHSTRSICRBETE 5 &
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% 3.25 (BMREICEMERZB5IE. TN Taylor BETH3) #H D a.(z—0o)"

n=0
(n)
DT B 1, WURF] D(c: ) DN CIBERATRTH D, 0, = 1D
2 '

0 £n)(,
) =3 5oy cenen)
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2| <RDEZE, |1—2/R|>1—|2|/R>0TdH5»05H %
KIRLT, Q ZLeFAUCATERT L, Qx =0 TH %,
BB K ZEEDIEOEE 5, 2 & Qi DEROEFZL T35, FED ne NITHLT

>1. WIS K<1Xk%

n

ay, = a,R", B, := (}%)n, ful(z) = Zakzk
k=0
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K e { )

48 | D I+][=I=] =]

M4: R=1 K =48 DFED Qx LA |2| =R

(\f_ﬁ<o akzk:akﬁk "Cjéb\

fn<z) = Zakﬁk‘v fn<R) = Zak-

k=0

o= () <1

nio%‘ﬂn—ﬂwrﬂzi‘(%)n(l—%)‘Z%§K<oo.

RED & lim fo(R) = f(R) THZ5 5. {fa(R)},ey & Cauchy FITH2DT, RADK

JRVASEEN

2| < R TH3H 5.

Ed-

(3.6) lim sup|f,(R) — fu(R)| =0

n—++ajz>n

mneEN,m>n 35 %, ME3LML DS

fm(2) = fu(2) = Zakﬁk - Zakﬁk = Z apBy = Z sk (Be = Brr1) + SmbBm-
k=1 k=1

k=n+1 k=n+1

SBIEEDOER ¢ LT, T9KREW N W22, nom > N O |[fu(R) - fu(R)| < e WZIZ
igplfe(R) — fa(R)] <e.

88



k n
RREU sp= Y o BV sp=Y aj— Y a;=fi(R) = fu(R) THZD S,
j=0 j=0

j=n+1

sl = fu(R) — fu(R)| < sup|fe(R) — fu(R)].

>n

(@) = Fal) <Y [sul 1Bk = Broa| + [5m] Bl

k=n+1
< sup [fo(R) = fu(RR)| ( > 1Bk — Beal + |5m|)
>n k=n+1

< (K +1)sup|fo(R) = fu(R)].

lim f,(2) = f(z) THZDT (ZAUIBLCHEAFE ADEH ZH > TH RV L, ZOREFEADL S

m—00

{fn(2)} ey 23 Cauchy FITH 206K 2, ELTHRWV), TONFRFXTm 00 LT

£ (2) = fu(2)| < (K + 1) sup [ fo(R) — fu(R)|.

>n

2 IZOWTOD ERZH - T

sup [f(2) = fu(2)] < (K + 1) sup | fu(R) — fu(R)|.

z2€QK >n
(3.6) &b, BEEH {f.} & Qx T fIT—HRIKT %, =
REK 3.46 (Stolz DEE) £ DT ¥ A T, Abel OEHIEEHII,

T € (0,7/2) ZHi7zSHERED a I LT, |arg(z — R) — 7| < a Zifi/z L&D
b,z RETEHEEX(ZDOZ L% StolzDEEICII>T 2z — RETH] WD),
f(z) = f(R) 23D 3D, |

rnwWHETEZLNTWS, DD

(3.7) lim  f(z) = f(R).

K. 2 HHE
{z€C||z—R| < Rcosa, |arg(z — R) — 7| < a}
WET 22 Z (ML)

[1—=z/Rl _ [R—=z] P 1
= <2 DD = —
1—|z|/R R — |z| secar s cos)

MR D LD GEPIEEIE S %, ik /MR [25] D p. 91 ITEH-> T3, ), THRDOB, K 1= 2seca
EBLY z€ Qx PEDILD, WAIZEDEH3.45 ZHWVWIUX, (3.7) 1T CICFEHTE %,
|
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B 3.47 (BRHIZLIV— - STy IVREIZOWVWT)

S ( 2k: 1
(3.8) =) ST (2] < 1)
k=0
B, PEEREL 3o 5%, ©ZIT f1F D(0;1) TIERITH %,
T f(2) 13 2 = 1 TIURT %2 DT (MooHED B LT 0IcUR 3 2 KRBT 0 ),

Abel O EM LD .

T

z€[0,1)

)P, z=2¢e(-1,1) DL ZTFEFED tantz L —HT 2 ZLIFFALR TV (Z ZTIEFRE
DBHILITT D) tan R - RIFEBTH 2 Z &0 6. HHOMRIE tan™" = Zk%bm.
1

1
1—§+5—~~-:tan*11:%.

DL EomERIEN 2 R TH % (2 DHEICFE UMiENIMEZ 5 DT, BEZ2FHNEITS),

OREEEDTIC, MENORBIEIT T =1 -2+ OEMAHAE DI TI%

WA (8D A9 2R X), ALFMDRD22E L. —BILLIZKVERICRDIDETH S, w

REX 3.48 (Abel EIFES WS A) Hid. Abel 3HEL LTEL BoRFTHE VWS
% FADBRL Ao TWREES DRTE, BiZ 505 DIZEWADRZ WX S 25D 5D
. AL LTHEL,
Nlels Henrik Abel (1802-1829, / A7 = —) &, FHILDIRFERUI DWW T DEMEZ fEZ L
7o (GEH 3.23, filidH 3.41, EH 3.41), Zhlhic

L a D—OERBTH2E2D (1 +2)* ORER (—i% 2 HEM) DA
2. 5 XYL EORESGERADERE ORI & BARTIIRT 72V 2 L DFFH
3. M %GH

BREDHEZRITo7z, BDZDIF, BFETAVIIHRIETRIEBRRMAETH S, (KR
BerE i, o 04T BRI L K2 RERDSNC, ERNZR Z EANDEIO KENZ &2’
2w, LTV, Abel ZRWHITH 2, \m

4 BEREAHRL L TOXNHEHRE BRI

Z OHITIE, MBI R ERERCINIR T 20, ZHUIEHRD 1 oDfEIc LT, BEoE
BOMEDIIIGT 2 ZMEHE 42, Z4Uud. FifiE Clcim U= 2HARE. GBI, 55
. ZAREE. WEREEICZ R o o RETH %,

FE, FHBE w =2 (a € C\ Z). #H=MBAEL. HXHAREIED 2RI L 72 28, 20 b
cﬁn‘%ﬁﬁ%@ofﬁ%éné@f I oD SR, NEBER O 2 M2 U THEET

o (ATEIT. WL O DOBEKIX, Z® Taylor EREOIGREENERCIGRMA C 2Kk T
mmm LRIz Z e HERDID B, )
ZOHNIF NI E D IFFICEETDH 5,

oo nf o0 X 1\k
51878 log(1+ 2) Z (1+2)" = Z <Z) 2" tan~lz = Z 2(k}|—)122k+1' IS FAIL DI
n=0 k=0

ﬁ#&M?«f1f@5:
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4.1 fERFEHEIE log ~
4.1.1 log @ Taylor BB (DERLICEZDTAFYyFLTHRL)
log @ Taylor EFIZDOWT, HIEDOARIZK {#HoTWVWB DI,

) tog (142 =3 U et o5~ CU ) <)

n

Ths, THZ

[e.9]

1”—2 =Y =1 (2l < 1)

n=0 n=0

IE/DJUKﬁ L?L%)@T%%o phﬁ)gﬁﬂ&%@?ﬁféﬁcu LT

TL—

(h) log (1 Z 2" ([z] < 1)

n=0
CEBRTDAIEDNEZOLNDID, ZEOHFHAIFEE 1 OHIRONZDTIE, METERW,
HEdHE log IZDOWT

lim logz =400  (D%D 111111 log(1+ z) = 400)

r——+0 T——

THI00, () D 2= -1 TEEREZRLZZOVDIZ, H2EKRTHARRVDE, TH o HI2fT
J213T) THE, ZHIERZBITHER T 2 7D ICENBEHICEH 7205 3 F R %,

4.1.2 BHER v =2 ZfE<

FERE L LTD log 13, log: (0,00) = R TH D, 5B R > 2 — e* O TH - 7=,
ThbbyeR, xe (0,00) ITXLT

y=logr <& xz=2¢".

Z 2T, BB OWBEB e L THBBERZ ERTHILEFRX L DY, TDLDITIE,
ze C\{0} 526N &S, HENX 2= & w IZTOWTHIBEDLD 5,
w=u+i (u,vER) EBL L, e¥ =¢%” £RD. TOHAFERITGEND T, 2 Z il
B TERITONREZSTH 5,
z=re” (r>0,0€cR)
B,
z=e" & ref =ete®

asr=c"Ae? =",

(RD7D, BEHW: re? = eve™ OMEOMMEZINS Z X Tr = e* 2§60, Thz
re? = e'e IWRALTHELT e = 2182, )

55 2 nIshc, S hiéﬁﬁk@x—/——% BT 520300 b b5,
S0 TIZHE BB DX 0 ISR B RV Ao TVEDT, 240 55,
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z=e"<su=logrAv=40 (mod 27)
S u=logrA(GneZ)v==0+2nw
& (IneZ) w=logr+i(0+2nm).

Dol TEL,

4 N
EIE 4.1 (V=2 Z8<) FED 2 e C\{0} BEZ NI Z, w IZBT 2R v =2
DIFFFIEL. ZNDld 2z OMERXZ 2 =re? (r > 0,0 eR) T3 L& X,

w=logr+i(0+2nm) (neZ)

eRIND, T

w = log |z| +iargz

LESIEHIHIKS,
\_

il 4.2 (o< DENLD) (AL 2 DEIIXT L. ERIZ ¥ = 2 DfEZRDTA LS,

e’ =0 DFRFFIELR WV (ETHRo% L eve ™ =" =" =14£00256d0D05),

e =1 OIF w=log 1| +iargl = 2nmi (n € Z).

eV =2 Ol w=1log|2| +iarg2 = log2 + 2n7i (n € Z).

r>08T2LE e =0 ORI w=logz +2nmi (n € Z). DF D 2nmi &< o D2FHUL
R,

eV = —1 OFRE w=log| — 1| +iarg(—1) =0+ (2n — )mi = (2n — 1) 7 (n € Z).

e = —2 DfRIF w=log| — 2| +iarg(—2) =log2 + (2n — 1) (n € Z).

e¥ =i OfEE w=logli| +iargi =0+ 2n+ 1/2)mi = 2n+ 1/2) 7 (n € Z).

e? = 21 DX w = log |2i| +iarg(2i) =log2+ 2n+1/2)7i (n €Z). m

4.1.3 EBEZEBEW log: ODEHE

T, ZTNTIIEZEB logz ZEHIERLEZLRVWD? LD v = 2 D% RAUX, 2 D
R argz ZEIERT DD EIFEALRUTHEZ N5,

(Z ZTIEEBD log TR Z DT, BTRAIL TR, FEBEE L TOMNBKBIBITIE (K
FETIEA). EEZMBEEE U TOMEBEIBUIIAR, EYIRADMEZHIFRL T (Zoh Gk
i x B%) —MiBEEUC L7z DX E. FHC (0,27) OEFICHIR L7z d i3kt (RETIEE M),
ZORDHADBRVEFELTWA DI TIE R, BEERFPTH S, t6F a—2I1FRI VW
BbdHsL., EOMAELDHDL, )

(i) KATE K e =2 Zifi/cd w TRNTERT LWL TALI, DD

log z : = log |2z| +iarg 2
=log|z| +i(0+2nm) (ne€Z).
EED 2 € C\ {0} X LT, logz WS RIIMREOERRIEZ R T Z L 1T 5, log

FEFEDOREIRTIEHEE - BERTIEZR WA, ERSMEIR I 2, L. ((ER
D z 121 DODEZIHFIGT %) E@EDREZ (ML X8 2 HKT) —MRE L Vo,
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—J7. WYL —V T, 2z DIRAZELE—OENERZLICE D, HRBEK logz #1E
Al —HiRE% e LTERT D Z e dHiks, 25 Lt &, 2oz, 2K

KA L

log z DGHL (branch) ¥ FEX,

(i) TE 2 OFBXE I 28RN, HIZIE T =[0,27) [ = (-7, 7] RE, (—LT 2L,
acR LT, I=a,a+21) % [ = (o, a+27].)
EED 2 € C\ {0} TR LT,

z=re? (r>00¢€l)
ERDBr, 0 B—ERNCEES, 2D r, 0 ZHWT
log z :=logr + i#

EED D,
log: C\ {0} = CTHD, I {ut+iv|ueR, vel} THd,

(a) FRC [ = (—m,m] & LTz &, 2D log » ZXBIRDEME M, Logz &RT,
TbbH

Logz:=logr+i0, 772L z=re? (r>0, -1 <0 <n).

Log: C\ {0} = CTH®b, fEHEZ{u+iv|ueR, —t<v<7} TH3,
Log IXRADFEME Arg ZHWTHRE 3:

Log z = log |z| + i Arg z.

Log . BDEHK2IK N ={2€C|2<0} LOEREDOETHERTH S, (v %
EEOEDFEK LTI E, 2% TLE) 26 2 W &EfMfiF5 8 E ImLogz — 7, 2
Z N 25 2 13N %2 Z ImLogz — —.

lim Logz =log|z|+im, lim Logz =log|z| —in.
Im z>0 Im 2<0

WoT z— 2 DEZE Logz 3R ZF 720, )
(MDBRETD 5, )
~ Mathematica THTHK S ™
TR7T IV EROEFENBBEIBIEEEFRET 200 E@ETH 5, Math-
ematica Tl Log[] THERIR D FEIFHHETZ 5,
Im Log z ®27'F 7 38R D & 5 BRIK T,
Plot3D[Boole[x"2+y~2<4] Im[Loglx + I yl]l, {x, -2, 2}, {y, -2, 2}]
(Boole[] %< THRWV, )
RURTT I 7O FRATHNLLTAS ERTFBTD 5,
DWTIZ RelLogz D77 7bH#inTAH LS, MHHNTHEBRTEZ 272595 D
IR Z MBI S log 2 1ICDWT, Imlogz D77 7 2B L TAH LS,

y

L L, BOFEEE 0 ZBRVWZES C\{zcC| 2 <0} IZHIFRT 2 &, 1EAI (4
IRERE) 12725,
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CHURFEBEIEE Q= {w e C| -7 <Imw < 7} IZHIR L 7= F%
f: Q(_ﬂ.m) — C, f(w) =e" (w S Q(_ﬂ-,ﬂ)>

DU TH 2 (BH TRV E/NSWESICHIR T 2 2 & THENZ L TFRIE
ZE2. LWVWORKDHDBETH ), ERBEBITH L TH, HRBOMY. WRIEK

FEBUIE D ZDOD T, Log WRIERITH B Z 0%, 2 = f(w) £ T 2L E,

dz =V =2z THEIDNH. dw = 1 ERASPR5}
dz z

dw

d 1
4.1 _ -
(4.1) 5, Logz = —
DAL D LD,

o HHHD S 5,
INHRAfEDNLEZRD TN, = DIRMA%Z [0,2r) OHEPFIGER (Zhz FHE
MERANDBNWBZITH D), 2FD z=re? r>0,0 €0,21) ¥ LT,
z = logr + it

9%,

:C\ {0} —» C (BEDBIE) TH2H, EOEKEKR P:={zeC|2>0} L
DEEDORTHNEHTH 5, Lo L. EOEKL 0 ZFRVEEE C\{z e C| 2> 0}
ZHIRS % &0 BRI CYRERE) 12725,

CHURFERBEIRZE Qo ={w e C|0<Imw < 27} IZHIR L 5B

g: Q(0,271') _>Ca g(w) =e" (w GQ—ﬂ’,T()
DB CH B, = — g(w) LT B L %, %—ew—zfzf%#a ‘fl—f—% 57
bbb

(4.2) 2 log 2 = l

DI AL,

(ii)-(a) @ Log ¥ (ii)-(b) @ log &, FERAE L LTD log DIIRICZL o TWB, DFD

(Vz € (0,00)) loga = Logx = log .

(ZNLHNDIEED log IZDWTIE. ZOBHRDIAELD D L IEBR SRV, )
K (7): (i)-(a) D Log & N TAEE, (ii)-(b) D log & P THREHEL B &, Kb E
W BT D LRV, BRTZORNEGEZRA LA EZIT R 572D F 5,

RiX 4.3 (B AREN dy/dx = ay ZFEL) a ZERE T2 =, BEMOHER dy/de = ay
DIE y = Ce™ (CIHMERER) VI DIE, Hill ke Z2he, ThERD X 5 1I2fE<

AW B,

STHRIR O E IR T —RICEEH L T wngy, BB ER B ERTH 205, 2.5.4 DiFim/=
THRBEBMNIEAITH 2 Z e DFEHTE %),
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/% = /a dr £V logly| = ax + C (C 3D EE). @RI |y| = et = e, B R
12y =Fee® = Cle®™. 72721 +e & O BV,

FHOMAIZ T TEZ 258 (5D 0 IR 2550MELEVTBIHE) ZhTHHEOR
Wi e, BBOER T THPERBEMS5EE. 2RDMEL NI e NE7A5 50 7?
Lok DEZTAD I 2ED D, REDWMITTERDIZETIE, ELREBEIEH M 72K
WX T RREROGEL VWS DEHDZETHROT, ZhEM5 X5l L5, =

AEAEDS (2HHRY—TYT D) ~

DL E OGRS AR O FMEICR & 720, 18 27 DEEDPHERXME I = [a, o+ 27) 5 Wik
I=(a,a+2m] ZFAT, 2=re? (r>0,0I) LT

log z = logr + (0 + 2nm)
YEDIlog by N &
N, = {reio‘ | r> O}
EBWVWT C\ N IZHIBRS % & IERIBISuCZ2 D |

1
1 = Z.
(log z) .

TS &5 1c, BRI L7 log 2RO S L IERS, N 0k512, 2
ES
MR 2 LT 1ODMEED T = L 25T = 2l (MEI L ERPHS 2 ER) .

HFo¥A

\ﬁj\ Iz ##7 (branch cut) & FEA,

J
FEBIE log 1IZDWTIZ, log(z122) = log z1 +log w9, log (%) = alogz & W5 EHDIL D 37 -
720 log IZDWTHRDEHD D 3D,

BEBOTIDERL DI RLRPEEZ TV Ed Doy
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/ﬁiﬁ 4.4 (BIRZAMBIZL log DME) (1) 21,20 € C\ {0} T H L X

(4.3) log (z122) = log 21 + log 2.

IhzeimogsTtHE L
{fweCle”=2z2}={w+w|w €A, wy€ B},

VL
A;:{wleC|ew1:zl}, B::{wQE(C\eW:zQ}.

(2) zeC\{0} L F2L %

(4.4) log

IS

= —log z.
IhzfmoiiseHL L
1

{wE(C ew:;}:{—w\weA}, A={weCle’==z}.
N J
8 57. il 4.4 Z AL &

f 58. U FORFRZLT LB D Lm0, KblZ HIT X,

1
log(z?) = 2log 2z, Log(z12;) = Log 21 + Log z5, Log— = —Log z.
z

SENBBIRICIFEN TN D A2 W B 5, EERMUBEEIOWTIE, TR 513
COWVSEIEHHR DX TN, ZOHEIRRD DL S5 ?HEL L 5.0 LIOMTZ
EEED D,

B 59. QXGEREML 22T arcsinz = —ilog(z 41 — 22) 2WSEFD. 2 € [-1,1]
DEFEIT sin DT> TWVWD Z L ZRIMNCHEIDTA LS, )
EED ye[-1,1] LT

iy + /1 —y2=e?, —m/2<0<7/2
27T 0 DMFET DI Z2mte, $ZDL E, XPWDILDZ & 2R,
(1) sinf =y (@ ZIT 0 =sin"'y)

(2) —iLog(iy + /1 —y?) = 0 (WZIT —iLog(iy + /1 — y2) = sin" ' y)

(3) 0<O0< /2D ZE Log(iy—+/1—1y?)=7—0, —7/2 <0 <0 D& ZE Log(iy—+/1 —y?) =
- — 6.

(0 & £7—012BF 3 sin DIEIFFE LWV, —ilog(iy £ /1 —1y2) D — & 7 — 0 ITHIGL
TWARTH 5%, )
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4.2 EBE

(Z DHETIXEZERE log 2 BN Z P, RIHD X5 B TXHIT 2D XIE3, 5F DR
BRI VI ERTHEONATWE D [SURZHAI - Tl SO ELD 5, )

FH a, b I LT, a Db Fa® ITVOTHERIND DI TERL 72 (1) FWVWLD?
AFLWVWZ LA, >0 DHEEIR
(4.5) a’ = ebloea
Lo TWe, ZOBREEFBICIRL T, BEBOHEBK 2 2EEREL L5,
Ml 60. a>0,beR DEE, a® =ellose PR H DT & ZRYE,

INEFTERLTHE2HDEXIT S0, LIFH K 22 TS p(z,a) EELZLITTS
(p 13F (power) DEEXFDDOH D),

a€eCIZHLT
(4.6) p(z,a) == e*8% (2 € C\ {0}

L logz BERBEBTHD, 0D ZERILBHLL. ZMBEAKE T2 v D
%, HiEDEGER. p(z, o) ZFHARAHBEKTDH 2, BEDHBER p(z, o) FZAHBIHKE D 5
20, —lBAOLEdH S GEL K BEINTRR %),

z ORER 2 =re? (r > 0,0 eR) ZHWVS &,

p(z, a) _ ealogz _ 6a(logr—f—i(G—&—er)) (TL e Z)

fAREDTD. ZINE a ERDEZDAEZ D ZLIZT S, DL X alogr € R, a(f+2n7) €
RTH2, F/ elos” = (el#")" =2 TH B DT,
p(z, ) = ree?e?mine (n € 7).
ermne S WVWHEHZELD 5 2. H/EDT L THXRNTA S,
(a) cEZDEE, na €L THEHH, 2™ =1. WZRIZ
a i _ @_ a

p(z,a) = r7e = (re”)" = 2°.

(2D 22, a>0 R85 aflD 2 DFE, a<0 B —a @D 2 DIE 27> O %
x5, )

(b) « eQ\Z DL &,

(4.7) a== (peN,qeZ p>2,pkt q FHVIE)

IR

v #85 (BHIDBER), 2575
p(Z, Og) — Taeia9€2ﬂ'i% _ raeiaewnq (n c Z), W= egﬂ.i/p

p & gDBHVWIETHLDT, n D Z ZH EE, ng% p TH-ZZRDITIZX 0,1, ...,
p—1DBFTXRTHEHNSEY, wld, 1, w,w?, ..., WPt ODEDEDEEY, ®ZI

a_iaf, k

p(z, ) =r%ew® (k=0,1,...,p—1).

1 N
ZOSEFME |2zl =r* D p FEPRTH 2, KT « = ZHIE 2 D p FBHITFEL W,

POHEE. p & qUEEEWVICETH 200, Bkl eZ) kp+lg=1. WIIWIEED m X LT, mkp+mlg = m.
WZIZ (ml)g % p TEI-72RDIE m THZh 5, wmdi=um,
XS EDIET, n:=ml B L, w =™ = mhrym = ™,
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(c) o € C\Q % BIBER p(z, ) RIEREDMEEHO, (ZOHRARHE D HDRVES S
5. AEMIEEIET 2, )

(p(z, a) ZX7R$ % Mathematica 710275 A ~
plz_, alpha_, maxn_] := Module[{r, t, w},

r = Abs([z]; t = Arglz];

w = r-alpha*Exp[ alpha t];

Table[{Re[w Exp[I n alpha 2 Pil], Im[w Exp[I n alpha 2 Pi]]l}, {n, maxn}]]
g8=ListPlot [p[1,1/8,8], AspectRatio->Automatic, PlotStyle->{PointSize[0.03]}]
groot2a=ListPlot[p[1, Sqrt[2], 100], AspectRatio -> Automatic]

groot2b=ListPlot[p[1, Sqrt[2], 1000], AspectRatio -> Automatic]

Manipulate[
ListPlot[p[1, Sqrt[2], n], AspectRatio -> Automatic], {m, 1, 1000}]

05f .
05 . 05

_o5h

5: p(1,1/8), p(1,v/2) (1 <n < 100 ® 100 1), p(1,v/2) (1 < n <1000 @ 1000 &)

SRIE. D p(z,a) =5 DT WD R 2 L EL, ¥ a=L neNDLE,
iﬂ/;t%)%<o *%0:%22@2301\/52%<o

Bl 4.5 (V-1 FEH?) (1) =1 € & log(—1) = logl + i(m + 2nm) = (2n + 1)mi
(n€Z) THEMH,

/1 — (_1)1/2 — phlos(-1) _ 3@ntD)mi _ e(n+§)7ri = i(—1)" = +i.
GliE) a=12=-1F2,, z=1-e" w=e"2=¢"=-1TH20b,
Vol =22 =13er™ Wb =i (=1)F (k=0,1)

Wz
vV—1==+im

Bl 4.6 2RV EESIH, it ZRDTAHL I, i DWPRZ i=1-¢"2 THL2H
. T 1 ,
logi =log|1]| + i (E + 2n7r) = (2n+ 5) m (n€Z).
2T (a’ = ePlose 12 X 5 0)

- _ilogi

iP=e — ei~<2n+%)m’ — e—(2n+%)7r (n c Z)l
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(CC?“GGC%#O?’CCK@?Z@ ~
(a) a € Z 72BIX, 22 1d. ZhETH-TELELB R UCEKIZRK S,

(b) a € Q\Z 72513, a@%%’ﬂﬁﬁf@ﬂ?%a—% peEN,qeZ) £T5L. 2~ & pfi
BETH D, p HOMEIFERFHENOFEEHFLDOMED p FE5HTH 5,

J
IR ETHEPIVETHL e 2R 5, 22 = e*lo82 ¥ logz = logr + (0 + 2nm)
(72720 z=re? ©32) 22X, RIIHELZHETDH 2, o 2B, FHEL. zaltT
B,
(vVz =212 OFf% L7z20WIFR e ISR EIR T, 2B 52 & 2%, ik, )

\(C) a e R\Q 251X, 22 IJEEZAMBEIELTDH %,

R 4.7 (0° ZH<HT (RWVEE)) BFEFATOT, T0° 1 2 ? ) WS EEHRE & Tk
%, B (RF) a® 1I2OWVWT, be N DEAIXIEL A LRI SR WHAN, Z2 5 TRWEEIE,
BTHEANTH 2 LOITERT . LWVWOIEARTEH TR o TWS, MMOWENLREAIIBER L [F
BRI, BEEDZEE OMEITITIN S X D WWEREMIRL TIT< . BOFEFRITOWT, (TR
FTEELEDT, 0 IZDOWTEXTAL D,

Wikipedia (#EBIR) 1<

Zero to the power of zero
https://en.wikipedia.org/wiki/Zero_to_the_power_of_zero

CWORERSD, R<FrEoTW3,
BADNZ 7T 73 TDEHITR->TWVW5B,

Zero to the power of zero, denoted by 0°, is a mathematical expression with no
agreed-upon value. The most common possibilities are 1 or leaving the expression
undefined, with justifications existing for each, depending on context. In algebra
and combinatorics, the generally agreed upon value is 0° = 1, whereas in mathe-
matical analysis, the expression is sometimes left undefined. Computer programs
also have differing ways of handling this expression.

CNRBBperBENFeD -5, BRI 2. BIRUTDOLSICR5THS 5,

0D 0F (0 rRIND) F. BESINLEERZEVEETT, &b EiEZATEE
MiZ, 1 THE0, ZOXEZRERDEFFIILTEL, EWVWI3BDTIT, WIhd
XHRIZ K > TIES LB D D 27, RBFERHAGDERETIE, °=1TdH
e, ~RIICAEREINTVE T, LaLENETIE. ORI LIELIERER L
ENFT, arvta—&R—07ar3A5Th, TORBOLLZEDITNTHRHD
9,

Wikipedia DFEHICIE, TpX OBFEE L L THFEENTHESLZ D. Knuth (B#E»D
computer scientist) (¥, 0° =1 EERITNRZTH 2 N L TWVWB b, ALHIEHVEEDHEH -
TWED, ZOXEZEEGROHR — FTHE20 0, BNMFDOUGE VWS DEHHL TA
X5,

FTEBETOEE» SMED L 5, ZEROMAED 2 FRe &, DLTOFNEBL 725
b LI (FME TECENT) WO RZETHT 2 2320,

S1HBELA. bHD a DFEE WS ERICE S — X ZAERTENUL. BTRVWEES (B 2 XZHEA 175747
) ICHHARICHNRTX %,
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Q:={(z,y) ER* [z >20Ay > 0A(z,y) #(0,0)} LT 2L E fa,y) =2 ((z,y) € Q) T
Ko TERS NBIE f 13,
lim  f(z,y) = lim f(z,0) = lim 2° = 1, lim f(z,y) = lin(l)f(O,y) = liH(l) 0Y=0
y— y—

(z, y)—>(0 0) z—0 z—0 (2,y)—(0,0)
y=0 x=0

%ﬁt?@f\@@(yﬁw#@w)mﬁﬁbam W, f % (0,0) ZEFTEE F THElfit
x7y *> K
BIEk e LTHRIRS % 2 T TERWL,

RICHIEEE P OB RBEEBGRDOVGE N SR TA LS, & ab = eblose x5 BfRE W
T, EEHBOHMHICE TEEEILRLED, a =0 DHBARERL TCOWARWI L EFEELTE
ARETHA9, 013 log T > THIEODFERKTHLDT, ZITORH AT a=00D
BETHIET200H LW LIIHETX2TH A5,

(D UBRRIC72 2 2%) 0l = 1 WS R, BAEGRONG» 6328, AU~ T D1 TO
E2 1 THB(I(1)=1) 226, BRLRRITEAZ 2D L ITRAZER T AT 5%,

Wikpedia Dt HT MMEHFETIE. CORBLIELIERERLL INZT T LHIH, KER
3 AHEIX. BBURLED 2 0DFEPRICR > T0WBEEEEZ LB,

VIEDXDREERE G THTEEZRL> TWVAE XX 00 =1 1EZRERSE ] WO RENE
CZIBDT, TZETmALZANZ. 3IDVLEEICOEDH->TREN,

AT EOHIZ B RENID B, FZ 00=1 2 WS ZLIFRLfHoTWwWs, FIZIZMESTD
Taylor R

(g
(4.5) f) =3 gy
2 IHEH
(4.9) (a+b)" = Cﬁdw*

REDKDBHML T H3, 48) TlE . n=0222=a D ZE, (49) TE. r=0D02a=0
DEE, FREr=nr2b=00r % " EHTZ, ZLHDHAE. Wi °=1¢
RIS 2 Z 212K o TW3 (295 LARWEERDEIL LRV,

RE DG TIE. ZHKX (H20VEZ20MRZEH,1S). CHAT2H00d Lk, fil 2
X 12 2 DZHEA 21T,

apx” +arz" o Fanx+an

YWSTEE LERDZ L&A, SAEEE Y 2RV

n

E ]
a;T

J=0

EREIND, j=n T BIEIZ a,2° THBED, THDa, ERT7ZDINT2°=1TH4
FERDHB, 0=0ZRATEL=0121F 00=1 TRIFAUIZ S0,

AT DELFET 2 > 0 IS LT () = / t" et dt PEFREN, 0 > 1 Eified n e NIIHLT

0
IF(n)=m-1)!THdILRABIHHATES, I1)=1TH2h5, I'n)=n-1)! LWIRS n=11
OWTHBIT BT, 00 =1 2ERTHIETRV, Fr~BEEIIEZBEBOCERE XA, 1 I3RES TR,

BERTIL XL, REZIERTLI0EEZIATZ ALV, ERLEVDDIZOWTIE, REERL
BODEHZFHHTZ2 Z 2T LAY RVWOT, ZZEHINCRoTLESI D, ZORELIALTVRVWEES,
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RECETIE. ZHANIERFTOEARTH 206, REFESCHAGDEEHSFTIE, 0°=1 T
Horr, MHRUIZEEINTVWES, ] £HIDTHHETEE 2,

(MAE ORI OVTIE, 2 2 TEFHTER WA, Wikipedia 12 D. Knuth 23HTXk
72 DT Graham-Knuth-Patashnik [26] Z ®H1FTH <, )

FA%AH, EEOBRZRNRNX S,
0% 1 EERTEID, KREZRETH22IEXRICL 5,

o 2EHEHOBEBOMEE L TEERLEVE WS VG HFED 5 (EfREEIC 2
5RVDT),

oL#L(%id)ijtm5ﬁ®¢fﬁhéokmomf@\dhzlti%
k
‘—;—%O

—HT, —HIC 00 =1 L ERLTOMbRV (KT 353 E o7 B0, ¥ 13
(0,0) THREHE L 72 508, ZHRHE L TOAZMEZE LRV TE, S, SR
72 BN EE R D DD > THEORVWIEA S, a® = ePloge X ORN o7
KRB INE., FPETZDIT L., ZRUIHEDR WV,

(FERD & Z 5, Wikipedia IZHWTH S 2k LIZIEFED SV, KB L EIFEIEHEETRD
DHEEWVWSDHITTIEABVDO T, —MOERDOFTH, ¥IIZHEWTHE20TES L, EW0WHZ
Y THb, )

BZOL, ZLOBFEEDELC XS BERZ LR T 2, MED OZEET Taylor EROD
AP TRELEE (2-a)=12F2205MDF X AN 2020 ( [EoT,
ZHAFILEDZILAD. ZARDIIEMZ) LEIANDZZS — EREBFETIIZHEK
(BR) 2 3 TELRVALITER).

LOBNTR - T, 158 ((4.8) TWE n, (4.9 Tl r R n —r)) BEHANCELT 2D TR
W H, EWVWIEIHB RS H LKW, DFED 2¥ (y 1I3ER) TR, 22 (b IFER. Z
ITEDb=0) ZEZATWVE, EWVWHZLTHD, THIZDOWVWT, bH—DRTFHFNTEL L
(BroklLDZIW?)

n TARBErTIeE  (2") =na"!
EEVTHL20Z LIXLIEHIZTAUNE . n=120220=00D& ZIZHLHN 1-00127%25D
T, BLH O ZRERL TR, (@) =na" ' LWV R EZLn=0Dr &z #0
Y55 LW0IRELEENRBRECK D, TOVIRERS & EIX

=1 (xecR\{0})

72T
=1 (r€eR)
ETBZIHBRAyFVT2LESTNE. Wb, BITFEORBHICD o D HRHANHRT &

oL IhET

5HDEFEIT B, WD Z ki, B &6 1K 7

Bl 61. 0<a<1ZHAITIEED a ITHNLT, ILm T, =0, ILm Yy, = 0, li_>m (2,)"" = a %l
723 & BB {n}, {yn} DIFET 2 Z 2 Z2mts

B TO5WVIDEIAENEES ThE, BOkD, THZBEZZRIFNVIRWTL £ 95,
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B 62. : (0. +50) = (0.-+0c)., v (0. +00) — (0, +o0) % lim o(t) = 0. lim () = 0 il
VA5 M=

; P(t)
Jim (00 =1

THENEIDEZ K
(FREE p. 244 12D B, )

4.3 PFEABLI—ILE

=B DUHHRBEIR R & FERBEEE W TR S N B WIEBIAIZ 03, RiTTH THEE IS
DMBIRT & 2 MEBER Z (BRI E LT) ER LI LT, ZNoAERK DR
BB Z VTR e htik s,

Bl 4.8 (1) sinz =0 Zf#F,  (2) sinz =2 2T,
el — iz

(fR5) sinz = 5 ThHd,

(1)

iz —iz

e~ —e

sinz =0« — () el = 717 oy 027 —

1
& (Ine€eZ) 2iz=logl+i(0+ 2nm)
& (IneZ) z=nm.

WZITsinz =0 O 2z =nr (n € Z).
(2) w:=e" B L,

—1iz

z'z_e

e

. . 1
sinz =2 & —2s e —e P dicow——=4dicuw —4iw—1=0

1 w
Gw=2+/(20)2+1=2+3i= (Qi\@)e””

& (IneZ) iz=log (2 + \/§> +i(7/2 + 2nm)

S (IneZ) z=—ilog (2:|:\/§> +7(1/2 4 2n).

WZIT sinz =2 DL 2 = 2n+1/2)r —ilog (24+V3). m

oWl —BILL T, we CHEIALNILE X, w=sinz % 2z IZOVWTOHENXE LTH
< &,
z = —ilog <z’wj: V1-— w2> :

B EATE & 900, = A BB DR BIRUIE, eI - TR T Z e k%, 1E-
T AR RHIREIR DB e (1R DW BT H %) MBIz > THRE 2 D
. HEBRIBRCRZIANLNETH S 5, stllldElE T 205, UFD L5127 %,

arcsin z = sin"! z := —ilog (z’z +v1-— 22) ,
arccos z = cos | z 1= ilog (z Fivl— 22) = g + ilog (22 +v1-— z2> ,

i

arctan z = tan"' z := — (log(1 —i2) — log(1 +iz)).

o |
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arcsinh z = sinh ™ z := log (z + V224 1) ,
arccosh z = cosh™ z := log (z +Vz2— 1) ,

arctanh z = tanh™' z := 3 log

(B9 =D BV o TAE LD ?FHT arcsinh IZIR S HITL 20265)
fE- T, TEEER. BB, Zhe / (Zhd log & exp Tz =2 REZITh
) ZaE LRI R W, &2 6N 5,

AR 4.9 (arcsin ICDOWTALFED) 2%
(4.10) arcsin z = —ilog (zz +V1-— 22>

CEVTHI2EREZEHICTZI DD S, sinw =z Zl/23 w Z2ITRNTKD B WS [E
DfFy LTI
—ilog (iz —V1- z2)

DRETH D, (4.10) IZRE > TV 5 (arcsinz A0 E o T D ERE T IR L TH 255G
X, AEERL TO 20RO T, BHEW & IEWHTE R W),
A3
z — —iLog (zz + m) (v 1 EAHE)

& C\ ((—o0,—1]U[1,+00)) TIEAIGEBZRTH (0TI 7 IV ERBTHESIRTWS

4 6: —iLog (iz + 1 — 22) OEEL - EHD ' 7 (JRez| <6, [Imz| < 5)

arcsin 13, ZOEIMRHINTWSE Z 0B\, FE - BE D7 7136 DX 512785, ).
z +— —iLog (iz —V1- 22) (v EEE)

R EDE 2 CAERTRBIE E 125 (K)o ZAUINEBI D EHE Log ZiEATZHE T,

dz x
64%&%%“@/—:1 + V22 4+ k| EOVOIRADBDHEH, k>0 DL E inh— & HEES,
N og‘x Ve ’ 7 arcsinh =
Mathemaitca (& ArcSinh[] 2o TEZX 2. k HEADEHER, FELTHALEER, logz + Va2 +k) EEX
50mtgmf%t@ﬁwng\%ﬁ@M%mm%MWi/V%%?uomfé—mgﬁphﬁlz%z%z

1
5595 koT (—————— = 241 CEET R — LMo nB) B YOIz wn
5 - (—x+\/1—|——a:2 T+ Va?+ TR ey 73 ) o DIzl

ArcSinh[] Z{Fb L Koz Z BIFEIL 721,
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7. —iLog (iz — V1 — 22) DFEEDZ'F 7 ([Rez| <6, [Imz| < 5)

EER% [0,27) OHFHE»SED Z 22T 2 log Zffio7z

[0,27)
z+— —i log (zz —V1- z2)
[0,27)

X C\ ((—o0, —1]U[1,4+00)) TIERIZEETH % (X8),

8: —i log (iz +VI- z2) DFEH - BHD 25 7 (|Rez| <6, |Im 2| < 5)
)

[0,27

AV V¥a—X—=2FHTZ 25812, arcsin D77 72 T IEZRWEETHD, BEID
¥ %, —iLog(iz+v1—22) ¥ —i log (iz—\/l—zQ) DY D DIRH B H % HB DIFH H W

[0,27)

(ZZWRHE LD ERLD, R2AMZRAZZIRNEDPDIZS VDT, HEHD), =
M 63. XX Z2HEDND X,

cosh(iz) = cosz, sinh(iz) =isinz.

R 64. XX Z2MEID K,

1 1 1
(arcsin z)/ = , (arccos z)/ = — , (arctan Z), = —,
1—22 Vv1—22 14 22
. r 1 I ]- I 1
(arcsinh z) = N (arccosh z) = 7 (arctanh z) = T
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4.4 ZEREMOBEHBIEEVD 1 DDERF: w2 -1

2 OREEZRZ 5 & LTS H TRz &, 52 AMEIIO T TEY RIELER

%%ﬁﬁéo:@%%Td%%%ﬁ%?%ﬁ%%%%dﬁmﬁ\iok<@%§&bﬁm®
,,,,, BERGD L TREDOT, LR 12012FENTEL FEBRTHIT LI TERVWEED
h%%

SIS > T, —DDEBREAT S (Z 2T THIHLERDT, Zo#FEHRMNDYL
A THAR Z 125 TEWIT R W),
BEE 2% 2=7e? (r>0,0 € (—m,7]) ERLIL X

Pz = fre?
Y55 (22T Er DIFADFEARERT — FEEDH>TVWS |/ )
pv./z = V[l H

D DILD, AV a2 —R—THIBEHDOFHIRZFHEIELGE. HRIZZOEZFHRELTL
N3 (Fl 213 Mathematica @ Sqrt[z] X p.v.y/z ZiKT), FHRDEM (principal value)
EIFATH RWERMNIE S 23, HEDOMFETIZIZ S5 WI 2R L TV,

ARREIZA S, A0 T Joukovski ZHay FEXN BB J 3853 5,

%<z+§) (= € C\ {0})

MEDERTH 5 (BHELEHEKTH 2205, ICHEACISHTKRS), ZOHBEKEZRD
X9,

LE-oTH JIFHETIERVDT, P2 L5, BEYICERBE/ NI VWESICE X
ZTC. ZOHPMHTOWEABMEZEZ S I Ik 5,

J(z) =

Dy :={z€C|lz| <1}, E;:={2z€C||z]>1}, Ci:={z€C||z|=1}
eBL & (R ENHEAHONER, BAF AR, BAFE)

J(Dl\{o}) :J(El) :C\[_1a1]> J(Cl>: [_171]

i A RYASN

%72 J1E D1\{0}, By DENENTHETH L 0025, T5L. Jpnor: D1\{0} =
C\ [-1,1], J|g,: By — C\ [-1, 1] ZZh LRGN 5 DT, WREEIFEEST %, BEE
W2 IS D2,

(Jlg) " ZESVIRHTEDIE. HER w = J(2) 2RO THIUEIND S

w:J(z)ﬁw:%(z—i—%) e —2uz+1=0z=w+Vuw? -1
WEIZ (J]g) " (w) id wt Vi —1DEELNTH B, Vuw?—1 T w?—1 DFHRDOM
FrERTILTE (Jg) (w)=w+Vu? -1 2BV THEVWI LIRS, EBRICES
FVTHEILEDBZ WV (E VI DHIH 43 13505 7V THEVWTH B), WYRMEEZERD
BHEIEE S, tWws 27,
LA L, FEBZEZAD 720WEEEE S THUIRWE A 50 ? flifmz K N DIiZdhR 2 &

(J]g,) Hw) =w+ pv./w+1pv./w—1
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TH5, HlzZiX Mathematica TElIE T 25581

[ w+Sqrt [w+1]Sqrt [w-1] ]

TRV,
MEREER X SICRZ 20 LKW,

[ w+Sqrt [wxw-1] j

IR EEST U SN, OFD

pviy/w:—1= pv.y/w+1lpv.y/w—1 XELLIRWL

(D& VRS LAKRWA) SWRZ 2 L

(Fw) pvywr—1# pvyw+1lpv.yw—1

pv.y/ LWIRBREMT. BEAE (Vb)) COWVWTH

(JIpogoy) " (W) =w — pvy/w+1pv.y/w—1

WSO ND,

¢(z) == pviJw+1 pv/w—11& C\[-1,1] TLMMERMREKTHZ, 2FD ¢
. 2B Vur -1 D C\ [-1,1] KBWI2 1200 TH3, fHEERZTZ —p(w) =
—pv/w+1pvy/w—13 UEERT®H 25, (—oo, —1]U[L,+00) TERE z — V22 -1
WEHELVDIE ¢ DFHRKRDOT, KIEDIGHT ¢ HVWHIS,

= =t eWni e VI—w? EVWIHIRBREHTL 25, TAUTOWTIE
pv/1—w?= pv.y/14+wpv.y/l—w

BR D D, ZAUIBEE LTIE C\ ((—o0, —1] UL, +00)) T L MIERITH 3.,

AEFIE X CBE, avPa—X—2bNIBA RS 2IETE 3,
- Mathematica 23X 5725 (HEIE—RICLPT pviy/22—1# pv/z+1pvy/z—1) —

flz_]:=Sqrt[z"2-1]
glz_1:=Sqrt[z+1]1Sqrt[z-1]

R=5

Plot3D[Re[f [x+I y]1],{x,-R,R},{y,-R,R}]
Plot3D[Relg[x+I yl1,{x,-R,R},{y,-R,R}]
Plot3D[Im[f [x+I yl1,{x,-R,R},{y,-R,R}]
Plot3D[Im[g[x+I y1],{x,-R,R},{y,-R,R}]

L— b OEECIERIC) CHOFBIIANTBL 2L 2E#D 2,

COEIDHEDHDIC

BEEEE. B o bR oDPWVWREED T 20N E D, BPRPEEZ S, LKL T
bOHATEAI D RFLTHETHERERI DR A T TL %,
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9: pv./22—1 DEEE - BHDZF 7 (EBFHT p(z) LR 3)

10: ¢(2) = pv/z+1pv/z—1 OFEH - BHOZF 7 ([-1,1] ZBRFZZ 7 7138
50)
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5 #RES

WEWEBEBERDERDAD OTH 2%, HEAKDE 2 Z5THo72& 512, W ey
DL BT TH 5,

oz b b aEo TEEERO A D NMIZERE, ZhhbAE—FZ ks, 250
SEL, RENEALAZEDS, )

BEEEBOMBES B AT 2, MEIHEETDH 2L, 20 OMEEICHYS T 3

MPoTHD, EEHLITELD, HREABIEHRTDH > THRBEBNIFAET 2 L IZR SR
Vo JFIRREEN E S WO GEIWHEET 20, FELBRWEGBICE I WS Z eI 2, Zh
T 200 MEGEEE O%LTH 5,

5.1 BHBETDEZLH
5.1.1 $HIIHEL
WEWERED 22N, ZORDIRFETIE., BEERESHLEN S, Bl 21X,

o ZOMFAIHIZBVW TR EELREHIZ, Cauchy DS EHTHEEEIONID, Z
AUIHFE T ICEET 2 EHTH 5,

o WLITIER= X951z, Zoi#EETIX, NERIBIEIIENEUERPIRETH %) VI EHEZR
TP EELAED—DOTHD, ZOFEHOL LD MTHT) LWHEBIEEHTI 2w
. FOFEHIIEE D) 2o Thahs%,

o EESHLBI O S D . S log 2 — / W wmLcHmCE 2,

(R MAREIBD TEREGRHZA ([6] ITINER) 1I2H 27, 1THB ot DHVANHRy L
NDOFHRDOGIHZHATALS . ZOHEED WWW B4 I (https://m-katsurada.sakura.
ne.jp/complex/) ICHETH %, MALEIIBTLRDIZTR>TH S, 50FLLEFE->TWS
DT, EIEEZ7 ) —T3, )

(ZAUIIEE ?) ClE R ISIEVWDT, BTV DD H 305, @f%ﬁmf%hﬁﬁ%
2725 Z 3T, DERDIIRETOHTH S MHER DD 2 BER T DEHE L 72 5),

s LIEs K OFfE

1. ETHMEDEER. HlzHes

2. REE—F

3. MFET DEARW LM E 2 M 4 LR 5
LD 5, Cauchy DFETEMOMEREZ T 25 LT 5,

BSHE T, [SHIZVIWVWE ZDBROOIDIMNZ DT, BERNCHEEEL 5.1 &2, 2503 EK
DL HEET,

66 THfE7) ZEDR VI H 25 LWV, T o BRI TRAEEINEZDDT, —fRICEDEDHISNT
WRWZSTH B (I RMRTH DD Z XF > TET (%)), Ahlfors [27] ICEWTH o 725 ?

67 Tkl 2 WH DI, WEOKE - R, FREZOEWEA. LW EKRTT,
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5.1.2 BEDTDER

ZRTIE, D EEREL XD, 2ED 20, BLFESDREIXDDIDTH 3,
(RIEEZEHLS 2, Brhdok, fAf, MELWOIBEEREZAA, Brbok MHhimskk
REDFELTTHEIZEL ZADD EED, )

~
ER 5.1 (HIRITESHRRST) QX CoOREE. f: Q — Cl3E. C : z = ¢(t) (t € [a, B])
FQ NORXZENC Cr oM 5, 2o Z, Hiif C 1Tiho7z f ORFES (line
integral) Z X TED %,

B8
(5.1) /C f(2) dz = / £ () ' (8) dt

TERAS

KO@:&%Eﬁ%&@XO

RDIEDKRIETT & FTT2 B o

-
EE 52 QI CoOREA. [ Q- CldEH. C:2=09() (t €|a,[]) 1F Q NDOXT] EI'J
WO ot 75, Tt E,

(5.2) /C £(2) ldz) = / f ds = / 7 (o) 19/ (0)] dt.

N J
iz f=1 Dy &, oib/dsa:;to@éﬂ:\%tfm )

HER. X2HNZ CT i Y DEEICOWTIE, o TV A2V IRT 22, 3BT
AT %,

F(t) :== f (o) ¢ () \ZEBHEEBTH 5, WD TIEEBUER—BORES LrH TR
o LW, Ut) :=ReF(t), V() :==Im F(t) £ BT,

/ﬁF@)ﬁ:i/ﬁaxﬂ+wV@»ﬁ::/ﬁU@ﬁﬁ+i/ﬁV@)ﬁ

THPZERT S EZNERV, (ZHEFEBICEBICHoRETERBICHE>TH 5137,
PlziE MESUHE e 77— 22541 O Fourier fRELDEIHRIIR Y, )

B B
ﬁ65PPMﬁL+CM@ﬁZ?%Z§\/ﬁﬂwﬁfi/umﬂﬁ%%ﬁo

AR 5.3 (VIR — BETIRELFZREICTHEVLDD) FED t ITRLT ¢(t) DIER
TNBZHITERN (TR BDT)y (5.1) WALEREDZES 55 ? ¢ [a, B] = Q HIK
THNS C' WDHIFR 1. ¢ [, B] = QIFHEFT, It} st a=to <ty <--- <t, =,
2 & [j = [tjflytj] &:ﬁ“?”ﬁﬂbf\: PYj = Qpljj & [j T Ot gf&\ Zi%éhéo Wz

| e

J

FHERS ERIND (WHREDBEIENL [0, t;] THEkEZRD T, BMAARETH D, EHIHEET

255 (5.1) 1%
/Cf( = =3 [ Fo) ) d

j=1Yti-1

B—Fi I t=t; THATRETROIEADD 55 (¢(t)) £ @)y (1) THBLE, @ & t; THIATRET
BIRV). 2O, f(p(t)¢ () 1 t = t; TERZATORL,
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CEBRTADDBEBETHALEZADD LKV, L LETIBEENERIR TV LT
D, FEBTH 2 XS5 RENEDIFEEF L TEZ 2D EE (1BY) 20T, Lo k51cE
WTBWE, BEORETH D Z e ZHEID BII1E. 2 2ICE WL LS RERSIDHEICKR S,

BE 5.1 (BPOERDORE) ERHBOFEIT I Riemann FIOMFR X L TERS N5 Do3EiE
TH5: .
[ st de = tim 3" e,
a =1

Axj=x; —xj_1, & €lxj_1,x], |A]:= max (xj — 1) .

AR DRI 5 WD B FIRRICERATRETH %,

/Cf(z) dz = lim Zf(CJ)Az]

|A]—0

A~
Azj =z —zj_1, (€212, [|A|:= max |z; —zj_1].
1<j<n

(22T 502 & 258 20, 2 BIAL T AMERT. FIXZOWEERAARY ZHROT
JE, BErtebh T b, )
2, (G BREIMB D T X =R —DXED5E|

Oé:t0<t1<"‘<tn:ﬁ

B/ NXED SEEDEAR K

ZHWT

ETL2DOBEARTHAS, TdHL

f(G) = f(e(&))),

Azj = o(t;) — e(tj-1) = ¢'(§)At,

At]’ = tj — tj—l
THHD D,

D FGAZ =D Fp(€))e (&) At.

i=1 j=1
Z OfE EEHBDORE t — f(o(t))¢'(t) D Riemann FZIR > TWB DT, |A] := max (t;—

SN
s

tfﬁ%OKﬁﬁUtﬁ®Eﬂ®@@M/nﬂﬂMd@ﬁKﬁ%Ctﬁﬂ%f%%oﬁiﬁ

B DRI S B DL UMD 5
b5 —o 05 OB

ijuazlfwz&ggymmmw

(f =1 OHBEE. Riemann FIFTNRORZ TR o TVWEH I LITHEE, ) n
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5.1.3 &S DORA
fl 5.4 f(2) =22 (2€C),ClEpB)=¢? (Be(0,n]) &THLE

/ M_/f w_/(wfm%wﬂ/emw
0 0

|: 329:| 63m_€0 —1-1
0

31 N

2
3 3 3

(FRFZoRDE. FHREEEMH LIRS 2 TE 5, Rk 2, )m

%55f@ﬁvéweC\mDAHiﬂw:dUQGM%Dt?%t%

2m 27 27
/f ) dz = f(@)(w_/ %wwwzd"wzwu
0 o ¢ 0
% 2= 7 X=X —DRA” O TEZIZ I HEW,

Bl 5.6 f(2)=|2| (:€C),CEz=(1+2it (t[0,1]) &3 3,

bLﬂ@dw:Av@(-—dt‘/|l+mﬂ (1+ 2i) dt

=(1+2i)\/5/ t] dt:(1+2i)\/5/ tdtzw_

0 2

ERBOENTEL RS2 LI, dz = (1+2)dt 2FENT, ZhERATEES5HZIZD
BRWEAS, =

5.1.4 FIREBOFEI 355

/ B
T 5.7 (MESOBAEE (DL55H0)) Q » C OBES,. F: Q - C ZEHL C
i Q HORSING C' POMRT, HED o, KED b LT3 L &,

| P d:= PRI = FO) - Fla)
N ¢ J
SR O = o(t) (L€ [ 8]) BT B0 o 28O OB

B B
[P iz= [ Pemee = [ LR a= Feols
= Flp(5)) ~ Flpla)) = F(B) ~ Fla)

© DSEHLPOXITANS C RDGERE, CT RTH 2 X5 /PKECHEIL T FXBETLEE
RLZezLlT

e w_z/.w Jdt =3 (e (1) — F (9 (1))
= F(p(ta)) — F (glto) = F(b) — Fa) m

COEMZRT, RDEIITEZ 20D LAKRW,
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a7z, EEBRO L 2RI LW ?
HEDITRAARRIE DY 2 o TVAUX ZNETERIU/S, UL, $SEOF) 510 TRZ X 51T

BRBER T, FRBEEITFEET % RS20,
O Z I REBEBOIFEET S 2. IREL L TEZ B3R END B,
Z DJF BB OFEERBEICOW T, R ZEMT TS 2 Z 212k 5,

Cf. [0,0] Z R OXME T2 L &, f: [0,b] — R 20K 513, f 3BT FMBEIKER >, F
bt AF st F' = f. FEEE,
Wkt 5y D HEA TR

[ a,b] = R 23 o1

é%lxﬂwdp:f@)<xehﬁh

ﬁﬁbjoﬁa\F@y:/jﬁﬁﬁkﬁH@LFuf@ﬁ%@ﬁfﬁéo

a

VPN
b b
/ f(z) de = [F(x)]Z = F(b) — F(a) <‘§“7‘£b7'5 / F'(z) dv = F(b) — F(a))
ST ORAREHE FHIN S, ZNSHIFET 512,

(FERETIE, 2R M e EDIEEWICHEATDH %
EWVWIHZEeEFEoTWVW5S,

EERERCTHIFRICIO S B AEE T H 2 X, ( T4 TRZRWINY) oy OwiiE
Belh 52006 TH%,

AE 5.8 NI MBI EDLE) Z0H7-h 0FEHE, X7 MBI THELTTH S, (ITE
DRZ MG FIHLT, f ORTFYS vV (VE=f 2723 FOIY) BEET S LI

@BKDO%LﬁE?ﬁﬁ\/fwh:F@—Fm)-
C

Bl 5.9 (Fraf#zf A LRBEDOHE) 5.4 ZEAEBEHWTHELTALS, Tk
bbb fz)=2,ClEz=¢" (0€(0,7]) £T 5, Fz) =2 13 f DFMHBIKTH % (HE
F'(z) = f(2) Zii/zF)o F72 C DR, BRZZEAEN 1L, -1 =00 Z 2=1,0=n
DEE 2=—1)THEDIH
{23]Z:1 (—1)3 —13 2

z=1

= =——n
3

|7 d = 1FG) -
C
%5uuﬁ%%&ﬁﬁﬁbauw)ﬂ@:éqzeQ:C\mnt?éo:@f@ﬁ%%
BIIFE LRV EBE. S UDFGEA F BPEET 2R 01E. C: 2 =¢€"Y (0 € [0,27]) 1 Q
ND C* #LPARKR (BBRDERD 2=1) TDHE2H2H

/C f(2) dz = [F(=))=) = F(1) — F(1) =0,
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z:%ﬁ?fmﬁkiim/}unm:mmfﬁébg\%Eﬁibéo@imf®ﬁ%%
C

BUIFEL 72w,
ZOMFETITOVTIE, EHL7 ZHEATERVI LI 50 RO X 51T “RiEEINI”
BHT2ZeMRTES,
QO :=C\ [0, +00) IZBT B2 XBEARD 7 logz &, 2 =7re? (r > 0,0 € (0,27)) I LT

log z := logr + 6

N|>—n

CEDD, TDLZE F(z):=logz (€ Y)1Z Y TIEAITH D, F'(2)=— (z€Q). 2% D
FZ foQDflR flo, OFBEBTH S, 0<e <7 ZHi7zTEED ¢ ITH LT,

C..z=¢€"% (Hele,2r—¢])
YBEL, TDOCIE QY N C EiFRT
/c f(2) dz = [F(2)) 20 =log e —log e
E — (27 — £)i — ie = 2(m — £)i.

ZOED. ¢ - +0 D& ZDMR 27 53, /f(z) dz =2mi IZ—HT2DEFdbodb oL,
c

e Z 2Tl ~N
Z DADHEEZ. ATEHIOEZRNBBIMDOFEITEL %, RRHO oLV Bbihsh, it

HHS %,
F(z) :=logz I3ZMMBAEL T, B 3R NV, HBEKRT F'(2) = f(2) Ziif

7275,
BIX f OEBRBED UNI VD DICESIRZ 2, FHABEBIIFEET 2 220D 5, fi
213, R D S FEMOEDE T ZRWIf K QO :=C\{z € C| 2> 0} T

F(z)=logz=logr+if (z=re? A 0% (0,2r) OENCHL)

D f ODEGHBEBUCR S, ZZT0<e<1IXMLT, C.:z=p(0) =€? (6 € [e,2m —€])
t3be, C. DI QO ITEENZDT

; f(z)dz=F(p(2r —¢)) — F(p(e)) = (logl +i(2m —¢)) — (log 1 + ie) = (2m — 2¢)q.

::faa+ot?52mmmW%?%o:ﬂﬁ/}@ﬁum%bmw@i&fﬁ%ﬁ
C
A0 (ZS5LTHHRABZeZ2MFLTVS), n

J

Bl 5.11 (2" DFERD) n€Z, f(2)=2" T %, n=—1 ODHED LDOFITH 20, n#—-1T
n+1
Hiud. F(z) ;:; YBLE. Fl2) = f(z) THEPE.

+1

prtl _ gntl
/Cf(z) dz = F(b) — F(a) = n——i-l'.
B FIGRAR 2 FF o 5 o, fliHIC )5 Z e b RTEB L,
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o« STERBIE (n > 0 Lo TREW0T) BFEREE -,
o FAENIINHH DI TlIA3 RARBEE o,
oﬁ@%ﬁf(%%ﬁ&%ﬁﬁbgﬁ&f%é&—x(;éaZ#\;i—%ot%:%

+1
em%( 14—1,>K%LV@T\Ziam%ﬁéﬂétéofﬁm#%bﬂﬁm)

Z+1 z—1

R, /T RCBEREET 3.

o HiX TFEMBBABMZR OB OIXIEEAITH 2] ZeDRTHD S, E-> TIERIBAE TR WY
r=Rez y=1Imz, |z|, Argz BREFFHEBEEZRF 2720, =

Rk 5.12 (BEEREE) B OMEMEZ NI I50XREREZHAT 2 &, FAEED 77
A5G EE. B 571X o T EPIIHEICGGIETETL 2V, ETOERICESVT
R 2 2 oEICR SRV OT, FIEBDEE L RWEEZ T Z e %20, 2o
(z, |2| D& %) FRIBEBTROEREED 2 2235 20, BBGHRTEIRICE S5 W5 B
BAPHTEREZIEZDHENZLLRVDT, EDOLDORME)] IR ETHE (D LE
HLRSFBITRS), =

5.2 HIRICBIT ZRAEDOER

2 CIIBIET B OIAERE R 0 B 05, BUHE SRR REDRHELV. 254 RERYE
D LTHEER LD (bo bl SADRERSTA RIZADINENDHS ?), TREEZ
W (EF o T, BEHERIEFRE L TREZ2TTLE S, )
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4 h
EE 5.13 QX COBEAT, C:z2=9) (t € [a,f8]) 1T Q NOHIFRE T2, (2
o: [a, 8] = QL WS T EEKT 5, )

o B o DIE {p(t) |t € [, B]} D Z & ZHHHR C DR (the image of C). & % \WIXHF
(the spur of C) ¥\ 5, LIFLIFELS C* TET,

o it C 25 C' MHMHRTH 23 o B CLMTHBZ L. Tbb 1 BIHITAIRET,
BRI o HERTHE 'V,

o 8 C 25 OV RMIEBIBIECTH S 13, o 23 CLICHD. (Ve [0, 8)) J(t) £0 %
ﬁf:j—zt%b\‘Bo

o i C HRDBIC C MMOBIRTDH 5 L3 [, 8] DD B 70E {t;}7 Ty & [tj-1, 1]
o ZHIR L @l 1) D3O RHIFRTH 2 D DBFET I 2V I,

(t; TR FRELPFELZVD2S LARY, EWVWS 2 TH5S, )

o B C BRBMIC C' MOERIMHETH 5 13, 55 {1;)7, TH [, 1,4] IS ¢ &
FIR L7 @l 0 2O RERIESITH 5 b DHIFET 5 2 LBV S,

o MR C DEARBIR (closed curve) TH 2 13, BREBENIEFEL VW L, TRDD
pla)=p(B) THHZ &V,

o iR C DS BESERRHR (a simple curve) & % \\& Jordan 3l (a Jordan arc) TH 3 ¥ i,
—  (HRRDSEHEAR TR WIGE) o BERTHZ . bbb
(Vi1 € [, B]) (V2 € [, B])  t1 # ta = @(t1) # p(t2)
il RN,
— (HRRDEHEAR T H 2358) ¢ B [o,B8) THEITHZ Z b, ThbH
(Vi1 € [, B))(VE2 € [, B)) 11 # b2 = p(t1) # p(ta)
il IR0V,
(BB TEHBBERDORVWI ) THD, )

o HfliFARlHR C IEDEE O TDH 2 id. ETHHDLETIT C HPTeA Fadis
BHRZBZ ez,

(@%&%mﬁfﬁéﬁi%ﬁﬁ%ﬁ@t%@&&5@?\ﬁﬂdib&hf%%5oX/

EEN O BAEAR#R % Jordan BRIE ¥ FER, EE D Jordan Hi#R C 1 FH% 2 D DFEBIC Y
. ZD5bD—IFAR, MTEIFERE LD, ¥5L0HEBOERS C* THS (Jordan
HISEIR (ERL E.10, p. 307) — LA LW Z & THA), ARZEBRD S % Z O phigs e
Jordan FEiE & L5,

iR % 2,3 BT 5,

fl 514 (BA) ceC,r>0,2F%, C:2=9(t)=c+re? (0 €0,2n]) €T D&, CZC*
WEAHRTH 2, S SICHMPAMMR T, EQAZETH S, C DBRIZ c 2D LT 2¥E r
DOHE {z€C||z—c|=r} TH %,
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ZOMIR C ZHICEE |2 —c|=r TRI DD 5, W'Jikf/ f(z)dz 631/ f(z)dz
|z—c|=r C

EWVWOIEKRTH 5, m

M 66. 20Dk ZlEdrd X,

il 5.15 (IEAFDRE) HiR C: 2 = o(t) (t €10,4]) &

TEDDZE, COBIX0,1,1+4,i ZIHEAL TEEAHEDETH S, C XX O HKIE
HIfh#RTH 2, X SICHHPART, EOMEXTH %, =

1 1€ A1+Z

11: IE/7EOJE Z IEDA &I —H T %

C! FDOERIHFRTIX, MR EDOR ST 0 TRWERER Y MUDTEE L. ZFDEBRRZ b L
DEGNCELT2DT, KL LTHELLTHD, RLTENS Z DR,
XHNC Cr fRoBifE 2 Z 2 2HAIX. 20 X5 BEAELITNER NS D TH 5,

a N
EE 5.16 (C ZHAESIICLE —C) HfR C: 2 = p(t) (t € [o,f]) AL T, 2z = p(—t)

\(t € [-8,—«]) TEX2MIFRE, C ZMHEEICLLMFREIFR, —C TET, )

-

EFE 5.17 (BHIR O, Cy ZDBWVE C) + Cy) HIFR C1: 2 = ¢1(t) (¢ € [aq, B1]), Co: 2 =
gOz(t) (t S [Ozz,ﬁg]) T. 4 0)%‘%){—12_)_ Cg O)ﬁé)ﬁﬁﬁ%‘b‘f\ (901(51) = QOQ(CYQ)) ThHhsr LT 5,
Dk Z

pa(t — B1+g) (t € [Br, 51+ Ba— )

TEZE MR E, O 1T Cy ZORWIEHIRE L, C) + Cy TR,
(FRETIE, G0 ERLT VD, o RO 2HFZTRDEN, FHERNLE S

Ktm%iﬁmmf\:@%%T@CH4EZ%<:tm?50) )

(FHIFRITIZ > T, C) DIEED Cy DIBETRVWE I BGEEICD, O1+Cr BEZ D L5
BB, WhWwa THIfEH] WS dDTH I, ZOMERERITZDH#BETIIHTHAL RV,
ZOAITIERETAH )

oft) = { 0 (t € o, Bu])
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Cs

Ci

X 12: C; O = Cy DR HIX CL + Cy DIENS

5.3 BRI OMNE

KF'FEIEEE)].S (1)/(f()+g dz—/f dz+/ g(2) dz. )

2) /Xf )dz = A /f
[ < /C ()] |dz).
5) /Cf(z)dz:—/cf(z)dz

(5) / A= [ @ [ g

z) dz

SR (1), (2) 1 ERICR > TEEROBMICE S HEE, B OBHIED 5953
(3) —HEHCSERERIR F: [0, 8] — C 1M LT,

[Prual= [ e

B DD Z e RBDIUS. F(t) = f(p(t) ¢'(t) 1OV THEAI LT,

il < [Cireensola= [ 156 el

() z=(—t) (t€[-B,—a]) LT B L, dz=—@(—t)dt THBH 5,

—a -8B
/ S dz = / ) (-t = / Hl—t

s=—teBlE,  t=—aDEZTs=a,t=—L DX s=0,dt = —ds TDHBEHN1bD,

/_C f(z) dz = /j Flp(s)¢'(s) - (=1)ds = _/Cf(z) dz

(5) EHEZOTHEMN#EL T5, =

STE 5.10 ﬂﬁ%i‘%c:%@?%fﬁ%ﬁ%/ﬂz)\dz\ :/fds IZoWT b (1), (2) RREF 5.
C C
(3), (4) IOVWTEEHETOEEVPRLETH S, Bl

/ NOLEE / 7(2)|dz) m
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Ci:z=¢€" (0e]0,7]),

Cy: z=¢" (te]0,1]),
Cy:z=€" (te]0,1]),
Cy:z=—t+ivVI—12 (te[-1,1))

L35, HROBRIEIAZFEILFH {zeC||z|=1, Imz > 0}. FLAZBFRLCTHS (I
}ﬂiL%ﬁ@—Do¥H®ﬁ%ﬁi§éhkfﬁﬂbf\/f@ﬁkﬁﬁﬁ@@%ﬁ%ol

G

Bl 67. Cs: 2 =t+iv1—1t2 (te[-1,1]) &TBL X, f(z)dz & f(z) dz DD
Cs Cy
fRIZE SV S b D,

e 5.20 I2& D, IR TR a o[ b ICHAD 571 ® H e 2D LT, FEr D
MAE Lz EDREIC—E3 2 O ETORBEDH, BIRNIR A5 X =2 —f1F ¢ ZFaE
LIZWTHMEET 2 2 eBnh 5,

PAMIFR DG SR, M ZZEEL TOWRWESIE. IEDORETH 5 T 5ROV —A2DH 5,

(ZDAZ, HEOFIMCFEFELO T2, KT 220D %, Mhha - B kfaET
AUERWV) tWnWS Bwvwo i3, FBROSEIIRSZ Z i3, ZRTRICEKHIZDTD,
MEDME )] R T—F) CWHOBEEBMLEZDTE2DITHS, TNTI IR NLE
5, HERX T ZHIHCOVTIE, 5 ZLTLRVDT, #EF T X=X —(JF 2R T
ZDREHTH 2, WEeRolbR_"TX—X—fJ1F] LHEHIIANTEI S, )

ERI DL A TR 7 S I XIERIFE D ATRE ) DS D LD Z & 2@ L7223, BRI D
FREEIICOWT S D LD, RDOEH 2 FHRMBICES 21Tz s,

4 N
8 5.22 (—HRIGEA SIZIERIFEDFHEE) Q 13 C DBHEAT. C 11X Q NORXHNIC C*
WD, {fotnen & C O O ECTHEZEED &7 2 BEBFIT, C* TR f 12—
RBIORS 2235, 2O &

7}1—{210 Cfn(z) dz = /Cf(z) dz.

N J
sEBA f & —RRIDCR S 2 E BB OMRTH 2 05, EHitTH 5o

Lh@@—Lﬂ@@

< /C Ful2) — £(2)] |d2]

ce

< max[£,(0) = £ | a1

/ |dz| & C DIMRTH S, —HRIREIE, n—> o0 DL X ?é%x\fn(g) — (O] = 0 ZEKT
c
5D T,

Lh@@%[ﬁ@@ (n— o0)m
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5.4 BF: R? TEETSED (N7 bILER € OBER)

MERS e N VRN ZBIE L7222 ANTIC. X7 PVETICHN 2B 2 Rnl L
T, ERBEBORED & OBRZHHL TAX S,

EVi-wa)
//Q f(z,y)dzdy,

J.1as

f= <P>, C DEAFIRERZ bt 1T LT

Q
Lf-dr:Lf-tds:Lde+Qdy.

(Green DEM, Green DFATANN) C BHEMPAMIRTH D, H2AMHEW D 2HA, C DI
ENETHDET D, THOVHIHEIL, C D% ID LHELZeHZVY, Zor E

/8Df-dr://Drotfda:dy,

MR ZSRICE S 2 Mt

HBVE (RIEHEZZEZT)

/BDPdw—i-QdyZ//D(Qx—Py)dxdy.

7L
9 p
_ _ ox _ o
rotf-det(V f)—det (8% Q>_Qz P,

ERBUERBIRL f OEER, Bz 2z TR u, v T DL E,

/Cf(z)dz:/O(u—l—iv)(derz'dy):/(uda:—vdy)—l—i/(vdx—i—udy).

c
/g[dz]:/gds.
c c

6 Cauchy QD EE

INhs, ZOHEBRBPIKDELETDINRTIE. HDEKT Cauchy DEDEH L ZDIGH
(BHBZVEZNLHEINBHER) TH S,

97 RN TIE. Green ORI, Gauss ODFEEERE., Stokes DEF L WS HELEMHNDH 2
B, 2B E—RELT, SHEOAR / do= [ wTERTZLHHKS (BAHSER->TLESH, 0

M oM
INFBEEDY Stokes DEH L FHIN D), ZDVHENLT DL, SOHEE D =M,C =0M = 0D X673 %,
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6.1 (LI
Cauchy O EHIX, fiao I EHT

/f(z) dz=0
c
EWVWIHDTH 5,

RENHRETH 303, HBIEKD 3 DOTH 5,
(a) f SEHIBIRL, M7 HERNE C OFIRQ L LTH L,

(b) C1F Q WO, HHROLDX T C e LTHL,
DIEED 2D 03 0h, KAETE

(c) C @ TPy HPIZ Q DRTRHROVA (f PVERINTOVRWVA) DR,

(2) & (b) ZITERET. 2 (c) D& S mELEDPBI Z LI,

/ ﬁlﬂm#o(oioQZC\mLﬂa:;cm:aﬂﬂQQ%m

=1 2

%%V&?Z%#é«wow%ﬁkﬁwm\/f@ﬁhZOTM&m%

Ll () @ TS BHWENT, EHIZF 5D — (L EBETH 5,

C SME D & 5 iR T H U, BEEICH - T T 2R L CHREWLITR X
RV, ZITRVWEGEEIMY IR DD 5,

C DHALEAEAR (Jordan HiAR) 72 51X, Jordan MHREIEICLD. C DR C* (KB LT
DOHR) 13 C DH2HHRE D OBEHRTHEZ e 005D T, ClE D ZHPEFE->TD
RBW2A 50, Jordan HIFREBED X5 B KEER (?) EHFE DN RWL™, C AHMT
BWGEHEROMRIILIZD, tW0WH bbb,

vy B, BRI 205 %,

() Q HEIZE -7 KDB WA R EZ B, BTERT 5 THHR b5 &2
5, Q5 C QHEEHEETHIUL, Q TERIZEEDOREKE. QO NOEEDORX S CF
M%Eﬁcwcﬁbf\/f@ﬁk—oﬁﬁbjoolZmiﬁ@%%%f%éo

c

(ii) 1% DEAHHAR C 231 ODREFBEWVWHIEMFE S FLERLTHL O D5, FHIKR
DEDEY OEEEH L WOERZFES i1k B,

ZORTIE. (1) O 2T %, B aroihzEO TV,

RBICHRZINY, EHOREEZSHLROVADPHOFIIIHEE NS (ZABRDEE U 2RV, EEWVWELR
%)o 2 XAHRADMORNRE 2iE, MIHIIREEZBEZSNZANEZVEASFNRE, HUTHEZILNERVA
CeROeEbis k4 H %, MEKIFDONLX—A DEHE 2, EEUEDS ¥ ) OB T ) 07
T, BLFIEEWVICHEINZITIY, 57355, B#EGEHS 2 1& D Cauchy O EMH D72,

" Jordan BFREH OB WIEHDLH 2 L WO FEIMENEIC L2 2 1ddH %, il 21E Brouwer O AH)fEH %
fioT 3 R—T W55k (Maehara [28], Brouwer OAHHREMDE L T2V 7 ZFHEH 250 L 6, ), FR&A
23 EEBEGHZ E R ED LAV THIRET % 72 5 A 5 720,

120



6.2 ZAFOAICSE RIS

=MIBD X 5 IR B NIE OB EIE. NEE 3D EBINCHH & 2 TR IR 5, K
DX, ZDREHE & BICIEHITHEHTH %,

a N
f&78 6.1 (Goursat, Pringsheim) Q13 C OFEE. f: Q - CEHL AT QND=HA
| 2 IR -

f(z) dz = 0.
oA

K::T@Ad\Eﬁ%AQ%%E@ﬁ%K#%?%%%%T@&

J
(BRBREHTH B0, ZOREEIZOWTIE Gray [29] Ko Goursat (Z v —) OEH L
FERNADIZ VDS, @K [30] Tl Pringsheim & W5 T2 HIF TV EIHENRL 57005, iR
RAEFATH 205, T ZIATEE L ETIHFRIMITDE D 722 e B0 h 5, )
AEHCfEDN D DIF, (a) =HIEDENTIH S DI, DEIL THERZ/N=AJE DI 5 14
TOMTHS, (b) I TEZ WS Zid FATINCIE 1 REB TV 5 THRER <l
TEZLWVWS 22 TH5. (¢) 1 REIBOBAHRITIA S FETE 0 (1 RBIE az + b 3 EARREEL
§22+bz BFON D), £V 3DDFERL XMEHEINETH 505, 216 DMAE DD T
Hb,
GERE (R NERZE TS % L 40 58O AR EIC R %, BiIHXSETBL Y, )

M = / f(2)dz| £€BL M=0ZmRL7EWV,
A
Ng:=A 5%, Ay DELDOHE RIS, 4 DO=ABITHEIIN S,
Ag = Ag1 UAga UAgg U Agy.

ONg; 1E. 00y WWEFEN BRI L. £ D TRWERT (Ml ZFRWT Ay ODNERNIZE TN 2597)
MBIRBEM, BEE, §=1,2,3,4 FTXTEEZ DL, 20BN, ZOOEHEWVICHA XK -
TWVW3DT (KPMLW), MEDZEITHE T2 X v YL L THATLE S 2 b,

(2) dz = (2) dz + (2) dz + (2) dz + f(z) d=.
9o 9201 9202 Gy 904
W 21T \
M = z)dz| < z) dz|.
aAOf() _; aAOjf()
HAD 4-DODIH (2)dz| DS BbERKEEGZ 5 =MAE) Ay THolk LT, £h%
8A0j

A Bl L,

M <4 f(2)dz| .

oA,
Wz 12
f(z)dz| > %
N 4

IR, [ L C=AoE 2 HilT 5:
A:AoDAlDAQD"'

DL ELEED ne NIZXLT
M
f(z)dz E

0An,

>
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X RN D SR & D
(FeeC) (A, ={c}.

neN
ceEN=ACQTHBILICIEET 3,
1 REEIEU I AT R AR R R Ff o DT, DEAHFRICIR O BRETIX0TH 5, DRI

/ REC / NCE | d.

GHOHREDTERZ g(2) £BL k.
[ o < max o)l | el

/ 2] 1 OA, DUETH S, TAE L, LB L. A3 A LHMTHYD. n At 1 8%
[oJANS

f(2)dz

0Ap

5izm§éﬁh@%mméﬁa\%:é%ﬁmbﬁoo
#or o im L IO _ iy ot

lim 9(z) = lim f(z) = (f(e) + f'()(z = ¢)

z—c 2 — C zZ—C Z — C

THID5, FEOEDE c ITHLT. 2 §>0DBEFEHELT,

=0

|z—cl<d = Jg(z)] <elz—¢|.

ceEN, THHDT, THREREED n LT, A, C D(c;6) DD ILD, ZDXS72n
WXt LT

< —c|.
Inax |g(z)] < & max |z — |

“AFEOERZIEAREUTNTH 205

max |g(z)| < eL,.

2€0A},

W Z 1 )
M L
— < f(z) dz SgLn-ang—
4n oA, 4n

THBHNPH

M < eL?
MY kT

(Ve >0) 0< M <elL?
DREATZ 7z, WA M =0. m

AE 6.2 (LOEFADTIRDEE) HozaHiis 2 DI12, RIS DI

) de| < ma 1) [l

0An

EWVWIAFERTH 0. LTI

gﬁﬁxu:ﬁixé

(2) dz

oAz,
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LS FHE L IR f(2) 208 1IGEBIR f(c) + f1(c)(2 — ) BBV g(z) ZHWT

g(z) dz| < max gz/ dz
[, o) | < malote)l | o

EFTEDIIROZIKVIRTDH S (max |f] 1F/NE K 72WVD, max [g| 1ZDELRDB),
—77. BLY [ 2[FRET, 7 ASERETHIURX, Taylor DEBICL - T

f(z) dz

OA},

1
< Z " 2
max |g(2)] < 3 ‘gggéalf ()] Ly,
BEHNT,
1
2)dz| < = max |f"(2)| L3,
[ 1) | < 5 mas 171 2
B
. L?

PWHIHMIAE SN S, 2O RIIEEIC M =0 DELNTAYFALA B ITRYE., SOAT
X2, F A2 [\ ATRE S WO Z EIFEEFHHSR TV AR WD T, ZOX D T TREAS % D13 EH
Thb, 1EEDAIEEL WHIRED S

(Ve >0) M <el?
YWV MR E S EoiimE, HIHTthH L, =
%D Cauchy DD ANRDFEHICHWS 725, IREEZD LTI Li=mEbFEHL THE L,

-
% 6.3 (BRLXDHDESfE) LOMEGC1 DEMFT, fH Q TEHI WS 2 A%,
fiF Q CTHEfE, 18 aeQ ZBRVWTIER]

rWwBHTH, | f(z)de =0 BRI,
OA

_ J
FEIE, Q THERET, 1 SEROWTERIZ WO HE, HIZZORTOWMIAIHET. Q 2K T
ERIE 2o CTLE S (BRADREFRERFFRAE VI DDIZH25), DF D, ZAUIMKE
HT 27-0DHE. LWVW5 22Tk b,

BEBR o g A BolX. LOEFHOE X TRV, a € A DHEEIR.

(i) a 2’ A OHBTHFIT—E

(ii) a 25 A DTEHKRTIERWL EICH 5
(iii) a 25 A OWERIZH 5
DWITNPICHEEINS,

P00 ER LTV XS5, ERIBAEUIEITRRIM D AIRET S % 2 & LTI X 15— Cauchy OFF
SEMERILY LT (ZhEfio SEEMEICEDBTLED ),
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| (i) i (\\\7 j{i
o~ 'v/

X 13: a =M A O ZW2H 20 THEDT (HA, 4L, W)

(i) DHE. A DIOEX I D/NIWVEEDIEEH c LT, KIDESIC A %23DOD=MA
e

TR T %, a Z@ERW=MAIE AL A TiE. FIZIRS BRETOEIZ 0 TH 20256,

» f(z)dz= f(z) dz+ f(z) dz+ f(z) dz = f(z) dz

A, AL DAY A,

W2 (OA, DEDEIN 4e LR TH S Z ITFEREL Q)

f(z) dz
A

< / 1] < max o) / | lde] < dema 7))

e—=>408233%5Z Z“C/f dz = 0.

(ii), (iii) DHH Mo X oI=AF2nHIT5 L. E=MFT (i) PEHTE T, HFED
DEHN 0 TH 5 Z Zﬁ’%f))ﬁéo n

REX 6.4 Cauchy DDA EEL 1212, FRHIMEOLKE 2RO B EMEBLL 7% A b
BRL DD, LOEDOBDIFE S5 EE [22] RS LW (F2# [31] T [22] BdHiF o
TW3), m

i 6.1 © Z DA MRS 2 &, FIRIE, BE f 22AF  280HESTERIRZS

X, Yo DRI o 7 M8 f(2)dz=0TH2IENEZITHRTEZ 2 (RERLIX. £2H
[o)xe

BE=MAE A; ofcEITE, E=AF A; LT f(2) dz =0 D HILDZ D
oA,
5. / £(2) dz = 0 ZEARS),
Z L THEIZ. FER C OBOBZAFDOENC > TWil Th, C BHLEH Y C LT f 5
EFRINTERIL SR, / f(2)dz2=0 7252 DEEHTZ %5, 2T Wbw3 Cauchy O

C
R EMEDOTHIM, EBbALERMLL CEHT2DIEN LWV, ——EATITL
ZrITT 5,

R 6.5 ZHUIRDEFE, K¥2HFEDOMFA, BFFRNTEZ 2RO -0 0hEe, B
RELTZOEFEHEDOMBEERT SN2 0E S0, BohkU-L Wi LTWE, 12k
DHEEIT CEED 4 HE NS 7T AT), il 6 ADFER L7 (BUENHE LW Z Ik o
WT, 1EBICIRS Z 2 22 AL, BERD 51T 72) b WO GEEBVWTWT, BZd %5
BAPIEICHRZDTIE, EBENTWEDE, 2956V EIIC, DIICTEZ L THRE
WKDFEATEDETE, BFID 1 a~T3 » HoDORFED R B2EEDH -7 LOHIES
= ZIREE, DEE D, B TR Z &,
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BEBEGROER L ZH L TV DEH, BEPRETLOEMOIHEZ LTW\W2, WA
B4 TR [30) TPEEATH /20T, HAOWRK L > TIEEE 722 [hdh, Z
DEHDFEHIZRIEDEL W, Do e BRIV LU 7=,

ZOr &, EHEZRZI-2HED [ ZOFFHE R TM B R UL WIUE, BEERIT 25
ZBELZEADBRV] EWIEHRDOHESE Lz, 572076 NTAX Y MenIE#INT-D L%
720 (FREECTLEVET), 20 20HBRMIROI XS REHR L (EH. &K
BOFRPELE LTH, MU WP ZHTE I 2EZEZEIRLTRY, 20
ZeiZiE, BEMNE RS RWITRY),

Z D%, BEEDOH T, ZOEHOIFHNZRRZLES N, FlicZUuzy o 2 213k 7
WAL THWE S5 LWZ 30 o720T, HDOBREDHSIZELWVWEE S RIERWITIIY,
ETH, FLEIIWCELIZAD VD, WS TTHh, =

R 6.6 (Green DFEIEZFRAWBRIGER) FIZEHLRAGEEHADLH 5, ZHUIER T MOV
THHABRRD Green DEHE WS
-~ Green DEM ~N

D I R? OfftiRfEIRTH D, Q13 D 2ETHES. f= (g) Q- REFCHRETS

& X
_ _ 9Q _opr
8Df-dr(—/aDde+Qdy>—//D(ax 8y)dmdy.

kkﬁb 0D 3. D OHEFAZIEDREIC/E SR TH 5,

=AEONERIIHEREITH 2 DT, Z OEMEH KT

/if (k—:/(u+ﬂﬁwx+mw) /‘mdx—v@0+iLA@dx+udw

// e — Uy dxdy—l—z// vy )dz dy.

[ FIERITSH 2225, Cauchy-Riemann DTN u, = vy, uy = —v, DD LD, DRI

aAf(z)dz://AOdajdy—l—i//A()dacaly:O.

ZDFHED AL T 512id. [ OEfitE 2 IRE T 2 BEDD %, BNMREHILE L W\ DS BEIRT
. EHEE LTI 2505, Green OEBICTHHERTWIUR, ZAFMANDZ  OfEE
12X LT Cauchy OFETEHEDT CIHNRTE %, ZAUIBHINTEK T 6 d0d LR,
FFBELE (PR (1) 122 OFFAZERA L T35, &R0 S Green OEBOHIAIED F
DFEELLRWV, ZOHHDB LIZHEDPNTVWEADS BT, LOBEIDIZ. )l [32] TH 3
(Green DEHD TWRWRFHHANEH > TV 3),

Green DEFUTDOWTIE, FIZIZF [31] @ VI3 AFEL W, Z ZICIEMERRGEI T 2w,
XD — OB T B Green DEHDEH-> T2, =

6.3 [FRIREAHNEFE « EEORABRISESBMIEDH 0

Cauchy O EBDHERmIZ.

BN C 1T S DB 0 /f
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EWIS R o T2, T DR E R CIE) DD ALD, MDERBD 2 DIEA 51 ?
Q% ComEE, [: Q- CldEieT5LE, LTD3D2DFMFDBEBRICOVTIHINEL S,

(i) f 2 Q TOFGBEEER> 3F: Q = Cst. F' =)
(i) © NOERORAM O SEAIER C 12D, / F(2) dz = 0 B D 20
C

(iii) f X Q CIEHIT® %

TTIZ (1) = (i) EF> TWAH7, FiX (i) = (1) D ILD, FAEFIZEEL < VDT,
ZDF LTINS (A37E 6.10),

FiE (1) = (i) TH 2, ZHUE Cauchy DD EHZHWTHESNS TEAIZHIX. &R
DFETEIEELR KRS C WO EMTAZOHEBOEELERE) 26, F IZAETH T
ZHZEDRDBDT, FHZ F 20 DRRETH 2 I b, f=F dWMITE501056T
H2, LIl X 512 (1) & (i) ZEEZO T, (i) = (i) BRH L2, THhbE QWD
FERORKSH O RLEIR C 12T, / F(2) dz = 0 DD STO% B, 1k Q TIERIT

C
Hb,] ZAULEE Morera DFEIR L MIEN 5,
(ZAUIBEICE o TH 2 Z 2728 (iil) = (ii) E—MITIIK D L7270, 24U Q = C)\ {0},
f(z) —% YWS BB H B (RDIz: /f(z) dz = 2mi #0)o
C
CZETxrRedd L,
(i) & (ii) IFFEMET (iii) & DFEL
(iii) 1IZ5HFZ R LT (i) ZEL DD Cauchy DD EHTH S, L R2 . FoE2 DT 5,
Q2 (RETERZHAT 2) FEEHEIRTDH 25813, (iil) = (ii) 25D 322 (EH 6.12),

ZHUuE Cauchy O EHD 1 DOFLRETH S (7272L. ZOMERTIHEHEZEHbA LTS
RIS DY D 2 DNE T D H IR, WD 2

BEEEIgIod L TIE. (i), (ii), (iii) IZEETH S

R#K 6.7 (NI MILERZMBLTIAID) FiZ RXZ FAEITICS TR XIS 2503 5™,
(i) 23 TR bASG f DIRT V¥ x V2FD] | (i) 23 / f-dr=0,(iii) 2 rot f =0, WD
C

Xk B, (i) & (i) EFEMET. (1) (B2 (1) 205 (iii) 258225, WE—HIcIdak
D=3, HEFSEEETHUIY D BOLT S, VI DEFRLETH S, =

25 6.8 (EEMOURIZBAS ) EALIEORITR [30] K1t OUD DL ERDE S
WENTH S, (1) & (1) IHETZ2Z% I DIESAREE VWS 2L TALS | - (F
B%)- TZOEBRICBWT, HEROMATIZ, MOPTRED BN ATREDFIEGETH 5, BHET
NEALHLE ) DB, HRUBLEVEILEZFY Fo TR NIEXEH Z L 2D %
T, HEER ORGSRV ERETARAVI LIEFERELE S, »

R 6.9 HIXTED fIc LT (iii) = (i) DO SIE, Q EHEEKTH S, =

€ / f(2) dz = F(A) — FOBA) = 0.

C
R MM OBEE, Z7a—R - 7y TINBZ5EM (1), (i) R, BEGEETIE (i), (i) 2578 —X -
7w TEINDEDEFRERDIES S ? Cauchy DFEDEHDE N ?

126



(i), (i), (ili) DZD XS LEARZIE - Z DI E LD, ZOMBOEBELRHRETD %,

T (i) = () ZEHAL &>,
MR LS G, B3 2.18(p. 52) TEALTH 3,

il 6.10 (EROXZH C! MEARICE SRBESD 0 S IXREREEHZERD) Q 13 C

D, f: Q — CIlLER T, Q NOEEDXTH O fREAdKR C 1T LT, / f(z)dz=0
C

BRI DOE T2, Zorx, HHIEAIFK F: Q - CHBEELT, F = f.

A QO NOEEODR o ZHLS, Q ERTH 206, EED 2 € QX LT, a 244
Ry 2 ZREE T2 Q AOXZHNC C fDIIFR C, DIFETS 2,

F(z) = /C £(0) dc

YBL, F(z) Offiix C, DD HITiZ LS50, FEBR, a B, 2 2E2 T2 QWD 2
HIFR C., C! B2 &, C:=C,+ (—C) B, C IHMRTH 2 DT, &MF (i) 25

o= [ s@rac= [ r0dc- [ roa
c C. o4
DD N DOMEHTH S,
CDF D fOFBEBTHSLILEZRT, EED 2 € QITRLT, 32 >0 D(z;¢) C Q.
WZIT |h] <e Zi7zTHEED h I LT, 2006 2 +h ZADPIMRD (2,2 +h] 1F QITEE
Nd, Coup ELTC, + 2,2+ 0] ZBRZEIZED,

F(z+h)— F(z) = / F(Q)dC — / jod= [ fodc.
C+[z,2+h] C. [z,2+h]

—%
[ ac=igE—n
[z,2+h]
THEH B, F(2)dC = f(:)h THBDT, h#0 FToL %
[z,24h]
F(z+h)—F(z) 1 B
) =5 | GO s
Wz
F(z+h)— F(z) 1
‘ T S T W IV
h ‘h‘ [z,2+h]
< i s, FQ = 1 |1l = pax, 17O = 7).

fl 2z THEHHETHZ200, ZOEHE, h—=0DEE 0 KINKT 2, WZIZ F'(2) = f(2). m

6.4 ERITHEE, BEEERE

Cauchy OFETEMD B 2 HHRIY (EH6.12) ZHNT %, LPFEBD 2720, §HEFET
(FREAZ (TS 2 BRI RV BON 20 (LW I eIk E5 2R X)), AW 7
4T 4 7OV TIE, @t ERAS,
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TR, BERLRHEOHENEITI,

~
EE 6.11 (BER) Q2 R"DHHWVWIE C" DI 5, Q2EERE (simply-connected)

TH5 i, QNOEEDOHMRD EEHIR (D3 1 R TH 2 M) 1T Q N TEBICE
AR R A=

BEIHEER 2 = o(t) (t € [0, B]) 25 M ac Q. QWNTHEHBGEMICEETE 3 13, H5H
BERAEL F: [, B] x [0,1] 3 (¢,8) = F(t,8) € Q BFFELT

MEHIIOZ L HE VD,
\_ J

4 N
EIE 6.12 (BEFERIFICEITS Cauchy DRDEIR) Q13 C OFEBTHER, f: Q - C
FIEAL O Q NDXorH CF kAR e § 5 & &,

\ (Lf@ym:u |

SEBA (3R E £ (p. 296~) 2ZHWE X, ) m

f 6.13 Hudfh RO e LT, ®%M R, B B(a; R) = {x € R" | |z — a|] < R}, “FH
WD HHEARIER (Jordan PARIER) A3 PHEeEIN, P2 & FERZEROZHEE, 3 ZoTZEM T
1 ROMEE R\ {a} BREDDH B, BRTIEAT 2 K512, M, 2RFE D Bk H T
Ho,

BB TR WEB O LTiE, 2XICZEMTO 1 SOfMES R?\ {a} ((BRFHTD 1 54
DA C\ {c} BAREMNCFL), FIRMEE {: € C| Ry < |2 — | < Ry}, R*\ ¢ (LIEWH 1A
WHERRIC D U2 ERR), BERE (b —F R, torus) DR (F—FVAIDOHER) 2255, =

ZofloHcEN: Ty TER) Y WS SERFHLTEL,

e N
EF 6.14 (I, BE) Q INT MV EROTIES L T 5,

(1) Q@ D3 (convex) TH D EE, KHBWEDILDZ ZR VI,
(Va € Q)(Vbe Q) [a,b] C .

(2) Q VEE (star-shaped) TH B & lX, KBEDILDI & ZWVI,
(Ja e Q)(Vbe Q) [a,b] C Q.

Hizzorx, Qi alZoWTEATHE VS,

J

BELL, MEWVWOBFEEBZH > T0WBEADBZNWTH A 5,

BANZOWTRL BHEHHIC, ROEL5RIOBH S, Q BPEHEORWMOKTHS LT3,
HMEBEEEREHZL 232012, 120DF74 MEIFTRED ZIGENERT, 25 THRWEEIZE
BTV, DFD, HLGPANCTA b B0t & HREDODTATATITHENEL L ITHK
251X, ZOHFE o &£ LTERDFEMEDWIENE, WS Thb,

Bl 6.15 (MESDFN) 2V C, B D(c;r), B D(c;r), ZATE (NEH 2 WIHER
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T« Il A M

' v
14: (WEEIR, TR WEEE O BRI 4 X —

Bo&E0). EZMAE (N2 W VENE L Bo&0) & THhs, =

fl 6.16 (ERESOH) LTV MES (£FE C, BRI, % =AKONE. =Mk
(NER L S D EP). E2ATKONERY) B TH 5, T FEROEES. HlZIE C H
& Bl % L D B 72 FEE

C\{reC|z<0},

FEMTHE LUF. BB TEETS), £/ Q:=C\{z€C|z<-1Vz>1} EH
TH5, ZLT (bBAA?) “BOF ¥ ONEHDREATH 3,

—7i. C HBEAERNZMER C\ {0} BEMTIRRW (LT 4 FEBEVWTH, BHO
W7z 2 REBOIES), u

15: BEORIEEAMEE: 2 1 5O ITXNTORBRZI 05
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Rl 6.17 QX R® £/213 C OMET, Q#£0 &35,
(1) Q2R sR, QIRERTH 3,
(2) Q 2EAL 513, Q IFHEETH B,

:EFA
(1) QPMERET 5. Q#D THZHD5 a € QDBFET S, FED beQIIXLT, Q2
MTHBI Db, [a,b] CQ W QIFEMTH S,
(2) QOPBRBERET %, 2 ac QPFELT, EFED e QIHMLT [0, CQ TH 2,
Q NOEEDOHIHR C: 2 = ¢(t) (t € o, 8]) IR LT,
F(t,s) :=sa+ (1—3s)p(t) (te€]a,p],se]0,1])

EBLE. Plts) € lapt) CQ WRIT F:[0,f] x [0,1] - Q Th b, X512 F i
£,

Ft,0)=¢(t), F(t1)=a (t€xp]).
DF DR C 13EBANERHIR o ICEETZX %, =

M 68. FHANO =MEONHL, BTN TS 5 Z & ZiEHE & (& p. 244),

6.5 EBERMEHICHITS Cauchy DEDTEIE

T4 D HEE, HFOEGHEBICEIT % Cauchy OFEDEM (EH6.12) TH DA, ZITIEE
TEMEEAN—Y a Y RFAT 5, ZAUIHLETIN OGS OFEHOERIC B 72 5, 51T,
ZOBIHEZ TV, FRIBBOMHEE 2R HFE R RH IS,

- ~
TIB 6.18 (2EMEEICHIT B Cauchy DEATIE) O 13 C OBAES (FI 3= MAIK0
PRSI T R 2 ¥ D BEIR). 2 O — C BIERIE T 2 &,  OBIABMA T
j_éo

® 712 O OFEE DK O B C 1o LT / F(2) dz =0,
C
ETAEED pg € QITH LT, p, q BZNZIVEL. $SL T 5K O Hllig C
IS R / £(=) d= OIEZ. p ¥ g DATEES (M C DI HIC X BBV,
C
FHQTEHIE WHRER, acQ LT, f: Q— CidEs, Q\ {a} TEHL 248
| HTORUHRIND I,

J
GEHOH ST L2 —ETE DD ., BEDTHRBEKEES, L5 e THs, HEK

DHED % / " F()dt = () RN B EEDHALT B OAEATH B, )

BEER QBB TH 205, 2 a € QODBFELT, FED 20 € QXL T, [a,20) C QD
K hiLD, 2T

F(z) := f(z)dz ([a,20) 1& a ZAR. 20 ZRRE T 2897)

[a,z0]

EBLZEIRED F: Q5 CHOHERTESLN, BFX F=f PRDILDZ e ZATFITRT,
QBHARETDH 206, EED 20 € QTN LT, HIIE ¢ HFEL T D(zp;¢) C Q.
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WZIZ0<|h] <e ZRLTEED RITHLT, p+heQ. TOLE

(6.1) (2) dz +/ f(z) dz — / f(z)dz=0
[a,z0] [z0,20+h] [a,z0+h]

DD LD, 3K a, 29, 20+ h D—EMR EICH 2550 ETH %, 35 a, 20, 20+ h

A, —EMRECERVESE. ThLRTHELT22AF (A280) 2 A v3d2, AcCQ

(ZDZ & DFFIEFHE TR 2) 2D LB, (HIFRE LTD) [a, 20] + [20, 20 + h] — [a, 20 + ]

. ZAF A ORE—ET AR THE00 (MEZETHIEEDHDIL, £ THL

BEb DB, WITUILTDH) fll& 6.1 &ZJZO’C/ f(2)dz=0. WThDHED (6.1) 23
OA

JEDLDZ DT 5,

W Z 12
F(zo+h)—F(zo)=/ f(z) dz.
[20,20+h]
(222 e%iE, ME 610 DL AL THZ, —IHEVTEL, ) 2hADS
F(z+h)— F 1 1
WP gy=g [ g@d—g [ et
h h [z0,20+h] h [20,20+h]
1
_ E/ (F(2) = f(z0)) d.
[z0,20+h]
W Z 1
— f(20)] < 77 max |f(z) — f(20)] |d=|
h ’hl 2€[z0,20+h] [20,20+h]
= max |f(2)— f(z0)]-
2€[z0,20+h]

[z CHHETHZ205, h—- 0D EHET 0 WKINERT S, wXIZ
lim F(zo+ h) — F(20)
h—0 h

Thbb FIiE 2 THHTET F(20) = f(20). m

f 69. LOFREHOANIHNT: a, 20, 20 + h ZTHRE T2 =MAE A (ZMAEHROEINTVWSY;
BHFERD) D QIEENS Z e ZAEHAE X,

= f(20)-

B 70. (B TZHTHITS X310 LTEL LEV, ) f: O — C 2R 5%, » € Q128
LT ho0orst F(Q)dC — f(2) THB ¥ it

h [z,2+h]
(REZ%Z 01OEMIT 2 & &, FIPERICIERT 5. LW I BEGHICRS TR TR
mCH b, )

a N
% 6.19 (MBBEEICX IS Cauchy DFEHDEE) D 1 C OMMEHEEL f: D — CI3IE
Hle 323 E. D ANDOEREDXTH C kFAdh#R ¢ 12 LT

/ f(z)dz=0
c
DD YLD

k(f & D THEFBT, D ND 1 [RZBREIER, 2 OE2550 THR Cidams s Lo, )

J

SEEA MRMEBUIERIEE TH 255, =
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1 6.20 (1/> DELEEH) (5 Log m%noﬂ\abcﬁm:) %K £: C\ {0} = C, f(2) =

— MR (R / T —oni £0%pB). KO :=C\{zeC|z<0)
|z|=1
. M1 IRDOWTERTHEZDT, f % QICHIRUZZBEE f|o 3RLAHEBIEL
d
Fo)= [ foa={[ % eo
[1,2] s ¢

BH (ZAURTIEEEI D B Log 2 125 L\ — HEIs Y. 2 — | TOMEMBZAZ—
BT Bh5). . C 50 NOEEDRN C RS 513 / f()dz=0. m

ROFNZE THEETH S, BND EERIEFHBEICD 22D 0, RPNEHEHT % Did—
tEHETH 3,

1%6%4———®Hﬂkmo &) a,ccC 3L &,

(6.2) / dz ) 27 (lc—a|l <r)
' pderz2—a | 0 (lc—a|>7).
DD YLD
. a—cl >r DHBAE. R::W B r<R<la—c| T, EHIT

1% D(c; R) TIFAI

z—a
o |z —c| =r 13 D(c; R) NOEARL#HR
DD LD, FBHEEBICE T %5 Cauchy ODFEDEHIZE D,

/ dz —0
|z—c|=r £c—a e

IR, la—c| <r ODGEZEZ 5, HRATHEZZERZRESNTHWE DT, FIEZUZ
EHBLL BV, BROGERZRT, BETIE. (Fika), (J7iEb) 2T 5,

(J7ik a) K16 D & 5 72 HlifR Cry, Cra, Cor, Coo, Ty, Ty ZHAT B0 Oy 4 Chp, Cyy + Oy 1
ENEN |z—c|=r,|z—a]l =0 THE2H) 56,

d d
(6.3) / : :/ :
Cii+Cip # — 0@ Co14Ca # — @

ZREH T UX R W,
011 — FQ — 021 — Fl =N

SIERNZ: & 2 BAHIRN O PHRIFR T H 2 52 5.

dz
/ 0.
C11—Ta—Co—Ty # — @

R ISEECERE (85 X 5 AU, HEEITS B, £, BB

- HIERIZZEFANC. HI#R [z —c| =7
BRI LT L TR |2 — a] = 6 1K 5205, dz :/ 9 35w Canchy oM%Y
\

z—a i—al=5 Z—Q

|z—c|=r

R f(2) /C_(K%f_lkﬂbfﬁm
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16: YIhiAABZ AN T OOPAMIFROM & LTRT

SIERNZ: B 2 BARNHIRN O PARIR T H 2 52 6.

dz
/ 0,
Cia4T1—Cop4Ty # — @

&DHK% e Fl, FQ J:O)ﬁ i)):\:g(’ LI NT

dz
/ 0.
C11+C12—C21—Cop # — @

ZHUE (6.3) Z/RLTWAS,
(731 b) (B8 [22) THlo 7o ) |z —cf =r ZHi7THEED 2 1L T

012 + Fl — CQQ + FQ Oi\

1 1 1 53 a—c)"
z—a (2—c)—(a—c) z—c 1— (2 — o)t

—c la — ¢

SRBSHHIT [A] = |2 | = == <1z K xBR0 1) THED S,

Weierstrass @ M-test & D |z—c| =r ET—RRINCRT 270, W 2 IZIHRBIFEST 23]
BET

o

/z—c| Z—a N Z |z—c|=r Z — C dz - Z(a - C)n2ﬂ-i5n0 = 2.

n=0

(ERMEDIE E7) ORI 22, n =0 OHEZFRE 0 THH, n = 0 DIHIZ
(a —¢)2mi =27 TH 5, )

(FFik c) ZRE: (PR [1]) 1&. Green DKL HXDED Cauchy DD EHZENT NS,

D ¥ C oI T, ZDHEFUIARFEDE NI D &7\ iE & B 7 Bl #R
572D, OD ITETHROEFICHEBZ RS X5 ICHENRDITLNTVD, f

&iE:DUaD%éU%ﬁifﬁﬁtﬁét%\/ () dz = 0.

oD

1
Z—Qa
6 DERFET. TR TIE Weierstrass D M-test 9. [—HEINEHZ SIXTEBIFESAIRETH 5] e BFHHLTY

uhd LW, RETOEHEDIHICHEIIZRZ DT, BT %,
77%IH75>L\; LEEI L. Green ORNREHWS 72, [1] TEIERIBIE O EFICEREE O #HME % I E L T

B 1 OWBHIBLGETD 525, BIEIEELEL

E D:={2€C||z—a|>0, |z—¢c| <r} DU ZZOHEKTIERIT, D ®
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BHIUI Cr: |z —c=r & Cy: |z—al =0 DEDLBRD, C — Cy &, #ETHMAOD
EFIZ D Z2R2MELR>TVEDT

/ dz / dz / dz
0= = — y |
op # — C |z—c|=r Z—a |z—a|=6 Z—a

[ 71. (6.3) Znt, (LIT—IENTH B0, [H 2 BRMEE 3, EHbALRTI L, )

6.5.1 %ﬁ:Eﬂemn;;o/f@yu:o%ﬂ%?%:zﬁ%ié
C

(LI 5 < T
BT C 123 LT / f(2) dz = 0 BRLE VRS, ETRA L s Fsic i3 3

c
Cauchy OFETEH (EH 6.12) 3EMTH 253, #FETAEAT 2 REIEINRVWoT, BEAH
U S % Cauchy OFEDEM (EM6.18) TLRTH I ZEZTAL I,

ﬁﬁﬁ@iﬁ%émtmm%ﬁfa\Qm@%@ﬁoujumx/j@y&:o%ﬂwu
C

kmt%\C“CQ%A)%%E?%@@@QH&%O#Mﬁ\/f@ﬁk_oﬁﬁﬁf%%o
R EIIE, O & LT EATFO M RS ¥ O (2 UL ERTH 3 ) 25
OMBIEnHD, THFELEZRTWV,

MRS Om B 1 T, BRI T 3B AR B BR, CNE RO 5 OIENA
VR RS L L,

O BEETHDLIE. BB ac BEELT

(Vze Q) Jfa,z]

DD DZ L THEID., I a BEEATAT, a 2D “RIABWVW Q DEEPIRTEVES
@%er?é\%Lcwxwmeﬁ/j@ym:oﬁ%ﬁé\zm5®ﬁ1o@@bﬁf

C
H5,

FlziE, Q=C\{0},a=1,32L&E, a2bRIRVAE (ADFER) % Q 25 FTXRTER
e, O =C\(-00,0] &%, ZHUF (Log REDEFEL LTEDNZ) K<HONE
BITHIR T H 56

[FREIC, FE 2 5B ZRWER Q .= C\ D(c; R) 3R TRV, TED 0
WL T, a ORABRWEDZIRS & BRI O 25 C% %, EE. L2»oM |z —c =R
WCHHR QARD %) Z51WT, 200 TIE X Eh 5, FHOHICR A EZRFIERV, (K%
HAELXS, )

HHWE, Q=C\{1,-1},a=0, T2 Z, aPbRHALVEEZ Q2L ITNTRL &,
Q' =C\ ((—o0,—1]U[l,+0)) &% 3,

BEEGRTIE. PR SR THISR I NI L7 —A VR BIOMEES LIXUIFES T2, ceC,
0< Rl < R2 < +00, le - R, qbg < ¢1 + 27 K?% Zg‘\ B(C;Rl,R2,¢1,¢2) %Wﬁ‘f‘ﬁ%
ERAE

(64) B(C; R17R2,¢1,¢2) = {c—l—rew | R <r <Ry /\¢1 <0< ¢2} .

CNHREDEIBGRICEME B, BMEILTA LI,
B INRY LT —AYEHOEE 3R BESETTE>TVET,
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s B
iR 6.22 (AEIED SRR |2 — o] < RZERVIEIHOEEMY) ccC,R>0, Ap €
(0,7/2) LT B L &,

Q={ctre” [r>RA0E (p—Ap o+ Ap)}
R

Miﬂfﬁéo%@RzO@Z%Mp:LR>O@Z%Mp:&ﬁNOZLTL:pW
BT
(V2 eQ) [L,z] C .
ITRHLE QOEEDORIX L »6RZ 5,
_ J

GEER  (THH) R>0 DEEZEZ 5. L=pc” 2B |2 —c| = R ITEHRZGI, L &
R FGATAE 013, pcos® = R Ziii/cd, R 00 LIZHBZ d=Ap THH, ZD
% pcosAp=R. =

Ml 6.22 5. ROEHMPF LN,

e N
FIE 6.23 (NITLV—AVERBEEHOEEM) c € C, 0 < R < Ry < +o0, Ap €

(0,7/2) €3 %0 cosAp > BHIX(DED 0< Ap <cos™ L L HIF)
B(C;Rl,Rz,go—Ag0,<p+Ag0):{c—i—'r’ew|R1<r<R2A6€(go—Agp,<p+Ag0)}

ERESE T B 5, [HE (9 527 —~ Y FARER) 3B L Rile s, 4
PR B)

J
R po= g Li=pe® £ % EXD Ri<p< Ry WARK LeQTHDH. L 25
{re’ | Ri<rAfc(p—Ap,p+Ap)} BREES, m

4 N
% 6.24 (NV LY —AVBEEBEHOATDEETENGERICDOWVWTD Cauchy iR EIE
cE C, 0 S Rl < R2 S —|—OO, ¢1 € R, ng < ¢1 + 27 &:S(ﬂ‘bwc B = B(C;Rl,R2,¢1,¢2) tj_
%, B #ETHEESTERZ fIiTxL T

f(z)dz=0
0B

DI D 3D,
N J
AEBE RO HNL %@ 5 B TY) o TOERDF NN L7 — AV B, (i = 1,- -+ ,n)
WZEREIT D =, KA D LD,

dz = dz.
an(Z) : 121 aBiﬂZ) :

n BT REFIUR B; = B(c; Ry, Ry, @14, $2,4) ZIE D HTz B(c; Ri—¢, Rote, g1—¢, date) (€
3 INETRIERY) DS EAITEIEIC T 2 DT, ERG6.18 kD / f(z) dz=0. @ic:/ f(z) dz =0.

0B; 0B
|
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6.6 TEPBOETRH (1), BEEEHICHT3 Cauchy OB EEDIIED
5]
IERIBEEL f ORRFETICB W T, f 2IERIREF TR Z #Et IS EE LT HRET OfE
FEDSRWV, WS ERMAD D,
FETHDOET

[ DERZEPHT Cy 23 Cy i TEEHRS ) 725613, f(z)dz= [ f(2)dz.
C1 C2

AFLLBI L. RD2DODGEDND 5,

(a) FEDEE DA & RITZE Z 30T ([EE L), HFE D B IE R A #E P CRE 9 1% % 33 AY IS
ZELTH, BOOMEIZED LR,

(b) BB PAHROG AR (IaR. BRBKUSET). BE 7y B IR 72 #PH CRE 0 s 2
BANCZEZ LT, M DMEIZED SR,

C. At "f,ci
e i
( 1‘ [ (D& )
,,-/- C Il\'-\ T e
&f“_”“ ‘ R e®
17 f(z)dz= [ f(z)dz 18: f(z)dz= [ f(z)dz
e Co e Co

fEZIGEE. EH6.18 T AW THEZROEENIELLTE %,

(b) % —HEHICFRD 3 . BEREERIC ST 3 Cauchy ORI EH (2H6.12) 535N 5,
HOBASEC I, BRI O IR (2 = o(0) = ¢ (¢ € o, 8], SN IEA 1 A2 0
5 28 ICHEFRNCETSC %, BN S SRS 0 TH A2 5, HLLBINE. (4 E
iR X,

7 FEICHITS Cauchy DFESLINCERIBRDOERMERH
G5k
(2020 FEDH#FRT, ZODHLDEEETo/2e THBHIZT 4 — KN I FTRETH B,
DYLUEBNEZD S, ZlEITHRDOR T A REZHATRI N, )

ZOfidEWIhE, ERICERRILSETH %,
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7.1 HBICHTS Cauchy DFEBEDAI

[Eﬁ71(ﬂwkﬁﬁé(hmmy®fﬁ ) ceC,R>01ZXLT, D:= D@R)Z\
B, QU COBEAT. DCcQ 2L, f: Q- CWEAl T2 % TED 2€ D
WAL T

1 f(Q)

(7.1) Q=53] =%

_ J

(R ZHIHL 22, )

SEEA HHIR |C—c|=R % C b RTZLICT 5,

f(O) —f(2)
g(0) = { =z (€ e 2\ {z})
f'(2) (€ =2)

rBLE, g: Q— CIlTERT. Q\ {2} TERITH 3,
TN WVIEDOR e ZHLB &, D(c;R+¢e) CQ &725, MBBHEIR D(c; R+ ) \ZE8I5HR
ThHdhro, BREBICEIT % Cauchy OFESZEBICE D,

/g<<> a¢ = 0.

C

PAE £ 1) i
/Cq—zC [T - f”/ccTz:Q“f(z)‘

(REOSEE. F16.21 2T, ) HDE LT

21 CC_Z

7.2 IFRIRBOERBUERMIELE

z ODIE“C\ COMRD 1 DORKERERZENT 5, Bot [—HRIUKT 272 o XEFIE D
Efﬁ #,LTL\fco
s

~
il 7.2 (—HRIR T 3% 5IXERENHEE) C 12 C NOX 7N C ok, {f,}
& C* Lo &4 B BEBFIT, ¢ b fIC—RIPCRT 32 513

lim fn ) dz = / f(z) dz
n—oo C

SEBl n— o0 DY X,

/fn dz—/f )z /Ifn )l]d=] < max £+ |/|dz|—>0l

BR f S, ERBANDOEZR DD 505 CHRMEEMTE % & &, [ IZBAHN (analytic) T
HB eV, RN LB D T & % EFEIEL (analytic function) &PFEER,

I= 7.3 (BRTEY. BRI DOEESHLY) BT E VWS FEIZ, DRIZZ ZITEVWLEKT
W23, I E W5 FHIE, MITITH 2 BEe w5 DN, @t (R TE#
T2)ICEDEEIEM WO EKRTHWONE I DD, n
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e N
EIE 7.4 (IEREBRIIERRTRY, ERIBHIIERMERMTIEE) QX C OMEET. f: Q= C

WFIERL, c€Q, R>0,D(c;R)CQ &F 5L X,

(7.2) awzialG#REtgﬁﬁC(HEZnZ@
rBL L, N
f(z) =) an(z—0o)" (z € D(cR)).
g " Y
S8 D :=D(¢;R), C:= 9D ¥ BL (C 1387 X — X —ili#i ¢ = c+ Re? (0 € [0,27]), &

B2VWEZDHR C ={(eC||(—c =R} Z2ET), EED 2z € D IZHL T, Cauchy DR

N5 1 £0)
= dc.
f(2) 5 KﬂhRC_ZC
r= B s 0sr<it B0 cec LT, |28 - r Taa e,
1 1 1 1 1 = /z—c\"
C—z_(C—C)+(c—2)_é—c'1_g_C—c;(C—J '
(—c -
Wz

fld O TEEETHZD 6, M= Igé%>§|f(@\ DIEAET %o

’ﬂQ(ﬁiyl<%
(—c\(—c - R

r".

M,, = %r" B E,| ZM” IR 3 % DT, Weierstrass @ M-test 12 & D, FEIEH

n=0
JA C* E—HRIORT %, W ZITIEBIFE D2 KT,

Thbb N
f@):;;%@—mw.

(7.2) OEADENF. —R RIKET 2 X570, 25 TR RV LIKERLES, 0%

D. c ZIEDEEZ, R>0, D(c;R) C Q Ziifi7z5 R FENCHEIET 225 a, DEZDDHD
X RIZEHLITEE S, 2D i, FEid
f"(e)

n!
DD Z e PSP ZD. RDEIICLTH D5 (ZDBREDE X TR THEICK
%) 0< Ry <Ry, D(c;Ro) CQETDEE, HREDBIED D={CeC| R <|(—c|] <Ry}
OHEZGLH 2MEATIERNZI L2 56,

u l
" o fO) o ! £)
<

2mi —c|=Ra2 (C - C>n+1 2mi [¢—c|=R1 (C - C>n+1

Ay —

¢ = 0.
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fE 72. (*) DD X,

% T Laurent JEBHOEE (EH 10.2) 2 MiNTHE L TAS2H12E, ROFICLTBIHE
Edolepd Livaw, EFFEAT 2 Z b HIRED, ZZTREMT4DRE LTEL,

~

175 ceC,0<R<+o0, f: D(; R) = C HIERR SIF, BEES {a,},5, 25— EH

ICHIEL T, f(2) = ) an(z— )" (2 € D(¢; R)) BRD LD, %/ 0<r <R ZiiT
n=0

= = - ]- > 1.
ERDr &, FEDO >0 LTa, = —— L)ldz LD 3L,
2mi |z—c|=r (Z - C)n+

N J
GEBH Q:=D(¢R) B, f: Q> CIFIERITHD, 0<r < R ZHi/zTEED r 15
LT D(r)cQTH300, EFEDneZ, n>011I0LT

1 f(Q)

= % [—c|=r (C - C)n+1 dC
rBL,
(7.3) f(z) =) an(z—0o)" (2 € D(cr)).

ML O#ERDIAED B3, {a,} Dr IKIET 2A[REMED D 5 X 5 1B bh 205, i {a,}
W r OO FICE SR (BEABOEEZ L CIEHT 22 TX 5% L, BB OFRBO—E
T (%3.25) ZHOWTHRW), EED r € (0,R) IZDWT (7.3) DD ILDODT

f(z) = Zan(z’ —o)" (z€D(R))m

n=0

[?r: 7.6 1ERIBRUATE T H M TRETH 2, J

ER  INHESEOED 2L, TCRHONE CHEITH MO AIRETH 5005, =

[% 7.7 ERBBDFIRRER e R o7 513, RIZEAIBEETH 5, }

GEBA  HEEBIE fICHLT F = f 2673 F FEELI-E T 5, FIZIEAITH 205, &
FRIE S FTRE T, FHC 2 MO RIRETH 205, f = F/ I3 1 BSOS AIEE. b B IEHITH
5, n

§6.3 TRD3EMZ DT, ()e(il) ZAEFHL TH o 7,

(i) f23Q COFMBIRZHFD (IF: Q— Cst. F' = f)
(i) Q MOEEDORS O FEAIE O 120, / F(2) dz = 0 B D T2
C

(iii) f 1% Q TIERITH %

TE LR ()=(ii) (DR T7.7) 3o LAHT E %, W2 I Morera DEMR ((ii)= (iii)
EWVWIANE) bAEBHT & 7,
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AR 7.8 ((7.2) DEZRA) 2R (72) 1. LFO LS ICRZ 2 LRV D LKW,
Cauchy DFEZANRICIE, il S FOMA ZMEITHHT Z L BHK 2, DX HEED
2€D, neNIIHLT

(7.4) FO(z) o —iﬁL—a

21 Jigep (€= 2)

DD LD, ZDHEE%R Goursat DFEBEMRNZ DD 5,
ZHmB, f O cDEDD ORHIER f(2) =) an(z —o)" OFREIZ
n=0

M1 f(©)
" /|<c|=R (¢ )"Hdg

n! 271 —c

AU TR LZZRE i, BRI e WS T2l 5,
FAEER DR AT TR I AU, ALK W EREE 208 LAWY

Cauchy DD RNRZ n FEHIT LT, 2 =c ZRALT, n! TH - 7K
EWVWH ZeEHloTELE, BnHLRIT LR LRV, =

EE 7.9 (REESES TRTRTZLRD 1 20BLABAICOVT) HEITOVWT, MR
B, 2 00RRAE M, MEEMHS HAENZ VR, REOHNRIEA L LT, b
¥ % Liouville DEH (FH 9.18) ¥ 2% 7= RECE O HAEE (M 9.21) DI S 5.,
FRHOBATHDOT, HEICRBPDHIE, CITHNMTSILbEZIONS, =

£ 7.10 (REBOEA ORI vs EIREMS T (BVE RS TRS)) MITRRY v
5 SHFEBBINLTH AV BN, ZOREERIFNL S 70T 5,

GBI O \WT TRII—BATRE) % 7127 D TH 245, EERICOWTIZ. R
L WA TTHEDRIC A S R NA D 2, LTI, BT L BEREMD THEOBI D E Y 5 72
257

T PR & 1 SIEREMS TTAET B 2 (SR B EIR T TTHE = L 13RI T B
D IO T e BERBITI I B D),

Zoi, o%h TEREMS AR 5 AT 1R D 072 50 2 BRI No TH 3,
ROBIBELTH 2 (BIEH DT 2 Mo TV3),

f(z) = { - <x>0>'

ZODfIX R KT C>® T
fM(0) =0 (neNu{0})

il (25 THZ I EAEHT 2013, MBIDTOD x o LELEEME)., b Lb f 2R
M7z 513, 0 Dd BEHET

n!

DD IO, CHUE >0 T f(a) =€ 2 >0 THBILICFET 5, WRIC [ I
Tz,
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ZZETIEHERNLREETH 50, UTEERBRRRE VI DHRTD S (H 25 ND#kE D
EH o AR,

LoflE, C HTH Y. Taylor IEDIREEDERTH D, 2D (0) 238 & DB
FEFELLIRWL, EW0IHDTH S0, C° |TH Y., Taylor fREDIKF1ED 0 TH 54
Bople LT

> cos 2"x
flx) = Z !
n=1 :

BBHB (N F— - 7F— [33).

—M[34] (BI? B ULD0T 2L TE?) LD BB ag, an, -+, ap, - ZFE o MER
52258 %, (—00,00) T. C® T, EDOLNI—RK a IZBWT

@) =a, (n=0,1,2,--; fO(a) = f(a))

BT XOBRER f(r) ZAED 2 e TE 5, GEAZ. &R C MK D extension,
B (HABEERHR), 5 & 25 (1953), p. 91-92 O I fiilcH %, )

T I, ERBOR R CTHEREIM I AIEER DIZ, Wiz b & ZATHIHITR WK 5 72D
fZ1E 3 % (Kabaya(Imai)-Iri [35]). =

7.3 BRBERAOIRFE

FHE DNV TR, FREE W23 (ratio test (d’Alembert DZATX) %2 Cauchy-
Hadamard O/AF) Z#iH L 72,

RO, ERBCE ST 2RO RO D ICHEIBIEHTE 2 Z 25k o7 (&
H74),

FTTIHN L2 WA T 51213, BEREUER O R BRI SR ThiRn e v
W, TEOBARDME Z It LRI D I 23R 5 & By,

— R EF 2T AN, ERHTEZ XS, B

Q:=C\ {i,—i}. f@%:%il (€9), c=0.

o0

(bBBA. fz) = (—1)F> PERIERT, IR p =1 290225, BAEICHER
k=0

BERLARVWT, ZOZLE2RLTALI, EWVWHZLTHS, )
0< R<1%2#7ZITERED RIZOWVWT, f1& D(0;R) TIEAIT, D(0;R) C Q 25D iLD

DT, EH?? XD, 1 D(0;R) TEKEEMTZ 2, $4bb. 5 {a,}nso BFELT
(7.5) (Vz € D(0; R)) Zyn

R OHDFIEZEBEDSDH 205, {ay}tnso BRIZF R ICESTICEL S BEVIBELICTKR D
an, = f™M(0)/n! TZAIHBETH %),
EED Re (0,1) LT, (7.5) BEHIZDODT, XA D LD,

(7.6) (Vz € D(0;1)) Z a,z".

n=0
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Z DFEADFEFIDIH AR p 37255, D(0;1) TPERT 2D T, INRPERDERD S
p>1DEF BN, Fidp=1THs, EBINE FE |z-0=1 D EIC f OFRES +i
BHEIZDPOETHZD, EBALRED,

p>1tﬁibf%ﬁ%§<oE)Wﬂmwﬁmlmmﬁfmﬁf\%@&@ﬁip>1#
n=0
5iecD0;p) THZHPD, 2 —i D EARBEREBICIRT %, R

[e.9]

lim g apz" € C.
zZ—r1
z€D(0;1) n=0

ETAM 2 =i DEE f(2) = 55 — 00, KR

2241

lim f(2) = 0.
zZ—r1
z€D(0;1)

UL (7.6) KFET %,
Dl oiEmE — L TE TROEMMIF NS,

FIE 7.11 (BRHEROIGRER) QX C OBES. f- Q> CEIEAL c€eQ, R>0
T D(;R)C Q. FE |z —c| =R LT f OFRA 2 (ZZTlX ILm f(z) BFELEL R0,

YEIER) BNEETIROIE. f D c B2 ERBBEHOIR YR R Th 5,

b5 =DM L TEL,

4 N
EE 7.12 (BRHEROIGRF¥ERERZD2) QX C OFEET, f: Q— CIXIERL ccQ
35,

. > H e §
A:{Rewﬁﬁ»|Lmﬂw(ﬁw&%ﬁFtaewiﬂﬁﬁﬁbf\}

D(c;e) T f=F

KZ£< CE. f DDA D OEREEROICEEE pldsup A IZFEL W, )

B Z X g(2) = Lig(2) (ZEXEBIEL) 13, 8E [1, +o0) ZIE#EHr e LT, C\[l,400) T
FHIEEREI NS, 0 TORMBURIK

9(z) =) — (€ D).

n=1
CDFENBDICRFREIZ 1 TH 205, 5 R>1DPFEL T, ¢gix D(0;R) TIERIE WS
ZEH NV (ZOZ e BHZZEMNBEREN SR T2 5),

—H. ZOEFRBUE D0;1) T—HINEKT 2D T, ¢i& D0;1) ZHIR T2 &, (1 bEDHT)
@ﬁf%%lt%%#%oﬂ@:%+1®ﬂﬁ¥ﬁﬁlfﬁélt%\iﬁ?ﬂﬁ%dh
TRLED, FEUMETZOERBONFEED 1 TH S Z LITmERw,

Liy I2DWT, Mathematica TRIf{L L TA B &

Plot3D[Re[PolyLog[2, x + y I]], {x, -2, 2}, {y, -2, 2}]

Plot3D[Im[PolyLog[2, x + y I1], {x, -2, 2}, {y, -2, 2}]
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19: 2ER 20: JEER

%7&”%&%&@%&&Eﬁwﬂﬁ¥ﬁ)ﬂw—%%%@@MWQGCMMW@ZQ@)

WEHWZER) T2 %, P(2) DITRTOWR ay, ay, ..., a, ZBRVTz Q:=C\{ay,as,...,a,}
T fIRIERINTERITH %,
—F. & je{l,2,--- ,n}ITRLT, lim 1f(z)| =00 THZDT, z=aq; ZE&HTIEANZ

JLET 2 Z 2IdHRR W (o BB TERTL2EEZME L. f OWMTH ),
WZIT, Ve e QIHLT, f Dec Db BEHFREERDOIGHERIZ min |a; —c] TH2
SJsn

(B D OFEE TOBBCE L), o

5l 7.14 (HFE p. 81) EEIEK ,
f(x) = 152

X R 2R TEBNITH S, THhbHB, Voo e RISHLUT, f1d zg TEIERTE %:

(Fr > 0)(FHantnz0) (V2 € (0 — 1,70+ 7)) f(2) =D an(z — o)™

L L =0 TORMEERH

flxy=1—2 42" -0 ... = Z(—l)"x%
n=0
d—l<x<:1?L#Wﬁbﬁm(@mﬁ%§%1y7€bo%ﬂdf@%:;%iz
L 275370, D0:1) TRIGHL. {eC||z|> 1} TRRERT 2L ho0hs. =
B 73, [(s) = o & 0= 2 OFD D CHAEN LI ¥ OIRERE (KIRCHREE

FAE3I2) K X,

z

Il 7.15 (Bernoulli BDBEBDOYRIER) f(z2) = P LB,

(SRRSO ZH - T0iUR, 01 f OFREFTRERIE A, 2nmi (n € Z\ {0}) & f D
IO THZZ TS, f i D0;2n) TIERITH 205, 0 DR D OFENEERH
v HELICHHRTE S, )

3R S FIRERREEL (C 2R TIERI) Td 5,

DRk —1=0 < (In€Z)z=2nm
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THEP5. f1& Do:=C\ | J{2nri} TEARBREED 2.

nel
EED 2 CITMNLT
. B 2" B z
n=0 n=1
ThHhdPo, 24011 LT
e — 1 B Zn—l B i o
z N n=1 TL' n=0 (TL + 1)

FILDEFIL DK FARIE 0o TH B DT,

:Z(n—l—l)'

n=0

(z €C)

cBe, BEM g DPEFE S, g(0)=1#£01CHEETS L.

g(2) =0 & z#£0ANef—-1=0 & (IneZ\{0}) z=2nm.

D:=C\{2nmi|ne€Z, n#0}=DyU{0},
. 1
= — eD
fo)= == (e D)
yBE, D CRIEANCRY, f OfRICKR S (0 THEHRTER),
FRiZ 2| < 2 TIEAICTH 57226, 3{B,} s.t.

- > B, ,
(7.7) f(z) = Z —T* (|z] < 2m).
n=0 ’
ﬁﬁ\jg_ @%qnfﬁéﬁa\z:i%wfwﬁ%@:0®t%tﬁﬁmyﬁ%mﬁ

FITHILICE-T IO REVEREOMBTIEANCZ 2 X5 iFHRER WV, @212 (7.7) D
INHERIE 2 TH B,
DLEA, B 711 OHAGIOFET, ZORIIRKTDH 5,

B, 1& Bernoullifk ¥ 2N, %< OEEARIGHZH S (BIRA Y K DAY, tan & cot
k=1

o0

= T 1
D EE LGN Z % DF, Euler-Maclaurin DR, ete.)o

%*ﬂ@ﬁlﬁ%%b\fﬁ%

1 1 1 1
BD:]‘7 Bl:_§7 B2:67 33207 B4—_% B5:O, 36257
B, O—fBIEE R TEHELRITH SN TRV (2D, ZOREMEOIHEE%E, Cauchy-
Hadamard OEMZH > TKD 2 Z & IFH L W), Bernoulli BIOERDLEF TV O0H 3

P, LOFRIZZDIHbD—DOTH %,
n 2
mi:k +{§%+1 E:ﬁ (n@;D) 7Y DORREMRCHRM, 2N

—‘ﬂxﬂi Lt/\fﬁ) Bernoulh MEHNTESNS,




(%E%EKE%'% (Ft) ~

f(z) = - Z_ &, B, := f(0) % Bernoulli &5 (0 1% f DFRERRERFE
RTH5),
. J
~ Mathmematica Tl ~

f(z) 20 DFEDDIZ 10 RDIHE T Taylor BFAL THA 5,
Series([z/(Exp[z]-1),{z,0,10}]

IS B, Db,
Ho¥d, £HZDH Mathematica 1Z1&. Bernoulli 2, Bernoulli ZIHNXZ51H 3 2
U BernoulliB[n], BernoulliB[n, z] DHEINTWVWE DT, EFFRIMENLELRIGEIC

Taylor B $ % IRV,

Table[BernoulliB[n],{n,0,103}] )

ﬂd+g@%%ﬁ&®fxBpﬂ%%\ﬁﬁ%@@@%ﬁBMJmZQHiOTﬁéitﬁ
% (IERIIZ2EBIRIT 22 OREMRBUCEATE 2 2 L ITIHER),

5213 Bernoulli BIOEFIIIEL RIRED D 5, —Ib. LTERLIZDDBRAY vy =72 %

ZTWBH ZALATHENZWDIE, f(2) ORD DI f(z)—l—z EHWEGEIEON

2HDT, 25F2k, B FUDPLEOEREERD, By——ZﬁéoﬁU9%w®J%®

Ty

Bernoulli (1655-1705) S BH=EH (1642-1708) 32T H 6 ZHW/A % 5 TH % (Bernoulli HE%

HENZZZ2BETENDOTHE0, ZOHEE B =1/2 DADEEVBRWV),
ZoMcd, HEFEHLLEZRVED (ZNT By, % B, £ HEWVWTALD), FFEEEZ

b, MDLZRREDOE VYD 5, b ZIFBERE (MR 1)) 13, BEFEEHDIHE B,, D&

_1+Z nlen 2n

WEoTERLTWVWS, (1) EWHSREEZDIT7D, By, >0 DD D, =

(7.8)

B 74. 0 O EETIERIZRBREEIZ 22 OERBICERINS Z & 2Rt

R 7.16 (Bernoulli IDIGA) Bernoulli 23t 4 REARNZMBEOMEZR T -0I1I2fibi
5, W ODFANL XD,
cot, tan, coth 72 ¥ DEAREERH:

=, w2*B
cotz:Z(—l) 2k k1

— (2k:)
Ban n 2
zcothz = ——— 2"
; (2n)!
— (—1)"122(2*" — 1)Bay 5,
tan z = Z (2n)! z .
n=1

e 22n(22n - 1)

BQ” 2n—1
(2”)' z (\_)_7;%0 )

(BEZFEDTET Bernoulli B2 ERT S &, tanz =

n=1

8078 ETED XD ITHN LTze Mathematica ZH 5 5EICHEMNTH S S,
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FHRERMDRIX (B« Bernoulli DAR): TORRNTIE By =1/2 &3 %,
nk+1-J

E:Z—E:(>JE:T:;(mkGM.

£ — & B ¢ DIEDOEEICEB T 2 BEEYES!
oo 1 22k—1 2k
C(2k) =) = <—1>’f+1(2—k;232k (k €N).
n=1 '

Euler-Maclaurin O3 f 23 [0,n] T CF e 35 &

k

/ Fla)de + 3 (Fn) = FO) + 3222 (F5-(n) — f5-5(0)

= 7

+ k), /0 ' By(x) f® (x)dx.

72721 Bi(x) 1%, Bernoulli ZIHR (B- &, N LENE) Be(x) 2 A 1 THIRLZZ 8 D
THb, MEZBEDTIHMELZZD., EFRTZBEARTEMT % & 20dE iz L7zb (]
B 1 FED 2 B AN TELT 2 L SHEETH L. ERIFNEILTHo TNy,
FRRERES S ) tar RECEDH 2N TH 3,

Bernoulli 42 oWTid, Fi)Il « PRI - & [37] 255E LV =

4 N
8 7.17 (cot, tan D 0 DFH DD Taylor ER) (7.7) T Bernoulli ¥ {B,} ZED %
=N

(7.9) cotz = = + Z 2% BQ’“ 210 < 2| < 27),
=1
o 2k (092k
(7.10) tan z = Z(—U’HQ <2(2k)'1)32kz2k_1 (2| < 2n).
g o D
EEEH z z z
9(z) =5+ ) =5+

P 6z/2_|_6—z/2

LB, g HEERTH D, (FEES LT - DTE 2 THB L g(2) =

/2 _ o—z/2
BESNG, ) WRIC g DFEBRBEMOTHROHEDFZBUZ0TH D, K 2 e /
Blz—%, Boxi1=0 (k=1,2,---).
Inro .
= 2
zcotz =z - zez.z—i_e_lz—izezljz—i_l—iz( + — )—iz+ .2”
ez — ez e? — 1 e — 1 e?z — 1

: — B : - B
=g (222) =1+ Z (221;' (222)% =1+ ( 1) ko2k (2;1; 52k
k=1 ' k=1

SUREH TS RBBGERR / — b1 [36] D §5.4 TRIZEBROER S D EUER) [z FH Wi,
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tanz = cot z — 2cot 2z THBHD 5,

> B - B
k 2k 2k 2k71 ko2k P2k 2k—1
E -2 — E —1)"2°"——(2
+ (22 + ( ) (%)!( ,z) )

=1

| —

tan z =

2%(2% — 1)BZk 2k—1 -
(2k)!

F18N

2k Bk 2k\ 2k—1 k—1
(g =2 = 3 )

k=1

e
Il

1

B 75. zcothz D 2 =0 DFHH D Taylor EFIZ KD X,

Bl 7.18 2 DD . .
f(2) = 9(z) = GoD_2)

z—1
FEhZEh C\ {1}, C\{1,2} TIEHITH 2, f b g d |2|] <1 CTIEHITH 206, h:=f+yg
b |z| <1 TIERIT® 223, FEid h 13 |2| < 2 £ CIERNCHLRATRETH 5, Z4UT g(2) DOFB
RO
1 1
z—1 * z—2

9(z) = —

%Em@u&gzz——# BHBDT) 0B, ®

7.4 Cauchy DS RN (FHE7.1) ZHEDEOER TIEAT %
(ZZWEEFHLIAN=Yardhlichd, ZheIlbolliHoTbZk, )

EREBD T XX P 2R THS &, Cauchy DR AXDIMIZEAL LD D0H % Z L

Nhb, TNHZEEZDIFRVIIRICK 5,

PIFD X957 “HEROZER ZHw 23320,

0<e<R—|c—al ZHWiTHEED c ITMNLT (c—a| < RTH3H»H R—|c—a|>0T
bH3).

JG) O
(7.11) /Z_dRz—ad /|H|€Z_ad

MDD ZEL, DFED, BAKRE |[c—c|=R D5 |z—a| =c REFT 2D TH 5,
2935k, z=a+ee? (0e0,2n]) B L

1 f(2) 1 T fla+ee®) 1 o i0
% ‘Z_a|:€Z—adZ—% ; T ce d@—% . f((l+€€ )d@
CEETES, e 20T 5L
1 2T
g/ fla+£e®) d9—>—/ f(a f(a).
0
YIBZEIEBEDTN B2, R
L /) dz = f(a).

2m Ji;—q=r 7 — @

(T.11) BRTEDIC, BRBRPDHSDHZ, RENRLDERTHLS,

27 27 2m
822D 7= . ‘/ f(a + ee') 9——/ fla d9’ < S sup |f(a+ee®) ]/ e =
2T pe0,27]
sup |f(a+ ee” (a)|. COHERZ, [ 23 a THEETHDE I, e —0 DL E 0 IIERT 5,

0e(0,27]
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7.4.1 FEOEZEY

PURIZEAS 2 7K. HORIERH STV S Z 220,
d%c—aDEALT S, c—a=|c—ale”® BEDILD,
Rp 3 5¥%E r OMEZ AT 288z = p+re (0 € [0, 0+27]) 2 C,, KT,
D(a;e) CD(;R) &5 &5 e>0% 1 DOWM-oTREIET 2 (B2 e:=(R |a—c|)/2)
Hatee? B a+ (R—|a—c|)e? CEoFT SHEDHIR 2 =a+te® (t€[e,R—|a—|)
L &7,

IhoDaEEHWT

C=Cog+L—Co—L

< (K21 2R E),
C O by O TR, BRSBEEITHTH 205

f(2)

— 2 dz=0
CZ—CL
DD D, —H. L ¥ —LIZHES5ETITHBHELE D DT,
ACPRRY N VR CVy i v -
cZ—a Cor?—0 Coe 2 — 0 lo—c|=R ¥ — G lo—a|=e 2 — @

W Z Iz

/|zc| szgzzldz:/lz o Eszzldz.

DUMHEIE— RIZoTA DS 2, ZOHIE C [ ZEMEAHIR T3 W T, 2 Z_ad_
0 THE2DD, ToEDLRVWESLWED D, ZDREHRELZFEHZ XIHEN

7.4.2 BAWVWTHSEHELS

(L)
Lo CIZHMEARMR TR D o 7225, IEOME § W #hiR C; 21E5:

Cs : =Ceprs+ Ls — Coes — Ls.
(& DEIFR Cops, Ls, Coes DEFITEDPRVAH, K22 2 RAIUIM & 22 HGEHK 2 TH
59, )
Z DHIAR Cs IXHAEARIARTH D |

C(;Z_a
LRBZZEWEHHLRT V., FOANS 02T B52 82K
f(z)
CZ—CL
DREZTHAD, ZORIX BHEDIEHZ 72 EUX RV,
DX ICHIFROMRIS TR T AR A HEAMMEZD 2. LWVO KD TIN, &H
AR 5DIEP, BHREAEZHE L TV FEENRFAAE (FED 2 FENZ V) ITL o TITHE L
F957, HEMOHCHREICR D Z 5 TRDB51T 5,

dz =20

BELa Yy y MEEG K 2L o T, DD K T—HERTH 2 Zeh o, BOOIBRERTOES
ID7?
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21: GEFH1: 1 ARDIG L, ZTEL T a DA D E[E-> TR

7.4.3 SFVWPDHAH
C, Cy ZXI23 DX DICED D 2. EHHHXDH CH RO BEMEAMIRTH D .

ﬁalz =0, ﬁdz =0

Clz—a CQZ—CL

DD LD Z FFHA LR T 0,
PIZAERD & 5 HEHBHTRE L TS 5 X 2 DTIERWES S D%

.« (EECHA BB €, Hib, O omuimoninc s, LU pmsaieemm
3V (G =1,2),

o (FTIEATEI AR S B — M D CAEINC 2 5) % JIE B S50
Q\{a} BVT, #EHICEROETHEIMEZED . ZOHT C; ZEF L TEBHIFICH
K%,

Z93 5L

IO S (C R B (C PR
/|Z—C—Rz_adz /|z—a|_gZ_CLdZ /Cvl+02z—adz 0+0 :

/zC|=R %dz B /|Za|:g %dz.
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4 22: FERA 2: AR 6 A Z & CHMEARICL T2 6 -0 235 (FAL %)

7.4.4 Green DTFEIBZFES

Green OEM (ROHTHAT 2) 25, LT X5 RiHADEZ NS,
0<e<R-—|c—al Zif/THEED e ITHLT,

D :=D(¢;R)\ D(a;¢)
LB, DO D F. ZODHE |z —c| =R, |z —al = 675, 0D ZIEDAXIZ
TBHITUE. |z —a| = DFITEHE LA EF (KEHEID) 1ITHS,
Green DEH (HEDH L WA= 3 VIEBEIZRW, D 208U T, 4 OFEEDHERRH
WTH2EIITHKS, )ITLoT

0= () 4.
op = — a
i £2) () £(2)
z z z
e — adz = /Zd:R o adz — /za|:s o adz
THEDE

G, _ [ G,
/ZC|=R Z = ad B /|za|=€ z — ad '

ZORYFIFRMLBRERWD, Cauchy DFEST NN EZIEHT 2 R0 [/ O RE T
VDT, WP S fERE WHIIREETI2LEND D ZS5TH 5,
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X 23: GEFH 3: 2 ADEZRTE L T, 2 O DEARREIES

BEGRO 7 % 2 1 OCiE, BMOEREOREIC, BT T% < . BRI O
PEERLT, COMHEERAT 50055 5.

7.4.5 ANDXDHHFDORFADERA

IR OERIE, TRICEERWNRHIRICOVWTR2581%, ZHUIEHL (3R WVw, H 5
BEOEEMELH 255G, To0Z D2 bAL LEHAZT 201 B CHELVWH DT
%%O

ZDi#EFETIX. Cauchy DS AR EZMBEBICIRET 2 Z Itk > T, MOKOLE &l
DRVHEERTREIA L 72 (EH 7.1), 2 Oimikld. B47% Ahlfors [27] (. @i [22], 21 [31])
ERHCHBLLDOTH S, [ OEfHELIEET. FR&EAFNEBICES RWT, B
PRAREEHDS R T WS, F72. 25 U CREA LM B 2 A /R 2T, £
COEBERFERNPETZ L AL TBE20,

BT, BRI HER R O HEESHTRT, LS 2 DICFMD» o7z, ZHEHENS
KU THBTERWAEEZ 208 LAV WA, Cauchy DR EH « BN TIE. B0
REMEEZDZLIWIARENTHD, EZ0THL2DOETEDORD Z ICEHT % 0 %k}
52 EIdHRZ VW, BT 512, FOEERIRETERIAENRZIETHS, tEZOLND,

TARNCIE, BREBICBY % a—2 — oS EHIX, EHOREDHRS LI  HE%x
FBHERTVEVWIEKRTETHHVRL T (UhKOBNF AL 7D L 57, &) RETWS,
Z DA HR DR ERBSL LW e e S,
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ZZE FHWT, IERIBEE DM EDRE 72121X. Green DEMZ H W7z Cauchy DFEDE
M- oAb SRz fliS Z k5,

@B BEGHRDOTF XA PDELIE, 20D ZEBNLRFHHTREDDUIZDDHNZ W, LAL,

SFEHL £S5 3282, hrbhro/kdlo/720FT5DIFERHY bDTH 2, BEGHD
ﬁ%%ﬁé?%ijk&of@% BEHINZH b h T3, REORMAR AT 22D
k2 X RFHE Licwe o T, ia ke h A2 L TR, oL, H2EERHESR
Fro THBIHRS K512 o T, FRITEFNDHIZRITEINTVLZETHD, HADW LR
L7285 EDH, ZORDHFIFLIDDESHARRD T TH2E (Rok) MBETEL, LW
DT DZ D LW,

8 BE: Green DTEIE, MHHDER (2)
8.1 Green DTEIE

Green DEM (Green DFED ) 1F. 2KITTDXRY FMIVIEITT, b o & S EARW L OEER
EMTH2EEZ 5, BIfITIE. 2% W Cauchy OFEDEH - S AR OFFHIZOWT
Sk U7z, #ZRE ([1]) 320 THHEINTWS, Green DEHZHIZ Z L I3ERIEEE
ZHN5DT, TOBIEZFHHT 5,

Green DEF (Green DFEDARN) i, O HATRELZEHBL T, MROFXLZT2H
<&

(8.1) /8DPda:+Qdy—// +— P,))dxdy

EWVSHDTH D, 525 B3ZEMBDOMWIET D 5 VWIERT MV OFEFR T XN 5,
22T DIER? OWHEMT, D BZZ2DHEFUC (UNCHAT 2 X 57%) NEDMmZ) 207
HI#RTH 2,

R 8.1 (AETES) 0D & D 0% (H2EWT) —ET %, FAfhiRe. PRI TRX
h%ﬂjﬂﬁk 1o TORMEIIE. BEIFES (a contour integral) &I, 2D Z & 25T %

7’:@03% eELZeH B, j{((i ETEX Tl \oint THHRTZ 2%, =

Green DRI, IREDE D EE DT HEIDPTEARBRN=I a3 hH 5, IREFFFTVHED, E
HE LX) — Bz, muwWeEHEr 22000, 220 EE L < &b, #Iik
FExGRL T 5 eI fERIcR 2 00, EHE UTIE—®RMENERLSZD 5‘514\%@0:72 5, &
DUAZFEIRT EZNEZIELZATH D, ZZTIE, 28ED Green OEHZ AN

(32 8.2 (B0 —MEN% Green DAR) B2 OH D ORI, HREOKSHG !
SERBARAHR O, ..., Oy DIBROBHHCR 5> TWT, & C, (j = 1,...,m) DHEFTHIA
D TEF) kD%’:E%J:OkZﬁo’CL\é}:TZ)O ZDEE, D’EE’:U@%’)F’EJ &7T Ct
WDREEL P, Q 1T L T,

/ Pd:r—i—Qdy—// . — Py)dx dy.
8D

N )
BEER  Z ZIZEFE TRV, 2R D FRDDN D #lo TV EARIEIDLR W, FIZIE [31], 55
J& [38] iCH B, m
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24: %Efﬂjz D @iﬁﬁ oD % Cl + Cg + 03 &:%LL\

EIE 8.3 (HHEMEIHICH TS Green DRT) R? OFI D &, (z BHAME723 y $EH7:7FLJ\
cp) AR TH D, ZDESR 0D 13, XK C* #kith#t C OBz oTWT, C Ot

FTABDEFIC D BRI ZEIICKR->TVWEET3, ZOLE, D2E0LHIMEAT
01 W DBEEL P, Q \Zx LT,

/ de—l—Qdy—// . — Py)dx dy.
oD

_ J
SERE  LEEME T, 2 OMBES OBRIFEICEH - TV B ( THEREEY 0ERREDZI WV
SDERTREIWV), FIZIEHER [39] (ZAUIBESO#ER — ) 2R X, =

EH 8.3 Z Db DI FHEIFH LR, Bl 21X TR S 2 BRI D IIMERAEIR T
WOT, EHOREERT X2V, LHrL, ZO5VWI585d, D Z@E4 I “9El35” ¢
T F/NEERDERE 8.3 DIREZRT/ZT LD T 5 Z 3L Bz 2232w (FERFED

FlE 20T THATENSHEGRERL 27, 4012083 12 DD H RIS HERR
nﬁiﬁu £725%)e ZDXIGEIR. (8.1) LD LD,

IR, D 2 8UH%ES LT C fOEEOBB P, Q WX LT (8.1) DDk 5% D
%. Green DN D ILOFHIBE WS Z 21T 5,

8.2 Green DA ICE DI < Cauchy DFESDEIE, Cauchy DFEI L

a N
EIE 8.4 (Green DA D IIDMEIH TD Cauchy DELEIE) D 13 C DHEE T, R?
DOFIHE F—MH L7 & =, Green ORADED VOHEHTH 2L T2, ZOLE D %2E
L d HBRE TIERIZRBIZL f 120 LT,

f(z)dz=0.
\ i Y,

84/ Pdm+Qdy—// s — Py)dedy ZIMZ 2 & (8.1) HEohd,
oD
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ZOEMIF, #EDZEZ M LT, B D OBEFICR>TW0WE 5D LHINRICLT
WRWDT, MENTHEMA UZER 6.12 L EERTEOWDIT TRV, 550biFTtd i, Z
DEFMERHEZ 2H5EDHZL VDT, LA— b =12 TEL LEWL,

AERR f OFEER, EEE ZN N u, v £ B &, Cauchy-Riemann HERK u, = vy, u, = —v,
D RVASIONG

an(z)dz:/aD(u%—w)(dxjtzdy) /(udx—vdy)+i/ (v dx +u dy)

oD

://D(_ d:cdy+2// ) d dy
://D()dxdy—i—i//Ddedy:O.

B “HHDOFEZIZOWT, 3D LHHL LS5, 0D 25, C NDX7pH) CT DR
z=(t) (t€[a,B]) T DL E,

() :=Rep(t), nt):=Imep(t), @t):= (f(ﬂ)

SRR

:/jf
:/ﬁu (p(8)) + v ((t)) - (€(t) + inf (1)) dt
|

B

B
— v (p(t)) '(t))dtJri/ (v ((2) §'(t) + u () 7' (t)) dt
:/BD(udx—vdy)+i/8D(vdx—|—udy).l

4 N
EIE 8.5 (Green DRHMEDILDMEIHTD Cauchy DFRFARN) D & C DT, R?
DML FA—FH L7t &, Green ORRMWD VOEHKTHZL T2, ZOLE D 2E
T d 5 FARE TIERIZRBIE f 120 LT,

(Va € D) f(a)—% 8D%d

N )
SEBA fEED a € DL T, +4 /J\é RIEOE r ZELB 2. D(a;r) C D B D LD,
0<e<r ZTEED e IZOWT, D, :=D\D(a;e) £BL 2, D. b Green DNHHK
DT ORI BB (AMMT? 2 ),
OD.=0D—-C,C:|lz—a|=c TH05, EH84IZLoT
1 f(z) 1 f(z) 1 f(z)

0= dz = — dz — — dz.
omi Jop, 2 —a " 2mi Jypz—a ' 2mi -

|z—a|=¢

e, L 1 .
|z—al

21t Jop 2 —a 20 J,_gee £ — @
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(Y
(v
)

b FE) g
L%E dz — f(a)

211 zZ—a

1 2 0 1 27
= ‘%/0 fla+ce )d@—f(a)%/o dG‘
1

o

<1 max ]f(a—l—eew)—f(a)‘/o%dé
E

Aﬂ(ﬂa+aﬁ)—fm»d9

27 6€[0,2n)
“£E§Jﬂ@+5€) f(a)

e—= 08 TREAMI0INFHET 3,
Wz A2

L (2) dz = f(a)m

21t Joap 2 —a

8.3 MIHRDER (2)

O OE (MR S ERIBE O . BB IE R 72 855 © phi 2 @i 1 £ L
Td, METOMIEIZEDSRV) 12V TIE, BRC6HiTdENZ (o b, FFLWVWILIX
5% (BE) ELTH3),

Z 2T, WL onfilEEMNS %,

8.3.1 HAAFEDBEEDEENDS

271 z—a
S 1 TIED D 2 LISk o T, MU RORMBI 02 RD X (A HE LI LB
TRB L),
dz dz dz
! 2 3 /— MX +1+ ZTHAE T5IE
( ) /|v21 Z(Z+2>2 ( ) /Z—|—3|2 Z(Z+4) ( ) r Z(Z+2)2 (
T DJE)

5l 8.6 M#EIZHE T % Cauchy DFEITLNIK f(a) = L/ /() dz (REZ ZZIZELD
|z—c|=r

(1) ce=0,r=1,a=0, f(2) = ﬁ 55 e, MBHEEICET 2 Cauchy DDA D
%M (a € D(e;r), 22 f & D(e;r) BT HHHES (D(0;1.5) &2 C\ {0,-2}) TIE

HITH 3) Hilil- &N 5, ©ZIT

az f(2) ; ' 1 1 m
/;142+®2 /;drz_az mif(a) = 2mi O0+r22 1772

1 .
(2) c=-3,r=2,a=—4, f(z) = - &35, MBHEHEIZE} S Cauchy DFEZTLKXDSE

2
t (a € D(c;r), 22D f & D(c;r) &L HBEE (D(-3;3) &2 C\ {0,-3}) TIEH])
D7 S Nd, DRI

d 1 )
‘/ z _:/ -igldz:Zwi,ﬂa):2n¢u__::_fﬂ
|z+3|=2 Z(Z + 4) lz—c|l=r # — @ —4 2
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(3) WIS m 3. FR C\ {0, -2} TIEHITH 5. 2O TRAE T X

2| =1 XEFTES, WX (1) DFEREHWT

/ dz _/ dz _7r_i
ra(z+2)?2 Joaz(z+22 0 27

COEDEBOEENTEL 2D LIIICHIAT %, HiZBLALLD DD 5, RENKR
D% 3DORT,

1. METEDBALIAL-DI, BAEBANTIE, SRR KREREDL S Wi 5 1R %
BEXEZ TRV, LWHEMEIITTR, 2hzflioT, ESFFEOEZMENIEZ 37
DITIE. RD 4 DODEERZEEDIZR W,

B Z X 1 RBOERE, 1+7 ZHDLE LT, PEF 11 (1 EDKEL 1+i2 0L
DEEE V2 & DIZ/hE W) OFRER (ZAUIER) Q, 2EZ X T, Q THRESBEEIZ
IERITT (0, 2 3B FERWVWAL), ZL T, EATROET oA LSS T, & FHE C O
GEED CL O IEENET, TIH,. I 2 C, KEEZHIONET,

HBOoORBTHREIC -1+ FDLDOMZEZE T, -1+ 2 0, -2 L DT V2 2D
T, HBIREO X FUFE 1.1 TRLRK, EAFORE T OFE EER7T Ty &, FHE C
D FERG Cy ICEEHBZ O5NE T,

FIRM (I3 & C3), HARRE (I'y & C)) THIAEL

2. % JIIRLT, Ty & C; IZMEREIR (D; £ T 3) 2L O T, HERFEIKD Green @
EFE AWT,

/ij(z)dz—/cjf(z)dz: on, f(z)dz=0 ®WZIZ /ij(z)dzz/cjf(z)dz

CIEFERDHNDFET, Green DEH L AL T oTWVWB WD NI, 27V 5
H LAWY,

3. HHOEOATIE BEEME) 2 VW50% T2 ZehEW0, C\{0,-2} DHFT, IE
FTE % AN HAIC AR S 2 548 (KT PE—EHREER) 2152, ZOEHKITE
IFICENE 328 (JRAICHAD o THED 2 & C— KI3), K E b E—E&1 DI, B
BEEEHZONE, LW EHIIRETEBREICHLZZT T, SEHIE LTV ERA
&R/ — POMRICEDH 2 (E4DESEL p. 303, EHEA)), ZHUEH x o & BEHUN
WEED T

8.3.2 BEHEND Green BE (Fx) OEHICHNZTESROER

5l 8.7 (Fourier fEIR THERLH) BIGER wi(r,t) = up(z,t) DEARMGE U(x,t) =
% Fourier Z4% W TRk 21 EIcHbN 3, IEFEICHELRHITH %,

heR EITDLE, . .
/ e~ @Hin) gy — ﬁ—/ e dz.

(528l R i 5D, h ZIEPEER {x+ih | 2 € R} IR T EFE LW, Fourier
fRHTC. AU > 7 D Fourier % H T 2 ¢ ZICRAHESNE2ATH 3, )
SEBA f(z)=e " (z€C) B, fIZC TEATH 3,
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ingz:= phi[th_] := {Cos[th], Sin[th]}
ngsj= psi[th_] :=Which[th <Pi/4, {1, Tan[th]}, th<3Pi/4, {Cot[th], 1}, th<5Pi/4,

{-1, -Tan[th]}, True, {-Cot[th], -1}]

ing4= hom[t_, s_] 1= (1-s) psi[t] +sphi[t]

ings)= Manipulate[ParametricPlot[{phi[t], hom[t, s], psi[t]}, {t, -Pi/4, 7TPi/4}],

{s, 0, 1}]

out[ss]=

=10}

25: IE/IEORE T 2 C ([EAGHNCEE S %

{EED R > 0 1ITHL T,
FLR = [-R, R], FQVR = [R,R—f—lh], F37R = [—R—f—lh,R—l—’Lh], F47R = [—R,—R—I—Zh],

F'r=T1r+Tor—1T3r—T4r

B, Ty XEMMEE C 2B 2R TH D, f1d C TIEAITH 555, Cauchy OFES
EHIZX - T.,

(8.2) 0= /FR f(z)dz = /FLR f(z)dz + /Fm f(z)dz — /FM f(z)dz — /FM f(2)dz.

Meplidz=2(x€[-R,R|) €T X=X —([IFJTEZDT, dze=dx &V

/Fl,R f(z)dz = /_};f(g;) de — /_I; 7 d.

ZOFENITOVTIE, R— oo DX, /7 KICRT 22 ePHLNTWVWS:
R

(8.3) lim e dr = /7.
R—o0 _R

[FERIC Tsp td z =2 +ih (1 € [-R,R]) T RX=R—(IJTELDT, dz=dr &

R

R
f(z)dz = / f(x +ih) dz = / o~ (@tih)® g
T3 r —-R R
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Dopld z=R+ith (t€]0,1]) £8F X=X —{JIFTX2DTH,

1F(z)| = 7| = eRe(—27) — Re(—(Rith)?) _ —R+£207 o —R+h?
lob d
/FQ’R f(2)dz| < max |f |/ Idz| < o RN A
Lob dtd
(8.4) lim f(2)dz =

R—o0 I

[FRRIC Ty 1& 2= —R+ith (t €[0,1]) £XF X=X —{JIFTEXZDT,

1f(2)] = || = Re(=2) = Re(—(-R+ith)?) _ —R+207 ¢ R
f(2)dz| < max |f(z)] ldz| < e B+ ||
F4,R ZGF;R 1_‘47R
lopdie
(8.5) lim f(z)dz=0.
R—o0 Tyn
(8.2) 226
/ f(Z)dZ = f(z)dz + f(Z)dZ _ f(Z)dZ
T3 r I'ir Ty g Tun
TH2H156

-1/ z ez — 7+ /F RCCS /F g
< /Rerd:c—\ﬁ_T +
“R

(8.3), (8.4), (85) »H, R—oo DL E, AiIZ 0 WIRT 22 e mh s, UbL»ro

f(z)dz| +

/ e~ @t gy = /7w

8.3.3 HBIE ([1]) HIRE 3.24

ROFNIBRZFICH > TVWEdDTH S (BIfE 3.24 12, 2mi B2 D). FEFITIH S ##
X, iﬁkioffﬁbiﬁtﬁétﬁbhﬁ\9®WT@ WEAE S BERS IE RN 22 i P T
A EEET 5 Z 2T, 2200MENCH S BETORICRE L TWb, ZHuk, BTHAT
6”&%@%%mfﬁ%?%@kt/&v®m\1%5#\M?®J%ﬁ%®W§%%WDL
72H DI o> TW\WB,

8h >0 ThHiUuI z=R+iy (y €[0,h]) EFTHIRVITFIAE, h<0 DL ZEINEYRDT, z=R+ith &
Lf:o
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fl 8.8 (RTH o LBEICESITNY) C ZF5M 2 =2cosf +isinf (0 € [0,27]) LT 5L =

ZRD XK,
BHETEAEZ f(2) e BE, BT BIRLTHL:
2z 2z 1 1

f(z):zQ—lz(z+1)(z—1)_z+1+z—1'

ER e LT, z2=1+¢ee? (0 €0,2n]) & Cyc, 2= —1+ee? (0 €[0,2n]) 2 C_;. £BL
o e /TR C, Cre, Cor BEWIIRD B R,
ZDLE

2?2
D::{z:x—i—iy'§+§<1/\\Z+1!>8/\\Z—1\>5}

rBL e, DIFHEET
0D =C—Cy.—C_y..

DIX1, -1 %28FRVOT, fIZD2E&0HIHESTIEAITH S, W 212 Cauchy DFED
SEH (GEBE 8.4) H 5,

Oz/an(z) dz:/cf(z) dz—/lﬁf(z) dz—/mf(z) dz.

dz dz
dz = =04 21 = 2ms.
Cl,ef(Z)z /c Z+1+/01,52—1 + 2me )

l,e

1
(11X, C1. ¥ {z€C|Rez >0} IZE&FN, 1 3% ZTCIEAIT® % Z & 225, Cauchy
DHEPEHELD 0 TH S, H2HIFOESTH 5, )

[FkkIC LT
dz dz
dz = = 271 = 27i.
/C_l,af(z) 2z /c*_l,gz+1+/c*_1,52_1 wi+ 0 = 2mi

I= /Cf(z) dz = .. f(z)dz + /clyg f(z)dz = 4mim
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S#0AHEAE (Z2B0r > FO)

INFE T, EHIBEEO ENEERPGETH A 2T e RELHETH S, -
TET, 2Rz, Cauchy DEDEMD, $HEDH—MNBRITETHNATEZL
For—BE., VWO A, FNTEHRDEDHRNEBBENICHHET 5,

(i) (FERBURRZAMA L) ERIBBOMEE DR LWt

(i) TIAERACHH U Cauchy ORI ARZFIFA LT, MR ADH D O Laurent B

B (the Laurent expansion) Z& <, I FFESD ’ég ﬁi (residue) ZEFEL T, EETD
FFEANDOICHZ AT %,

9 1FHIBSHMDMEE
9.1 IFRIFA#OES DMK
ZIERICH LT, PREZOHEEEL VI O ERINTWS A, EHIEEECH L TH Fh

HWTA

WCHY T2 (—BRILICR>TWV5) BREZOMBE VI DDHH 5,

/ri% 9.1 (FRIEBOES, BRDOGE) ccC, f & c DEFHCERRBEKY T2,
(1) ¢ 23 f DEHE (zero) TH B LIE, f(c)=0 2T IrzWn,
(2) ¢ f DEHT, kENH

flo)=fle) == ") =0 2D fO(e)#0

ZimlzT e X k% f OB c OO (order) LR, £/, ¢l f D k IDFRT
HdEWVI, )

Bl 9.2 (a) f(z) =sinz T. mr (me€Z)F 1NUDEFELRTH S, EE.
f(mr) =sinmr =0, f'(mr)=cosmr=(—1)"#0

TH200, mrld f DINOBERTH S, H5WVIE Taylor FER

sinz = (—1)"sin(z — mn) ) Z — m)?"
n:O 2n—|—
ZHM LT,
sinz = (z — mm)g(z), = mz 2n—|—1 (z —mm)®™
n=0

EZEELT, g(mm) = (—1)" #0 ZiEDTH B,
(b) f(z) =cosz—1T. 2mr (m € Z) FZ 2/ DEHRTH 5, FFE.

f@2mm) =cos2mr —1=1—-1=0,
f'(z) =—=sinz, f'(2mn) = —sin2mr =0,

f"(z) = —cosz, f"(2mm) = —cos2mm =—1+#0
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THB006. 2mr (m € Z) F 2MDBRTH 5, H2WE, Taylor FERH

2n

cos z = cos(z — 2mm) = Z (_1)' (z — 2mm)

ZHRIFHL T,

cosz —1=(z—mn)g(z), g(z):= Z ((;71;7(2 — 2mr)2nD)

r#EL. g(2mr) — —% 40 ZREDTHHEL, =

-
m£93wum DEH) ccC, fiZc DB U TEAL keN 2T &, KD
miﬁummﬁfﬁéo

(i) U CTIERIZRBEE g DFEL T, f(2) = (2 — o)*g(2) (z € U) 2D g(c) # 0.

J
AR K BT AIRINAT (1) < (i) 23, EWVWODHARETH %, MUNTIE—5UCEENA

T%O
(i) = (i) DA, f 1X ¢ DEFHTIERIZD T, ¢ DEID T Taylor BTE %, 3K8bH

AR > 0, Han} s.t.

) S@ = s == 100 =0 5 ) 0

Zanz—c (|z — ¢| < R).
n=0
(n)
_‘)t?&@: Ay = fn'(c) T@%ﬁ)g\ ﬂiii b\ CLQZCll:"':ak_l:O, ak;éO. @%.@:

= Z an(z — )" = (z — ¢)* Zan(z —o)"F=(z =) Zan+k(z

N
(R
A

)= Y anslz — 0"

tBLE, ZhUI |z — ¢ < R TIERIZZEA% T,
f(z)=(z=0)9(2), g(c)=ar #0.

(i) = (ii) DI, f(2) = (2 — c)Fg(2), glc) # 0 T 5, h(z) == (z —)F B &,
2). 0<m < kX LT, Leibniz DEANC KD

m

1) =3 (7)),

r=0
r<k—1THIE L) (c)=0TH2IIFET2L, 0<m<k—1%5Fh)(c)=0
0<r<m)Thdzt. zhr W)=k »5,

m

=3 (1) 0 gm0 =0 0 <m<k-),
790) = () Mate) = Kg(e) # 0m
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(Z D Prop. DREIECEND UKD S, )
ZHADOHE, FRROGEISREBUEH & IFmNiETE» NS,

4 N
el 9.4 (K EROEMY) f(2) €Clz], ce C, ke N ¥ 22 & KD IFKMHIFMET
»H%,

(i) c & f(z) DIRT, EEEIZ L TH S,
(Thbb, f(2) % 1 RABORHEDMR LIz Z, (2 —c) 3B x5 ¥ k AEA
5 —k=10Ea, ERTERVDIED, EEE 1 RS 2L TBL)

(i) Jg(z) € Clz] s.t. f(2) = (2 — c)kg(z) 2D g(c) # 0.
) 0= )= = [V =0 2 S0 £

SR (REMCERBYETHZDT, ERIETHH I, ) n

(RO DEREETIZ, B WO SERF TV, b LIFERE VI SERMS
DONREETH > 72, WEOREEDOTIC [ERoTWB I 2RI DIFHEE T, EREER
FHfdmEo T3 L FMIE S, )

0 THRWEZIEAZ, B LT C 2ARTERTHD., MEFBRIEZ—EHT S (c D f(z) DIR
S f OFEH), FBc DEEE (HRORIZ 1 & 33) 1k, FS c o —KT %,

c OEFETIERIRBIE f 23 f(c) =0 Z{fi/T & E. RD2D0DWTUL—FADBEDILDZ
EINEGZTDB

(i) (Vn € NU{0}) f™M(c) =0. (ZDLE f 2 c DFEDD DEREIEFHOICRIT 012423
AL, HiX WA 0 RXFE LW EHIRABDO—HDOEHTH D5, )

(i) (k€N f(e) = f(c) == f"V(e) =0, fB(c) #0.

J

9.2 —HOTEIE

0 THRWZEKNIIEREOR (FR) ULrFilzRws, 0 TROWIERBERITEREOR R %
Fib82 (sinz 92D ZWEITH ), L L. ROIEFICEEREH ( FAPEMTR
FIFEFEINCE] L WIHNR) DD LD,

4 N
EIE 9.5 (—XDFEIHE (the identity theorem), —RIEHDEIE) D (& C OHEE (9
FRBEEE). f: D= C & g: D— CIIIERL c e D, EELBI| {2, ey E M

0 g =c

(i) Vn e NIZXW LT 2, € D 22D 2, # ¢ 22 f(zn) = g(2,)
ZiiZesedsL & D 2IAT f=y.

(B 21X D NOFRDRIERIBFRD BT f = g 23D 2o Tw0iud. =504 (), (i) 2k
K?@%ﬁﬂ@ﬁﬁ@%%#f%é@f\f:gﬁﬁbﬁoo)

J
SEER f—g B2 f EEWVWTEZD I LT, g=0 DEEIGEHAT IRV 03905,
DIIFEAETDH 255, (Je>0) D(c;e) C D. FH 7.4 XD, {an} a0 DFEEL T,

) =Y a(z =" (2 € D).
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EFTZOME D(c;e) Tf=0THBIL %R,
FIIEED n I LTa,=0Thb, EE dLEITRVEIRET S, Ine NU{0}
st.a, #0. ZDEI B n DB, PhOdD%E k BL &,

ap=a;=---=ar_1 =0, a;F#D0.

KR R
Zan z—c) z—ckZan+k z—c)" (z € D(ce)).
n=0

n=k

z) = Zan+k(z —)"1& 2z € D(c;e) TPIRL.
n=0
f(zn) 0

9(zn) = (zn — C)F = (Zn ~ c)k =0.

W Z 12
ap = g(c) = lim g(z,) = lim 0 =0.

CHEFETHZ, DAIEED n b:i(ﬂ‘n:iz U = o.nb;ooic:
f(z) =0 (z€D(ge)).
()
Dy:={z€D|(VvneNU{0})f™(2) =0}, Di:={z€D|@neNuU{0})f™()+#0}
v B e (AR OBAIE FWT)
DyUD, =D, DynD;=0.

) PEAGRETH B Z e s, Dy IZFEETH B Z L 3055,
—7, Dy bHEATD S, FEBE 20€ Dy £ T2 %, (3R> 0) (F{an}nenvgoy € CVV)
(Vz € D(z0;R)) f(z) = Zan(z — )" B TAW 2 € Dy kb, FED n IHLT a, =

I )(' )—01%575)6 f(z) =0 (2 € D(20; R)). 2D BEHIT D(20; R) C Do 3535 %6
Pﬁ)xk Dy I3BHEETDH %,

¥/ ce Dy THBEHNS, Dy 0.

DFCRI@mEIC XD, Di=0,Dy=D. ®ZIZ f=0inD. m

EFDRATHE o 7zamd 2 i T TH <,

i 9.6 (EFLRHAESITERS) D 13 C OEERMAESE. Dy & D, X C" OF%EA
TD0UD1 D, Dole —Q) i I N DO e D1 @L\?ﬂﬁ)ﬁ)%%{:}’c%%o

WE: ZOREETIE, —HROERE (o@D DB WHESICHEI L e & —7H8T
EEBICRDZIL) 2EDTITHEEEL OB Do, ﬁ?)%'bi@ ZeWhoTLE o7,

SOEPR 20 €Dy TR E, T DAEATHE DD, (30; >0) D(20;61) C D. £72 (3n € NU{0})
fM(z0) # 0. &= |[fM(z)] &BL e >0 THD, fO BHEFETHEH5, (35, > 0) (Vz €D :
|2 — 20| < 82) [f(2) = f™M(20)] < e. TDYEL[FM(2)] = [fM(20) — [ (20) + M (2)] = £ (20)] -
|f(M(20) = fM(2)| >e—e=0. WZRIT f(W(2) £0. > T z € Dy. §:=min{61,05} £BLEL, §>0 5D
D(z;6) C Dy. WZIZ Dy 3HEATH 5,
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{;/b\

\ Co
~N

X 26: Co ne C1 Q\-:I:%L\ ?(ﬁ&\- D(] %Hjé A gO(to)
(p(to) bi Do, D1 O)Z% 6&:@ L/T %%Eiﬁib %o

D7 THEM IS FFEHER 2 TN (22 VWIHFEHD BN TARLIINY), ZHUIDH 512
FEFRZD2T 25 X DIE, BEEHRICRK 2 THEEE L HIM L7,

AER HEEZHWS, Do £ 05D D1 #£0 EIRELTHEEREL, ¢ € Dy, ¢ € Dy ZHL
%o Jp:[0,1] = Q, ©(0) = co, (1) = ¢ & 7% ZEHREE o DEN S,

Ip:={t€0,1] | ¢(t) € Do}, Ii:={t€[0,1]]p(t) € D1}
Bl
ILhul,=[0,1, IynL =0, 0€l,, 1e€lI.
Dy, Dy DEEA T, o DHEHTH 555, 36 >0, 30, > 0s.t. [0,0)) C Lo, [1 —61,1] C 1.
to ;= sup Iy

EBLEL0<ty<l ty & 0,1 &DEREE d:=min{ty,1 —ty} >0 TH 2,

to € In DG, Je1 € (0,d) st (to—e1,to+e1) Cly. THE tg=suply >tog+e ERD.
FIEDBEL %,

to € [ DHE. Jeg € (0,d) s.t. (tg — €2, to +e9) C I1. I EHEET DI Iy D BRI
DODNENCHZDEIFIETH %, =

% 9.7 (BEBUCH T 2) FRIBSIGEREBICE LR VIR D . 2 0B AZH WIS L
TW5, THbE ¢ WEBTHEWEABEBOES (f(o) =0 ZiliT) %513,

(Je > 0)(Vz€ DN D(c;e) \{c}) [f(z)#0.

SR WEEEEG S, SRESETS L.
(Ve > 0)(Fz € DN D(c;e) \ {c}) [f(z)=0.
S e NIZHLT. 0< |2 —d < % Flo) = 0 %H72F 2, € D BEUR 50 —F ORI B

f=0in D &IN5, THUIFTETH5, =
—HROEHOERRIGE L LT, ROMENKRLT %,

a N
% 9.8 f: C — C 2EHIT,
(VzeR) f(z)=0
Z 7z 378 B,
(V2€C) f(2)=0
DR D AL,
\_ J

164



5 9.9 (REBZIEAICIEET 31H1F 1 DLHAEW) 2R T, WIFEBuCOVWT, M
S TIE b7z Taylor BE O Z FAWT, EHIBIBUCHGRE L 72, il 213

— (-1)" 2n
cosx = Z ((2713! " (z eR)

0o
- -1 2n
(%) cos z = nz% ((271;! 2" (2 € C).

398556, I[ERIZR f: C— C T, f(z)=cosz (z € R) ZHiZzTdDIX, FETEIRHIE—
HTHs, VA2 Y. cose DINRIC, EAIEZZERT 2R D, (¥) & 2D
F20, =

5 9.10 (BIBBEBRAZDIRIE (RFEETIEEDLAWV?)) Hil 2 IXFZFEBIE D FELGER
(9.1) et = %V (z,y € R)
B D VL0 e 3BT LT,

et = %" (z,w € C)

D DILDZEHRE D,

SHERPAE L MRIEBEIR 2 RIF T 2 LR 70 DIT KR 20T, LIEH S HREHE
Boe” 13 E(z), EIREEIEZ e tFENT 2 2 LITT 5, EREHEIFI R OILR
Thz, 2%

(Ve eR) E(z)=¢€"

MDD e 2R Tikan s 5%
TEDyecR ZEELT, A f:C—C*%
f(z) =E(z+y) - E(z)E(y) (2€C)

DB, B EIRERITH 25, fI3C CEATHS, E/. s—scROY E, (9.1)
b
f(z)=f(zx) = E(x+y) — E(x)E(y) = "1 — e"e¥ = e"e¥ — "¢’ = 0.

W2 —BOEMIZED
(V2 C) f(z)=0.

ERAS9X5)
(9.2) (Vy € R)(Vz€C) E(z+vy)— E(2)E(y) = 0.
RMEED ze CZEELT, B g:C—C %

g(w) == E(z + w) — E(z) E(w) (w € C)
TEDD, ZD gld CTERITHZ, £/, w=yeRDE X, (9.2) &)

g(w) =g(y) = E(z+y) — E(2)E(y) = 0.

STZ DR T, FED 2,y e RITH LT, E(x+yi) :=e”(cosy +isiny) LED, ZOHEF. EED
r € RIINLT E(x) =e® DD LD,
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W2 —BDOEHIT XD
(Vw e C) g(w)=0.

ERAY.PX5!
(VzeC)Vw e C) E(z+w)— E(2)E(w) =0.

W ZZHEEUERT E(2 + w) = E(2)E(w) DD, =
76, —ARKOIEEHZAEHE X,
M 77. Q=C\{zreR|2<0} T2 =

21 EQN2p€QNZ20€Q = Log(z122) = Log z1 + Log 23

DD ILDZ & BRt,

9.3 FHEDTER Y RAKERIE

e N
fied 9.11 (FHEEDMHE (the mean-value property)) Q & C OMFHET, f: Q - C
FIERL c€Q 2 F22 %, D(gr) CQ EHATEED r > 012X LT,

2
fle) = %/0 f(c+re) do.

K(Eiﬂ@i\ Mlz—c=rTD fDFHETHZZ LITHEER)

BEBA  Cauchy O ARZ 2 =c TH#HAHL T,
1

N 271 |C—c|=r C — C

dc.

(=c+re? (0€[0,2n]) ERNTRA=K—=DFT B L,

1 f©) jo . 1 [T fletre®) o sy 1 [T ;
_/ dC = —-Zreed0_2—\/0 f(C+T€9)d9..

270 Ji¢—emjer C— € -2 ret? T
R 9.12 (BEMTIT) FEREB u=u(x) = u(zy,...,2,) ITOWVWTIX,
u DPFEEOMEZR D < Au=0 (u IZFMBIE)

DI D LD (Gauss DERETFIGDEEES & 2 D),

IERIBEEL f DFEE - FEHE w, v (u(x,y) == Re f(z +iy), v(x,y) := Im f(x +iy)) ITDWTIE,
Au=Av=0DEDILDODT, FHFHMEKDFHEDEED &, IERIBIOFEEOEE %2
HLZEBHRETH %,

ROTAMEFEEITH Y F 2l & FFBIEIRD I DD, IFHEICEHTDH S, n

SBERMADAERDTF A M, H2EWVITHEH [40] © 3 & 5 Hik &2 SRE X,
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i 9.13 (RAERIE (the maximum principle, maximum-modulus theorem))
Q1 C DR, f: O CRIEHL 2 € Q,

(Ve Q) [f@I<IfG)l  (If(20)| & [f| DEABETH S, W5 ZL)

DI D ALDIR B IR,
(FC € C)(Vz € Q) f(z)=C.

k(EEUB@ﬁ@%@?ﬂEﬁi\ HBNRTRAMEZIAUS, £ ORBIIEITEREREKTH 5, )

SEBH M = |f(20)| £ B,
QUEBEAETHEH 5. (e >0) D(2p;6) CQ. pi=¢/2 £BL &, D(z;p) C Q.
0<r<pR2IEDriIRLT, FIHEOMNEED S

1

2 .
f(z0) = %/0 f (20 +1e™) db.

W Z 12 ) 2
1 " ; 1 i

M=l < o [ 17 Gotre®) o< 5 [ aran =
FRE AL, FERRTRTHESTHEY, F

1 2

; 1 2
o ), \f(z0+rea)\d9:%/0 M db.

|f(z0+re?)| < M T, 0 |f (20 +7re”)| BERTH 255,
[ (o +re®)[=M (Be0,2n]) ie  [f()=M (z—z|=r)

r DERED .
[f() =M (|z = 20| < p).
i 2.23 2260 f & D(zp;p) TERBIRICFEL W (3C € C) f = C on D(z;p).
—HDOEHID, Q2T f=C. =

AR 9.14 (RIMEICDOWVWT) EETRWVIERIBEE f 1T LT |f] ENAETHRAMEZ IS 72
WV, EWVS RN, |f| APETEMEOZ DD I LIdH Y 5 B (B R EOERERIE-
SADD), 2L DEBTRWIERIBIE f i LT, |f] BHNAT 0 TRVWER/IMEZ F7 7%
W XETHS (1/f 2BEZXDZTEDICHHETES), =

S5 0.15 (BNEROBABETE) FHEHICOWTIE. 21D FHEDEEART L (24
BOBEZEIBEROFIHED EROSEROEREIAUST CEITE ), 2hmd TEK
CRWIRIBIE u 13, PATRAR,. BMEZES RN, | AELNZ,

b b
89f < gon [a,b] Zﬁ%@/ f(z)dz < / g(@)de. LD, THIT f & g 25T, g € [a,b] f(x) < g(x0)
(V2 — STHFER) HHD 1ok 513, / f@) do < / o(z) do. FHEEIB Y. f v g AT

/f d:c—/ 2)de BHIE f=g.
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9.4 Liouville OFEIE

[;’i'% 9.16 (BEH) C 2ARTIERIZZBIE > B (an entire function) &\ 5, }

5 9.17 (BB DH) ZIHABIEL. FEEEIEK 2, =ABIEK cos 2, sin 2 I3 TH %, tanz,

Log 2, WFEBIETCIE RV, =

14 22

EIE 9.18 (Liouville DFEIE (VU J« ADEHE, Liouville’s theorem)) H 572 EEI%L
FERBERUCIR 5,

SRR f: C - C IXIFAIT. (3M €R) (V2 € C) [£(2)] < M DD 30 2 RET %,
ERDOER RISHL T, 53 {a,r}ie, BFHFELT,

oo

f(z) =) anrz" (2 € D(0;R)).

n=0

FHBEFORBO—BEDL S, {anr}ly & R IKELZWZ DD D, WA {a,}2,
DMEEL T
Z&n (z € C).

EEOBAE n TN LTa, =0 ZRZ5, EFED R > 01N L T, Cauchy DFEZTLKD 5

_ 1 f(Q)
" 5 fon

L 1) 1 /(O] 1
g—m/m:R@dc‘< 27r/< R|C|n+1| (<5 / Rn+1| d¢|.

/ |d¢| =27R T®H %h 5. Cauchy DFHER & MHIN 2 RXDOAELXEE S,
CI=R

ThHhd2H15H

an| =

M

WZICR—>00&LlTa,=0(mneN). @I (V2€C) f(2) =ap. m

RECEOERKEMOIIAZE Z X5, ﬁﬁtbf ZIERD 2 = oo TOFHFEZFXRTE
o FBICE DD L, 2| DREWVE ZA TR, RERXDENZENTH 5,

4 N
i 9.19 (BEADELFTOEH) n € N, {q;}], € C', ay # 0, f(2) = apz" +

a2 a1zt a, ETBEE,
(Ve:0<e<1)(BReR)(Vz€C:|z| > R) (1—2¢e)|ag|z|" <|f(2)] < (1+¢)|aol|z|".

K2 (V2 €C: 2| > R) f(2) 0D ILD, /s LD n> 17261 lim |f(2)] =

|z| =00

N J
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FEER 240 & T B L X,

) _ g @ e al
apgz agz agz apgz
Vm e N iZxf LT Z—m—>0(|z|—>oo) TH506, i (];(2—1. W24
Z—00 0
o L
z=voe [a)| 2]
Zhmb, (Ve>0) GRER) (Vz €C: |2| > R)
QI 1‘ ce e 1-e< AL 4
|ao| |2| |ao| |2|

TEERINZTHROAFADSFE LN S,

%9.20 n N, {a;}7 (€ C" ag #0, f(2) =apz" + a2" "+ + a1z +a, £33
L&,

(M eR)EM € R)BReR)(Vz € C: 2| > R)  M|2|" < |f(2)| < M'|2|".

SR MR 919 B e =1/2 I L CHAT % &,
1 3
§|a0||2|" <|f(z)] < §Iao||2|" (Iz| = R).

M = |agl/2, M" := 3|ag|/2 £ BIFIZEV, =

i 9.21 (REZEDOEAKXTFIE (the fundamental theorem of algebra)) P(z) Z#E3H
FREBDZIHENXT, ZOXBnlZ 1 LEE T2 E, P(2) 32 —D20WZFD,

AEH%E — 25 2 TEB <,
SEBE (RAICHE > TV BFEH) HHEEEZHWS, (V2€C) P(2) #0 ERET 2, ZDk

x. () ::% ST 5. W 019 D, I [P(2)] =00 TBEMD,
(BRER)(W2€C:|2| > R) |P()| > 1.
Wz

[f(2) <1 (lz] = R).
—77 D(0;R) = {2 € C | |2| < R} 3 C OFHRHLETHD, |f| 3EHEETD 205,
Weierstrass D AMEEHIZ K o T, |f| ERANEZED :
(3M € B)(V= € DO:R) |f()] < M.

WZIZ (V2 € C) |f(2)] < max {1, M}. Liouville DEMD &, fIFEBEHRTH 2, ©ZIT P
HEBBARTH L0, I n OB 1 UETHB e FET2Y, =
BB (BRIFOAEDLEBIELTH S, ) BHIEEZHWS, (V2€C) P(z) #0 &RET

B, COLE f(2) = % BT 5 5,

OB L ag"+arz" 1+ +an12+a, (ag #0,n > 1) DEBTHIUL, apz" ' +a12" 2+ - +a,_1=0
TH2, 0 DRALWT (BAWVFEIDHE) ITXoT ap1=ap2="=a1 =ag=0DF5N, ag #0 X
FIET 5,
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fHifE 919 X b,
(3M > 0)3R* €R)(Vz € C: |z| > R*) |P(2)| > M|z|".

VR > R* IR LT,

1 1
< .
M|zl = MR~

(©) (VzeC:lzl = R) [f(2)] <

|f] & D(0; R) THRAMEEZFO2., RAMEDFEHEN S, 21U 2| = R TORKEL —8T %,
%hﬁ@»ﬂibjéﬁfﬁ%%ﬂ%oﬁ%\V@NS (:€C). R— o0 3L,
1f(2)] =0. ®XIZ f(2)=0. ZHEFETH 5, m

MR™

R 9.22 (OFTHETIE) LOEHIX. f(2) =0 RXMNLT, 2R d 12D (o BX)
PHFET D2 TRL TV RIS, RBEH (BRFRBEZEATHHDLD) ZHWS
Es f(2) E z—a TEIDYINS Z e &N, KBUZOWTORINEIZE D, f(2) & n @D
L R DOREICHRIND Z e 0D b, DFD

Fla}is €€ f2)=(z—-a)--(a—an).

{a;}_ DIEEZ ANER BT, =K THBI 2RI DIFHL <720,

CHMEDETIDO LSRR E EFH VWIS IEbNS b LRV, EIFHITEMT
D & 5 IREEE IR DIEDRT TR o TV Z e 03D B,

PYTCEUAR

H={a+0bi+cj+dk|ab,cdecR}
IZBWTIE,
=42 =k=-1

DDV DOEWVWS Z b, HER 22+1=013F +i, +j, £tk 2V 6 HOEEFE>, 2
FIERD (D72 & ) HER S 6 [HOMRZRODIFIREDN? 22 +1 = (2 —i)(2 +1) THIUI,
2= ZRALTO=(—0)(j+i) TH2H,5, FILrFEX5 LT (T HPMRTH S
ZEDPOBRAEINZIETR), j=1 T j = —i DEPNLZDTIFRVD ? ZHUIHAS 2
BPLZSIZONE, EIPERESTVWEDIEAS 0 ?

LY MIRDEIRIEIEFVLDT, ZJAXELTEBELARIV, n

9.5 Schwarz DA

(Schwarz DffifE & MUIN 2 BEHRBREHEDH 5, ZLDTFA I TIDHIDITEIPATH
2X57Ny. ZOHFRBETEEDLLRNDTHY NT 3, 1 ROBEH L . MBS % Bi0H
T2 EIIRNTENES S, K [36) KEVWTH 2, )

10 Laurent B, ifFES, B

(Jz72VWETHF, FilH2O0FEEZ Y —I LT, RbLORFEERONBEZHWTOEHS L
TVET, LIESL, Ve Ao Twad e BbhET, )

Rk e TEREREL O

ZO an(z—c)" + Zl (ZG—_Z)"
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DIIZE T 3 8% Laurent f{E L FER, 2 DB L HITINH T 23 & &, ZD Laurent
HHEOIPR L, ZDFNI 2 DD DIITH 3 L BFT %, 220D E DV &b —TFD%
M3 5L XX, 2D Laurent FFUIFHHRT 5. L ERT %,
ZNENDOHDBIRT 2720 DFH%2EZ 5., »HMEREEETICEL, ZDAEETIEFHEE
TR ENTD D,
2

B ZE f(z) = CENEETE WO HEMBBE. C\{1,2} TIERITH D, 2 =1,2 Tl

ERINTOVARY, 1,21 ZRABRVWHTH S0, FHZZDR c=1,2 DEDHH T Laurent HEX
JE R

[e.9]

fE) = ml =+ 3

n=0

DR 2, ZHUID B ERT Taylor B (FAEUER) O—f(LTH D, A2 T L ITKILD,

10.1 Laurent EH

COHDONAZ—ETE D5 MEREFEETIERZRBIZNE Laurent B TE %, T, K
c DERANGERE D(c;e) \ {c} TIEAIZREAEE Laurent BT X %, )

FI#FEIE D(c; R) CIERIZR BRI BERBUREFILKE 2 & v 5 EH (€ 7.4) D H 5D — AL
TH 5%,

4 N
EE 10.1 (BAREH) ccC,0< Ry < Ry < +o0 X LT,

A(C; Rl,Rg) = {Z e C | R < ‘Z—C| < RQ}

EBE I ¢ 2HUDLE T 2R\ (annulus, annular domain, annular region) &
38
Ed

A(c; R, Ry) :={2€C| R <|z—¢| < Ry}

J
MR W BEIZZXZIDLLVDIE, 0< R < Ry < +oo DFELIEAS5, LarL,
Laurent S A DIK - FRZ S & =&, PCRHD & Z L [FFRIC Ry =0 % Ry = o0 DHFE
bEZDLDONEMTH 5,
Fik Ry =0 OEEDPHEET 5, ZHUIME D(c; Ry) 205 ¢ 2RV dDTH S, Thbb

£B<,
\_

A(c;0,Ry) = D(c; Ry) \ {c}.

FFIZ A(c;0, Ry) C D(c; Ry) TH 5,
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4 N
FIE 10.2 (FRMEE TIERGEAKIE Laurent BRAEES) c€ C, 0 < R < Ry < +o0.

FI3 A(G; Ry, Ry) TERSHTOWTEHIL T2 2% 55 {a,}nes € CF B—FEINIAE
LT,

(z =)

(10.1) ) =Y anz -+ Y (2 € A Ri, Ry))

DI D LD,

EADFENE Ry <1y <71y < Ry BHiFZFEED v, I LT, Alc;ry,ro) T—HRIC
MR %

(10.1) DD ILDE B, R <r < Ry Ziii/z3TEED r ITH LT,

_ 1 _ )

(10.2) n = 5 A dz (neZ)
DD ILD, (ZORIZTRZ L a, 1 Er IHKIELZ D720, RZED r € (Ry, Ry) Xt
LTHIRCIHEIZR 5, )

aIEE%&:h"B & fZ Q — C 2D, A(C; RhRg) C Q, D f|A(c;R1,R2) VEIER,
N J

FEE LT (10.2) &, D(¢; R) TIEAIZZBAE D Taylor B OFREOK R UEZ LT
Wb, IMBEZ6NRV] EXF 77y P LRVE DI

COEHOFD [—HITHOMINR ) OFET ORI, FBREBICOWTOEM 321 &, XD
8 GERIATERICET, p. 272) 2 oB 55,
a N N
R 10.3 (AOEHD “FHREC OIK) ) (Za_‘” —IZDWVT, XD 3DDVFhD 1

n=0

)
DRIHRBIT LT 5

(i) V2 € C\ {c} ML TIKRT %, Vr € (0,00) LT, {zeC||z—¢c| >R} T—
BRIZHEINR S %,

(ii) dp € (0,00) s.t. {z€ C ||z —¢| > p} TPIRL. D(c;p) THIT %, Vr € (p,00) IZ
LT, {z€C||z—c| >r} TRITHXIEHT 2,

(iii) Vz € C\ {c} & L THBT %,

i) DeEp=0, (i) DEE p=400 £FTDE. WTIhDHED
z—c|>p = WK, |[z—c<p = FHHL

EoIr>p 2l THEED r IZRLT, {zeC||z—c >r} THRICHNIET 5,
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SR, EED 2 € C\ {c} KM LT, g::i LB,

00 a 00
DI
n=1 n=1

1
—c/>R < < =
2= < 3.
1
_ R = _
p—cd=R & K=+

DD DZ s, (R=p&Lizh R=r 2 L7720 LT0) FEAFTDLOFERE DN - FHL
WIREZXN2DT, IXIEHATH %,

EIE 10.2 DFEEA BHNSHRBUCOVWTOER (10.2) ZFEHAT 5, m 2EEOEH L T 5,
(10.1) OMA%Z (2 — ¢)™™! TH|-T

(103) (Z—f(% = Z &n(z — c)n*mfl (Z c A(C, Rl,R2>).
Ry <71 < Ry, ZHi7=SHERED r IR LT, (& 10.3 ERTOEESS) HAE |z — ¢ =r T
Laurent fED—HRINR S 2 DT, AR ﬁ 2072 (10.3) H—HRINKRT 5, WZ
. JHAEDDSATRETH D |
1 f( o n m—1 _ = _
% |Z*C|= (Z _ C m+1 n;()o 27TZ /Z C| dZ = n:Z_OO an(snm = Q-

s (10.1) 2’3 {a,} O—EMN (FETUILEZ—2LHrRWV) &, (10.2) OFESH
r RSN D

LUR, (10.1) 255723 {a,} DFETDEIEZTRT, 1,r0 & Ry <1 <719y < Ry ZWi/2F
TEOBE T2, D= Alc;r,r) B, f2 D 2&UHES A(c; R, Ry) TIEHITH
BIPHTEND,

(10.4) f@~i/fmx<mmmm»

21 Jop C — 2

MBE»pND (FlZIE, EH 85 ZHWTIAATE 5, 7. BREBICEIT 2 Cauchy DIESY
EMZ HWZEERA % §10.1.1 THAT %, )o

o 1 f(¢) 1 f(Q)
I:%/K c| T’QCTchy J:_%/ c| 7"1C_ZdC
LBl
IO [ L

21t Jop C — 2

I3 BT 2 IERIBIELD Taylor R & [F] LT,
- _ 1 f(©)
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Jmomfw\m—q_mlwtéiizkfd<16b5#6(%wmﬁ®m@@ﬁ
D)

1 1 —1 1 > o)"!

C—z_(C—c) (z—c)_z—c 1— & _Z (z =)
HIENN DB DT

L (="

105 J=—— = f(¢)d
(10.5) 2t Jieogn 2= (2= 0 f(Q)d¢

M:= max |f(¢)] €BLE|[(—c=r &BIX

|¢—c|=r1
M 1 "
< =
o \ |z — ¢

LD 3D DT, Weierstrass M-test 23 T %"C (10.5) OANTHA 2 HEUE FIE | — ] =
ry ECT—RRICR S %, W 2 IHRBIFE T DY R]BE

Raul f(Q) | S
S R o R s L DY i

ERRIF P

:Zan(z—c)n (7"1 < ‘Z—C| <T2).

n=0
1,79 i?)\'ff%f:“c\%é Z 87536\ Z@ff&ﬁ(&i A(C, Rl,RQ) Tﬂyﬁ“ﬁ_éo |

Laurent B Z N EEADOEDD DB DIIRE2 7 XA b H 55, I 2 TIHMHIREETIE
HIZ2 BRI L TER L TEB L. FICIEAIE D EFH D @ Laurent ER. BB EFRINS Z
227D, Laurent FERIX Taylor B —RILTH 2 Z 1T/ 5,

a R
EE 10.4 (AREHICH TS Laurent B, 2D FHDD Laurent BALEZ - BH)
ceC,0< R <Ry <+o0, f (=4 A(C; Rl,Rg) TERINTWVWTEHIE T3 & x|

o0

(*) f) =D ez =0+ 3 (e AW Ry Iy)

Zii7z 3 {a,} D—EHNFET 5,

ZD (%) & f D Alc; Ry, Ry) ICH1FT S Laurent (#iE) B & FE2,

FRCR =0DEE, fDOcDEDDD (c ICHITHB) Laurent ({%E) BR & b M,
I HI Z (za—;t:)” % Laurent (#%0) BB O EEB (FEHF. the principal part). a_; %

n=1

f DclZBIT28H (residue) &M, Res(f;c) TERT:

Res(f;¢) = a_;.

\f&ﬁ]ﬁ>0®% Ak, FEL. BB WO BEIEDR VY, ) )

MR ZoiEFRICHN S Laurent EBBHD 9EH|LL A, A FH DD Laurent EBFIT., £5T
W (R > 0TdH %) MHEREEICEIT S Laurent BHIE. HFEDBEH LRV, Z4Ud (IR
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BAT3) MRS DOFENREL RZ2BVWTH L0, DT F X M E2HA TV S NIIEED
WEPS LI (T F R MK o Tid. HEREBICE T % Laurent BFAZEFREL TWRWVWS
DHDH5),

AR 10.5 (MDWER) R =0 056% Te DMNIRERTH 256 LE-o TRV LR
HELES, c PEAIRTHA2580ADTWVWS, 25 L TEL e, HIZIE Tedd f DIERIE
ZOIEX Res(f;e) =01 EFATHENTDHS, =

BTBVWBWOGDSZ 2 TH 5D, Ei Laurent EBRNHR S Z L IXEETH 523, Laurent
EFEDOBAKERRNENZIR 5 Z e 3D F D20 (BRTHNT 2BEBB0rUI T TH LI eh
2\, LU, Laurent ER% BIRRNTKD 272D DF1EE WL OR8N T 555, BRI GIE
BEFELRV, WOIBEZREO2H LRV, ZNTHHEOVRLRVWDITTH %,

%3 Taylor BFDEGE D

f(z):Zan(z—c)”, ap, = (n=0,1,2,...)
n=0
DERDILGRTH 5 & 5 REHZAIIFE L 7R, Kz,

1 Q)
ap = 2 /|Cc:r (C . C)n+1 dC (7’L € Z)
EWVH NI a, D—EMEZRTDIKIL o720 (BEE). a, ZEBAEKINZKD 2 HINIZIEIHRIL
TRV DBV (BT ZEITRET 2D LIELIREEL W),

AT B DOFERT

o0

f) =) anlz—0)" (Ri<l|z—c| <R)
Zii7z 3 {a, ) BELAIUI. ZOD f D A(c; Ry, Ry) I2BF % Laurent JEFTH 5 (—EME
WK B), EWOIHEERAHT 2550 % 0,
E%®ﬁ@%ﬁfd\%ﬁﬁﬁﬁ%?é:tmiof\%@ﬂik@@j@n®%®ﬁ®
ARG TE T %, £hoid, Bl A33 TR XS5 ICEHBRBOMORNXEZRHE LD, Wr
%% Z % Z 2T Laurent fREEMDKE 2, 295 L TRDEHATITEITEDBIED Laurent
ERZFEERD S I T, f D Laurent BHME SN 5,

5 10.6 (zia ® Laurent BRH) a,ce C &35, f(z) = i D c DAY D Laurent &

BlZ. L RO LS I1TKRFE 3,

(1) c=a D ZE, flF A(c;0,400) = A(a;0,+00) TIERITH 206, f X c DEDHDHT
Laurent ERHR T, 240U f(2) DERRDLHAZDHDTH %, D% D

f2) = —— (2 € Ac;0, +00))

Z—aQ

DB fDcDEDDD (A0, +00) 12T %) Laurent JEFITH %, F7z Laurent EH D

E# (Y (Z“_";)n) THEH2, ¢ & fD1ROWT, B Res(fic) 1&1TH %,

n=1
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(2) c#a &$BE, ficDilith D(c;la—c|) TIERITH 205, fid c DEDD TR
JER (Taylor BRH) TZ %, ZHD f D c DFEDDH D (HERMER A(c; 0, |a —c|) IZBIT3)
Laurent B TH %,

I 1 1
z—a (2—c¢c)—(a—c) a—c 1_2=¢
a—-c
I = [(z—c\"
=—G_C§_:(a_c) (K & |(z =) /(a— )| < 1)
:-Z@_—C)L (z€ D(c;la—c|]) HBWVIE 2 € A(c;0, |a — ¢])).
~(a—c)"
Z DYE1E Laurent BHOEHERIX 0 TH D, BE Res(f;¢) =0. ¢ & f DIEHIKTH %,

B 10.7 (BB R E P BED Laurent BRZFEEH T Laurent BT 3)
1 11 1 1 1

IO = ey "2 2 22172 222

Y55, fI1E2C\{0,1,2} TIEHITH D, 0, 1, 2 BRI RETH S, [ %2 0 ZHDLET S
HERFEIE T Laurent B L TA XS,
f(z) BB IRTRT B &

1 1 1 1 1
2 2z z-—1 + 2 -2
B BT REDFRER DLSIEZ Laurent JEBH L T, ZNH 2 A UTEW,

(1) f & A(0;0,1) CIEAIT® 255, Z 2T Laurent BEHR 2T THS, 'f D 0B
% (DJAD D) Laurent B TH 3,
1

WFZNEHED Laurent JEFHDEZ LTS (fl10.6 D a = ¢ = 0 IZHY), 11 &

2_2@0®ﬁ%TE%&®T\O@ibbf%mﬁ@%&%é(%hﬁmeﬁ@%f
55),

11
; = ; (Z € A(Oa 07 +OO)>7
== ) (HORFE D(O;1))
1 11 1SN 2\ — 2"
2—2:_§j_iz_§zyé>:_2é“1(W%Q@Dmm)
2 " "~
TH2H05H
ERERD S ZM:;%( ya) ¥ty er (eABO)

k
Laurent BEIOEHIE &2 ©HD (2hn S~ o £ 0 KN T 2), 0 34T
2 z (z—c)"

n=1
ZDOHMENE 1, BEUZX Res(f;0) =a_y = %
2024 FEEIIREDETE® - D HZD T, BIFD (2), (3) D& 57K ¢ DIRIMIHELIA
DOMEREB T OB, FIRFEBICHEL 20,
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(2) f1F A(0;1,2) THIEAITH 206, 22T Laurent B TZ 51379,

1 11 In /1" &1

_ . _ = ) = — A(0: 1 .

z—1 =z 1 1 ZZ(Z> Zz” (2 € A(0; 1, +00))

— n=0 n=1
4
W Z AT
1 1 X1 > 211 X1
:§ S Zz_n__ 2n+1:_22n+2_§';_22_n (= € A(0;1,2)).

n=1 n=0 n=2

1 11 Iex /2)" & 2» =, on-l
S (B) X h ez
1— - n=0 n=0 n=1
VA
W Z AT
11 <1 1Kot 1 1Nl =2v2-1
= _ .- _ N =(Z—-14+2)Z2
=5 w2 = (5 ) e
OOQn—Q_
=> o (z € A(0;2, +00))
n=2

ZDY A0;2,00) IZBF S f O Laurent B TH 2, m

10.1.1  (10.4) OIEBICDOWVT

(LiZ5 < THEA, )
HFEDRRIT (10.4) BRBREWDILODD, 955 X OIHHALTIELWV, L FONDT, it
HHL TA %,

B HIE. Green OEMIIEE T, (104) ZAEHT 2DIZ5 5 TOITH I LELTVWEHD
7273, BEICIX, BEGRZFE T A5 AL 5T, Green DEHIIE THHMEITE ARV (£

DI TR ZENT 0, 23 2D ERIBOHEIMICA > TWRW, £250W50035H D
B Bbhd), LTFTIE #FREHNOD self-contained Z HE L. Green OEMIIFEH T
2, ER6.18 b, EH6.23 B o 2R E AT 5,

£>0,D(a;e) C Alc;ry,m) £ T 5L &

(10.6) /| . IE /| . IE 4. - /| » A

ZIRE Do AIIFEBMEEIC BT B Cauchy DFED AT E D, 27if(a) ICFELWI &30
%o WZIT (104) DI D (2 % ¢ a % 2 WEZHZB),
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a=c+pe?, p>0, R T 53,

Cii:z=mr1e" (0€[p,0+m)),
Cip: z=11" (0 €[p+m, o+ 2n]),
Cyr: 2 =19e" (0 € [p, 0 +7]),
Cyy: 2 =19e" (0 € [p+m,p+27]),
n:z=a+ee? 0¢€p o+,

Yorz=a+¢ee? O¢€p+m o+ 2],

Ly: z =t (t € [ry, 1)),

Ly: z=te" (t€[r,p—c¢]),
D,

Ly:z=te” (t€|p+e,m

I'y:=Cy — Ly —Ci1+ Ly — 1 + Ls,
Iy:=—L3—v —Ly—Cia+ L1 + Cy

T, ZERTDZE, EHELBEMRTH D, Ty + Iy IS 724870 T, 183 2188
(£Ly, £Ls, +L3) TSI PHTHEH L H > T 012725 DT,

[ O] e .
40y 2 — @ Co1—Cr1—y1—y2—Cia+Car Z — @
= / M dz — / / Z) dz
Co1+Cop # — @ Ci11+C1a # Y4y £ T Q
= / ﬁ dz — / Z) dz — /
|z—c|=ry # — @ |z—cl=r1 # — @ |z—al|=e

16 .y [ 1

r,2—a r, 2— @

BEohd. MUK
dz=0

ZIRT, TN TEUT

B fz) fz) fz) f(2)
0—/F1+F22_adz-/lz-d:mz_adz /|z—c|:r12_@dz /|Z_a|:EZ_adz

Mo, BIEIZED (10.6) 25505,

DUR, ol T 2. BOOMEEZZEZ T, BPEMERICEENS L5 1) KEBTE
5Z%xmRT,

Ry, Ry XD, AE 2Ap LLFRDIEREDNY L7 —ANVFHEEBPER 722 K57 Ap > 0 53
EE D (EH6.23),

ey NERESIE, ZORAE o4+ 0 2T (HERD 2 = c+ tellvt) WS EKT
»3),

¢Mﬁ#¢é&ﬂ7A7~«/ﬁﬁﬁ£%t/‘ZZJh_O#W040®T Ly, C;y ®

i

ERRCDB D o+ 1 2D (Ap M) Mo S 4T HHS ;(}k®{m*b6&m 2
I -

DEWEMEDIRET Z LT, MADOHEEZEZTIC, o+1 DL I2% p+5+482 KEZBZL
MNTE 3,
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Ly, Ly ODBIE. BRR 2 = c+te® (t > 0) DBICEEN DD, BB EER LT, FER
2 =c+te@H-5) (1> 0) DIFICEEND L SICTE S, bHAARKIC Oy ¥ 4 DTS
ZIET2 (O EFERELD, i DERERTEL LEMICHRZDT, ZLEHELD5), —
PLEE a 2T, EWVWH & TH5B,

25 LTS NRAR ) 13, ZDED B(e; Ry, Ro,p+6— 52,0+ 5+ 52) KEEN S,
ZOMHEBIZERTH % DT,

1(z) dz = / f(z) dz = 0.

r,2—a L Z—a

z —

ﬁ%mbf/’ﬂimzoﬁﬁ%f%&
1)

(E AR 72 AR, E6.23 S Z B L TL X ZIE, RIEKZBED 2 721 TR DO ETE M
FTE207/120 25 LTEETHALE K DIFHBIT, FHK 125 223 e A2
BT KEoTWD, EBbNE, REIZ Green DEM%Z i o7z Cauchy DHETA
REZEBDEIREIEA S0 )

10.2 iR =

COHONEZFHEICTe®» 2 e, NEAIRE, MRFREZERL, MIRREZFRER
RERFER A M, EMRREACTET 5, & c OBRILEGECIERIZRBEE f IS LT, cid f O
R R 723N R R R TH 5,
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E&E 10.8 (MIIBERDSEE: REFRIFES, & EMEES) O 2 C @E’lﬁﬁ%é\\
[:Q—=C,ceCtd%, c» fOMIFESR (an isolated singularity) TH 2 &
F. HBEDE ¢ BEEL T, f1F A(c;0,¢e) TIERITH D (0% D Ac;0,e) C Q 22D
A(c;0,e) DERT fIEMITAIEE). D(c;e) TIFIERITR W (f I ¢ TERINLTWVARWL
My flE e TERINTOVWTD, ¢c THMPATRETRWV) %25 5,

D&, H5 {a,} € CE PF—EINFEL T,

[e.o]

=Y az ="+ Y~ (2 € A0,¢))

—~ (2=
DD LD, D {a,} ZHWTINIRRAZUTD X 5132108 T %,
(i) ¢ 2% f ODREAEERE R (removable singularity) T®H % & 13,
(VneN) a_,=0
DD IO EWVS,
(ii) ¢ 2% f D& (pole) TH 3 & id.
(FkeN)a_, #0AN(VneN:n>k) a_,=0

DD DZ e E2WVWD, 722D X, k% f O c DA (order) LI, c X f
DU k DIBTHZ VI,

(iii) ¢ A f @ (ML) EMRFE S (an essential singularity) T» 2 ¥ 13,

VEeN)(FneN:n>k) a,#0

MR DITOZ L E VWS,

J
OWTIZ TTEHISEY, TEA Ko WO SEDERLTBI I,
4 I
E&E 10.9 (EAIR) cc Q DWEZEBE f OEEAIRTH 2 21d, HBIED « DFEL T,

D(c;e) 1¥ f OERBUICEEN., f X D(c;e) TIERIT® % (TRODBEED 2 € D(c;e)
KVG [ 3O ARETHB) 2 'V I, J

4 N
EH 10.10 (B4 kIOME) ¢ c O HHEIN f OBA kOB TS5 L1k, KOWFR
Z))%ﬁfcj_z Z%L\'Bo

o 1<K <k %iiZTKITWHLTchH fOK MNDOMTH2
o c 7 f DFRENRERFR S

o c 7% f OIEAI
J

z € A;0,e) £EL DIXEBIZRENCEINT D DIZ VDT, EEROWETIE. 0< |z2—¢|<e¢
WV AfERSFTEERA 2 2 220,

£ 10.11 (MIFESTHAWMIRSR) TED e > 01 LT, f 25 D(c;e) TUCRENREUC
ETERWE X, c 3 f ORESLIER,
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MR RFARERTH 20, INIRERATIRBRVWRERDIFET %, Bl N2FFRA

DEBLTOVEH (f(2) =

0) :()753\%511\5}{—3;0
sin(1/z) : )

F 7z, ZAMBAEL (multifunction, multi-valued function) DPIEFRE VWS Db H 5, ZHUIS

%o

BIZIE f(z) =Logz £ 328 %, 2=01F f ONEAIIERTH 5, m

AE 1012 (1) ZOMKRRADERIZ, BREFOTRLIIRL L, FREFTIE, TH251ED

(2)

(3)

e DEFELT, f 5 Alc;0,6) TIERITHZ 2] &RoTWT, ¢ f DIEAIETH %
e NIRFRAD SBRIF L T (IERIFIIFBREFTRERER E WS 282k d), Z
DHI=HiE. BRFORBIVEIRE Bbh b, ZOMWBRTIEZEIRICHES 2L,
(728 THy L BERD) (i) OGS

lim f(2) = oo

z#c

DD ALD, FERE, PORFRIFIERIZ DT,

0o k
linlzan(z — )" = ay, Z B BN NS (z—=¢)
z—rC =0 (

(2= (z—o)f

v B, Eix

(a) ¢ 23 f DIREFTRERF R R < R lim f(z) DMEET %,

(b) ¢ B f O & lim f(2) = o0.

(c) e f OEMREA & EL%f(Z) EHEE L2 W (FBEIL. =00 THRW),

DD D (= I TRL, HFHEF <« DBFALILPHEETH D),

(a), (b) ® = DIFHHIFEHETH %, (3) D = DIEFHIZIEZ, P L% (EH?7(Riemann
DFREFTRERF R FUEH)) DRETH %, (ZHUXZ DMEORKEKICR S, TR,
< FZ—FIEEHTZ %, )

BEUREAL VWS FEIF. MIRES TRV HEDNS ((10.24), Z ZTHNMK
BRI, TN EMRRA) CRT8 A2 0nd Laky, »

£ 10.13 (a), (b), (c) . VWHLWBIFFICKR->TWVWRIEKHERELLD, Z25WVWIHIHEI

(a)= (A), (b)= (B),
AN (22, (A

(¢) = (C) BRDLTIE. ¥ (A)= (a), (B)= (b), (C) = (¢) BT K
) BRD VO LRET B E, L (a) TRIAE. (b) ThE (c) T

H2H. (b) 25iE (B), (¢) 5iE (C) Ty (A) THEILIXFET S, ®ZIT (a) KD
AS)E
EREEET. ERBD 2 XHBR ax2 +bx+c=0 2HBIRX D = b2 — dac 1220V,

(a) D>0& ZO2XAFERIT 2 DDOHEER 2 HERZFFO,
(b) D>0< ZD2XHBERNF 1 OOEMR (ZHFXER) 2Ho,

(¢) D< 0« Z02XAEAX 2 ODMEER 2 EERE LR,

DD LOH, ZOIFHIC B F UEHENEZ 5, =
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10.3 Laurent BR. RS, ZEOH
10.3.1 IFAISICHEWT Taylor BRIE Laurent BRI TH 3

X 10.14 (Laurent BRIZ Taylor BRD—ARILTH B) f 2% c Dt D(c; R) TIEHITH
%, 5 {a, >0 PFELT,

Zanz—c (z € D(¢; R))

n=0

¢ Taylor JER (FABUER) k2, 2O E, a,=0(neN) Bk,

=Y wle o+ Y o (FEAGOR)

MDD (A(c;0, R) C D(c; R) WCHEET %), 2% D, Taylor EFIZEEMIC Laurent R
TbH5 (2 € D(c R) % A(c 0,R) WWEXHZ 272072), ZDHAEIX. Laurent RO EH
WX 0T, fDcIZBI2HEED 0TH5,

(HFOEVWHZT 5 Z) Laurent BRI Taylor BEO—RILTHE2ELHFE X5, =

5] 10.15 (Taylor B Laurent B %3, IEAIR)
Z i (z€C)

THHDH, f(z) =€ D0 DEDD D Laurent FREER X
= % (2 € A(0;0, +00))

TdH5, m

10.3.2 [RETERER
¢ f OREFTRERRETH D L&, HBEM e &, {an},oo PFELT

= Zan(z—c)” (0<|z—c| <o),
n=0

ZDEZE, 2€ D(ce) IZALT

FIHR T 2 DT, f & D(ce) TIERIT,
f(2)=f(2) (€ Alc0,e)).
Wz I
Fo) = { f2) (2 € Ale:0. +¢)
a (z=c¢)
THDILhNhb, DED, 2=c T f D% ay TH3 LS ITERZBIELY f 13 D(ce)
TIEHITH %,

MBREFIRE) & \WS BED= a7 Y A7 %,
BB, ag=1lim f(z) THDHILITHERET %, 7 Res(f;c) =0.

z#c
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sin z

5l 10.16 (FREFIEEIFESR, BREH) f(2) = (z€Q:=C\{0}). 01X f OAIFFET

TH s,

o0

1 1 “DF g~ (CDF
f(z):; sinz = Z%zk 22(2(k+>1)!zk (z € Q).

ZAUE f D 0128 S Laurent BEATH %, ZOEIRIZ 0. WZIT 01E f OFREFTRERFE
TdH b,

=1.

— (=DF o
lm /()= D g o

k=0 z=0
{ sin 2z (2 € C\ {0})
52k
Z 2k;+1 (z€C).

k:O
2O f & CTFRITH 2 (EFEDIRME D(0;+00) =C), m

Bl 10.17 (BREFTREFIRS)

) 241 (2#£0)
f(z)_{Q (z=0)

ETRLE0F f OINIRREFATHY (ER f 13 0< ]2 -0 < +oo TIERITH D, 2 =0
TREMAATRETR V). BRERIREREATD 5.
0 CTOME2 % 1 ITEH L 7B

~ ) Z2+1 (2#£0)

1Z0 ZEAEE TS (3RTD 2e CIIHLT f(2) =22 +1 THBILICHEE L), =

ZDEII, REMRBRELNTOMEEZZE LT, ZORDEAIRTH 5 X5 1CHkKS, 20
T eZWD 2 ATIHEDRZ W,

10.3.3 &

%1&%(%@§§Iﬁmmmﬁﬁ)ﬂ@zzigQGQ:{KBDuﬂiﬁfﬁﬁfﬁéo
W2IT 313 f DINIRIRAT, ZhlSNC f OINIRER ISR L 720,
C\Q}dﬂ%ﬁﬁA@mﬁmﬂT@%of@3®ibwamﬁ@%@\ﬂ@—;%§§
BTHs, FERR
a1:=2, a,:=0 (neZ\{-1})

rBLlt

[e.e]

= anlz =3+ X T (5 € AB0, )

N RIRVASY SN
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:@memﬁﬁwi%mzégfﬁéo3@f@1ﬁ@@f@b\f@gmﬁﬁéﬁﬁ
X Res(f;3) =a_; = 2.

lim f(2) = 00 (llgzl))|f(z)| =400 EWVIH T L)m

z—3

fl 10.19 (ZDF F Laurent B €D 2) f(z) = ( 23)4 (€ Q:=C\{3}). fIXQTIE
Y

AItH 2, wRIT 313 f OINIFRIRAT, ZhSNT f ORISR L 720,
C\ {3} ZFIRFEI A(3;0, +00) TH 2, f D 3 DEDHD D Laurent EHIE, f(2) =

HETH5, EF

2
(z=3)!

a_4:=2, a,:=0 (neZ\{-4})
ek

[e.9]

f(z) = Zan(z -3)" + Z a_,;))n (z € A(3;0,+00))

= (2 -

n=0
DD LD B, )
Z @ Laurent FER D FEHRIZ 3 ThHb, 31X f DANDMTHY, f D 3ITBITBZHE

z —

BZE Res(f;3) =a_1 =0. RED llir%,f(z) =00. B

23 — 722 + 262 — 30

Li\ ;j-(@‘;: 5 &:ﬁ /\/\5!65(/\ 77_/6
23 —522432+4+9 AT oY R oT R

Bl 10.20 (BIBRAEN) HEEE f(2) =
x5,

z3—722+26z—30_ 2 3 4

= =1 — .
U A sy g oy R i Sl P 1R

fIEC\{3,—-1} TIEHITH % (57 - B FIFZHEAXLRDT C 2KTIEAIT, 2 #3,-1 D&
ZRHE 0 THRWV),

3 -1 f OINIFRERTH %,

JIWHEHL XS, 3DED D Laurent FER & 1Z

o0

F =Y anz =3+ > e (0< ]z -3 <)

— (z—c)

DEELERTH 5,
25+ oo BT T3 OFD D O Lawent EROEE L T2,

2L DES 1 — Ziﬂ FEZ L5, CAUR D(3:4) CEHITHS (1= 3 & —1 D),
WZIZ3DED D ICERBERTE %,

4 - - (_1)n—1 n .
W 21T

n=1

IO f D3 DEDLDD Laurent B TH 3, WZIZ 3 & f D2MOMTH%, ZL T
Res(f;2) = 2.
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Z DR DG, Laurent BB % BAKNIR D7 K TH, WmHIDIRD 38U fRD BT R
ZTWBZEIHFEEL XD,
—13 f OINIRRETH S, —1 DFEDH D Laurent EBEIIRDLLTH, 1 MO TH %
Y arb, FEEE
2 3 4

fR=hE@+RE A& =1+ 5+ gm RO=-7

ERET e, f1 1 D(—1;4) TIEAITH 2026, —1 O D ICEREEMTZ 5. (3{d,})
filz) =) a(z+1)" (z € D(—1;4)). ®ZIZ

. / n —4 .
:;%%@+¢)+Z+l (z € A(—1;0,4))
MO IO, UL f D —1 DJFED D Laurent B TH 5, FHRIZE T4 THDI20H. —

& f OMT, ZDOMEUX 1. Res(f;—1) = —4. ({a,} ZEAKINTRKD 2B N p &I
TE. )m

5l 10.21 (—ROBIEAK) HHEIED Laurent B, I FFRAZHNK S,
P(2),Q(z2) € Clz], P(z) & Q(2) IZHEWIZER. P(z) # 0 £ 55, P(z) DHHELZ IRz
.., TNENOEEELE my,...,m,, P(z) ODREXFEEE ap T 5L,

k=1
DL E,
roomg A .
Q) _ g 4 b pym€C
P(z) o (2~ o)

WS FAZER D B R R B
A, 213 Q:=C\{a, - ,a,} TERHITHY, op EEL my MOMWTH B Z L H

P

ﬁ#éo%@m@ﬁuégwmwﬁfﬁé B, P(2) ¥ Q(2) BEVCRERE L b6
T bLY P() ¥ Q) AU BLEOIGHEREA0%5 D13, (FRITAL) HAeTfErs
BAEDBND (B f(2) = Z &ilﬁ@ﬁuﬁ“ctcw[f%iT ERRSATH D),

1

| @

Bbp o, HHEHEHD ¢ @iib D @ Laurent EHZ KD 5121E. f(2) = G DricD
DD D Laurent EADKFIUIRW,
(1) m=1DHBEFLEHEIRLIZ LI
() ccaD¥ &, fl)= —— — 1 (0<|s—c| < +o00). CHELH c DEDD D

zZ—aQ z—C

Laurent B TH %,
(i) c£a DEZE, f(z) = i & D(c;la—c|) CTIERIT® 206, ¢ XIERIKTH D,
PREFIREIR A TH %,

[e.e]

fz) = —— = =3 "'_‘ZH (0< |z~ <|a— e

Z—a

n=

e DFEDHDHD Laurent BFHTH 5,
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(2) m>1 OEEF. m =1 DHED Laurent JEFHZ M7 TIUIKE %,

BIZIE, f(2) = ﬁ rys,

(i) c=1DCZE, cld fO2UDOMTHD. f(z)=
D fDecDFEDHHD Laurent B TH 5,

(ii) c=2 D E, fiF D(2;1) TIEAITH 255, cid f DIERIETH D, BREFTRER
BN TH 5,

_11)2 (0<|2— 1] < +00) HE

1 S n1
f<z>—(z_1)2——(z_1) S n(=1yi( — 2"
:Zn+1 "z=2)" (]z—2l<1).

D f D cDEDLDD Laurent BHTH 2 (|2 — 2| <1 THYILDZHIX, HR
0<|z—2] <1 THDHILD, )o

INT, EEOHHEE % Laurent BT 2 HER Do 72,

WRRIZI2 203, f(z) = (Z_11>2 D, A(2;1,+00) IZHBIF % Laurent B DHRDTAH LD,
1 1 1 1 I =/ -1\"
z—lz(z—2)+1:z—2'1 1 :z—QZ(z—Q)
T

= Z é;i);)n (1<]z—2] < +0)

n=1
TH5056

o0 ’Vl 1 o0

(n—1)(~1)"
; z—2n+1 —Z; o (<lm2<ioo)m

AEBIBLUIN OB DM DB Z DT & 5,

B 10.22 (=) = 227 13 ©\ {0} = A(0:0, 400) TIEHITH B, sin ® 0 D Fb b DEFH
T )
sinz = (1" 22 (2 € 0)
2k + 1)!
k=0
iRy 5)

o0

sin z L (—1)F —1)*
(x)  flr)= = Z (=1) .zzk_l = Z —(2<k _il_)l)!z%_l + % (2 € A(0; 0, +00)).
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>- TR - THEEHZZ2ERVDLD, ) ZHD f D0 DFEDHDHD Laurent EFHTH 5,
SR

(—1)F e ol e
%H&ﬂ(nzandwﬁ®t%ok—3—2%<tkﬁmﬂfn_ﬂk—w

(
1 (n=-1)
0 (ZHnL)

c=0, a,=

EBLE (1) OFELRE Y az—0"+ ) —— OFELTVS
n=0 n=

—~ (2 =¢)

F72. 2O Laurent ER D EEIZ é THH, 01F f D1IDOM, Res(f;0)=1.m

10.3.4 EMFES

] 10.23 (MMILEMHER) f(2) = exp Liro—c \ {0} = A(0;0, +oc0) TIEAITH %, W
ZIZ 0 fOINIRRNATH 5,

exp( = Z (" (C€Q)

THEDH
1 =11
f@ﬁmw;z%}mﬂ— Z}T— (0 < |2| < +00).
D f D0 DEDLDD Laurent B TH S (EFE a, =0 (n € N), a0 =1, a_, = %

meN) eF3e. f(2) }:%z+§:”m

;@meﬁ@ﬁ@IB@}j——ﬁf%D (0 THRWIEMHERED 2 DT) 013 f OB

##E%}ﬁf%%o if: Res(f, ].) - % - 1

lim f(z) DTEELARV S, BEHCEOHIRT b 5725
lim f(z) = lim €Y = +o0,

z—0 y—+o0
z>0

: T
ngg} f(x) yEI—nooe Om

f 78. (BELE (1] p. 85 ORIZUGE) LT D (1), (2), (3) ZAEHE K.

1
(1) Ya € C\ {0}, Ve > 0, 3z € A(0;0,¢) s.t. exp — =

1
(2) H{zntnen s.t. hm 2, =0 2D lim exp — = oo.

n—oo n

1
(3) H{zntnen s.t. hm 2 =022 lim exp — = 0.

n—oo n
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Bl 10.24 FRIBERATHVEMISES)

fmZZOTi%éhfﬁmﬁ\%muﬂKQnézotﬁ%zmﬁbf%%%éhﬁmo:

1 > .
axﬂi{@U{Eﬂnez}mﬁﬁéﬁfmﬁiéﬂﬁmo0@f®%§ﬁ?%éﬁ\%i
FEATIER, SRS EM R L RN 5, .

#1025 acC L LT, f(2) = ia (€ C\ {a}) ¥ 5.

(i) c=aFbt. flX A(;;0,400) TIERIT, f D c DF DY D Laurent EHHIZ

f(z)= ! (z € A(c; 0, +00)).

Z—a

(i) c#£a &35, f1X D(cla—c|) TIEAITH 2D T, ¢ DFEH DT Taylor BETZ, %
N f D cDFEDDD Laurent JEFTH %, ZDFHEIIMATD Lo TH % D THIERK

Z az_—ccnﬂ (z € A(c;0,]a — ¢l)).
ESES
1 1 1 1 1 o (z—c\"
f(z):z—a:(z—c)—(a—c):_a—c'l_z_cz_a—cnz%(a—c)
a—-c -
ThHhdH1b, )
—Ji & A(e; la—¢|, +00) THIERIT® %, 2 € A(c;la—c|,+00) DEE.|z—c| > |a—¢|
T%%#E\L_:<1#&040®T FHAB OO LR T
B 1 1 1 1l fa—c\" & (a—o"
f(z)_(z—c)—(a—c)_z—c 1_a_c—z—c;<z—c> _nz_o(z—c)”“‘
z—c - -
ERAN PY5

)nfl

=3 ST (e Alaila - dooo)),

n=1

I f D Alc;la —c|,+00) IZBIF % Laurent EFATH %, =

B 79. (BRI (1] p. 84) RO D Z N2 DI FFRAICE T 2 EEENI D,

2

COS z <
(1) 22sin z (z=0) () m (=1
B9 80. (1) f(2) = S22 12x LT. 013 5 W S BN R D, (2) f(2) = —Z(lsii(jz 2

KﬂLT\OMEDD9@ﬁ®%¢ﬁEﬁ# (3)r>0DBEARITNELLTH, Al 0;7) 12
BT £ 0 LADTRNTOEEBIEZIS Z & &R,
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10.4 R FDOMUHDFFHEDOIT

Bk, e 20 % Laurent B ZF\WTER L7z, Laurent ERZKD 2 DI LIX
LIXHRBE DT, o eEHBELYEEDLD B e HEMTHE, ZZTEEFNEERL X,

ROt %z, BRICHET 268 9.3 LHERLTAZ LRV, ZOMmED (i) = (i) DFEH
ZHRA2E, MDFEDHH D Laurent R Z KD 2 HEHIEX. Taylor ER%Z K 2 MEICFHAE I
52D anb. BRAEB S (L) EMRRADED D D Laurent EFIZOWTIE, BI7- &
57 Z kR W,

PN

~
fned 10.26 (MBDIFHDITF) c€ C, r > 0, BRI f 1 D(¢;r) CIEAlL keN & T 5L
. XD (i), (i) EEWICFEETH %,

(i) cli& f D k Lo

(ii) D(c;r) TIEAIZBE%L g DSFFLEL T,

f(z)= L2 (zeD(er), gle) £0.
- Y,
REEA (1) = (i) DA, ¢ DY f Dk fiofie 522, 5 {a, )., DMFELT

f(z) = Zan(z —o)"+ Z dn (z € A(;0,7)), a—p #0.

(z =)

a_ a_
f(z) = (Z_kc)k—|—~--—|—Z_lc—l—ao—l—al(z—c)+a2(z—c)2+--~

o0

. Z an(z — c)" "
= Z an(z— )" = n:k(z — o

n=—*k

00
Z a—k:-i—n('z - C)n
_ n=0

(= oF

g(z) == Za_k+n(z—c)" LB, Al 0,r) TIERT 2DT, FEiX D(c;r) TR L TER,

n=0

72 = 28 e A@or), gle)=a 20

(z =)

(11):(1) ®§IEHHO (11) 721&7\'2@—5 Z‘ D% {an}nzo ﬁ)ﬁﬁ LT

9(z) =Y au(z— 0" (=€ D(c;r)).

Zan(z —o) - -
f(z) = n:O(z_—c)k =Y an(z— )" = ani(z — )"

n=—k

-0
— Zan+k(z —o)" + Z don ~ (2 € A 0,1)).
n=0



ﬁ DIFEL = a4 = ag = g(c) #0.

WX clX f DENOMTH 2, =
AR 10.27 FLETETHEL) WE 9.3 TRZEIIE, ¢ f Ok fiDFEMLIE,

fz)=(=0"z) (z—c<R), glc)#0
T/ IERIEAE g: D(c; R) = C MEET A Z &, T/l 10.26 TRZEZX S, ¢ f D
k LML 13,

F0) =20 O<le-d <R, 90 #0

Ziwi7z TIERIBER g: D(¢; R) - C R ET 528, RSAERES, =
Laurent BBZ L2 < TH, WY 5, ZOMNENIAID, 705 e DREETH 5,

5l 10.28
(2 =3)%(z—4)°

J(2) = 23(z—=1)%(z — 2)
01X f D3O, 11X f D2MDM, 21& f D1IMDM, (ZHh2h g BAITH2H, T8
TBZE, )DOVTIZ, 3 fD2MDEME, 413 f D3NDOEHTH 5,
ZNTIX

(2 —2)(z =3 (2 —4)°
95 = 5L ST —g)

137 2 FRBBRRATRERRATDH 25, K

h(z) :== < ;32 521;24)

X 2 DIEHE D(22;1) TIEAITH 255,
(Hantnzo) h(z) =D an(z—2)" (2 €D(21)).
g(z) =h(z) (€ C\{2}) TH2H15

g(z) = Zan(z -2)" (z€ A(2;0,1)).

WZIT 213 g DRRAAIRERIRFTH 2, =

21029 Pk Qlxc DEFBTIEAIT, cld P D kMiDER, Qc) #0 TH2EHIX,

Y ::% Dk ROTH 5.

SEEA ¢ P Dk MDFERTH S0 5. ¢ DA TIERIREE R FEL T, P(2) = (2 —

c)*R(2), R(c) #0. 2D & X, g(z) := %Eg LB e glF c DFTIERIT, g(c) = % # 0,

f(z) = (ngzi)k (c DB BBRINEEET) HRD LD, M 102612 E > Tl ¢l f D k [0
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Fﬂ keN ceC, fliZcDEFHTEHETZLE, ¢ fDEMOFERTHZ=0I1213, ¢
f @*ﬂﬁfi@é EDREATH D Z L R,

sinh 2

Bl 10.1 f(2) := s DIFRTOMME Z DA EZERD K,

(f%) Q(z) := sinhz, P(z) = sinz 1&& 12 C 2R TIERIZZBEIENTH % (sinhz = (expz —
exp(—z))/2, sinz = (exp(iz) — exp(—iz))/(2i) DB D TH 5 L. JFEEIZHBIF S Taylor EHOD
INHRAED 0o THB I ZHERLTHRWV), cc CHMTH 272D, Plc) =0TH5
CEDMETH D, sinc=0<Ine€Zst. c=nm Plc)=cosnr=(—1)"#0TH2H0 56,
c=nrtld PDINDOERTH %,

(i) n#£0 D ZE, Q(nm) = sinhnr # 0 (sinhnr > 0 IZHER) TH2H06. LD Cor. I
EoT. nr & f=Q/P D1{iOWTH 5,

(i) 01 P D1NDBERTHSH2 5, P, st. P iE 0 DD 536 (C T OK) TIEAIT,
P(z) = zPi(2), Pi(2) 20 (0 < |z| < 1). FAHRIC 01X Q D 1A LDBERTHZ0 5,
JQ1 s.t. Q1 13 0 DI (C T OK) TIEAIT, Q(2) = 2Q:1(2). TDEE, 0 DD SRS
WPE (0 < |zl < 1) T

foy = A Q) _ Qi)
P(z)  zPy(z) Pi(2)
ZOFAE |2| <1 TIERITH 205, 013 f ORERREEREATH S, ©WXIC01 f
DMTIZZ, =

10.5 FIIFESD lim ICK3FHHE(TT, Riemann DREMEIFE R EIER,
Casorati-Weierstrass O EIE

B FILEM 10.34 2 AE T, GEIERREI LIS 2003 LAV,

e R
8 10.30 (FREFTAEFERAOME) QX C OBES. f: Q= C,ceCTHH, cld f
DREFRERIRSTH 2 =, XD (1), (2) D LD,

(1) lim /(=) GHRBEETD 5 (HROBRSTFET 5).

z—cC

(2) 3R € (0,00], 3f: D(c; R) — C EH s.t.

J(z)=J(z) (0<]z=c<R).
IThOLE, fldc ETIHTIEANIIRTE %,

J
GEER ¢ f DMV RATHE2Z 25, JR>0st. fIX0< |2 —c| < R TIERITH %,
Wz 12 Ha,} s.t.

o0

— Zan(z — )" + Z (Za_’;)n (0 <|z—c| < R).

e f DRREFRERIRRTH 2 L WO IREDR S

VvneN a_,=0.
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Zanz—c (0<|z—¢c| <R).

n=0

GO 2z = c THIRT % (HIZX ap) T &ITEREL T,
=S az— 0 (e <R)
n=0

r5L ¥, fiD(¢;R) - Cld (ICRERELOT) ERITH D, BHZ 2 = c TEBETH 205,

lim f(z )ﬂggf( z) = f(c) =aom

z—cC z—cC

AR 10.1 ¢ f OFRAATRERFENTH S L &, FIWID %<, [ % D(e; R) Lo ERIZREIE
fICBEMHZTHEGRT A2 IEDE N, 20 fId,

N fz)  (0<]z=d <R)
f(z) = 1353 f(z) (z=¢)

z—cC

EREOTZ b HKRS, m

8 10.31 (BOMHE) QX C OREA, 1 Q= C,ccCTHYH, ¢ f DWTHN
B liin f(z) = 0.

z—cC

SR A f OIIEATHZ 25, 3R >0, 3Ha,) st.

= Z an(z —c)"

MOMEE k&322, a 202D (VneNn>k)a,=0THE05,

o0

(0<|z—¢| <R).

[e%s) k
= n(z =) (0 <|z—c| < R).

AR &[RRI

hmg an(z —co)"

z—c n=0

(= 1c B, 2#c,2—>cDEE (— o0 Ty

z —

i 91912k b,

liinf(z) = qp + 00 = 00}
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@78 10.32 (Riemann DOREMTRERERRTIE) c X f OIRES L T2, HEIEK ¢
BEELT, {zeC|0<|z—c|<e} T fORERTHUI T f OBREAIRERRAT
%%oﬁmggﬂ@ﬁﬁ@%ﬁfﬁﬂﬁ\Mif@%iﬂ%%ﬂﬁ?%&

z—cC

SEBH  (Liouville D/ERE (EHH 9.18) DFEHHE RLLARTA 2 L HIEHW, ) f DA W S RE
o, AM eR st [f(2)| <M (0<|z—c¢|l <e).
f 23 A(c;0,e) TIEAIT® 3 Z 225, F{antnez st

f(z)= Zan(z —o)" + Z (za__Z)n (0<|z—c| <e).

TEDODNEZ, 0<r<e Z3EED r IZHLT
1 f(0)

= 5— o
210 Jic—ej=r (C — €)™t

dc.

f(©)

Wz 1z

1
|ms—/ :
21 Jic—ei=r 1(C = 0"

Bz, EED ne NIZHR LT,

M M M
|d¢] < / |d¢| = — 2 = .
[¢—el=r "

2rrntl

M
la_p| < —=Mr" (0<r<e).
/rwn

rl02T328Ta,=0neN). O fDcliBIsn—5 VEHOERIZ 0 THS
DT, ¢l f DREFRERERTH S, »

BEE  (AFRFBENZZE WS AFNF) f 23 A(e; 0, R) TIERITH 2 23 %,

9(2) = { (()Z —c)*f(2) ES i Icz) — | < R)

£BL, gld0<|z—¢ <R TIERIT® %25,

g'(c) = lim 9(2) = 9(c) = lim (2= 0f'f() = 0 =lim(z —¢)f(z) =0

z—cC Zz — C z—cC zZ — C zZ—cC

THHHDPE (ZZT fPERTHEZeEHW). gld c THMPAIRET. MR |2 —c| < R
TIEHIT® 2, @ 2ICZDHPATIORS 2 BAABUCEMTZ 5.

Hantnso st. g(z) = Zan(z —o)" (l]z—c| <R).
n=0
g(c)=0,4(c)=0THBD5H. ag=a;=0. ®ZIZ

g(z) = Z an(z —c)" = (z — ¢)? Zan(z —o)"? = (z—c)? Zan+2(z —o)" (|]z—¢| < R).

NS HZEFI VS AN B AV, HARNIZIEZ. Riemann OEMOARERZ FHWZFFHHIX. Liouville OE
@ Cauchy #HiiZ WAL R LT, HHWEEL 207100, 25 TRVADBWE S LWV, ZOFEEICSH,
EBolHHEIXETSNZITINE -
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In 5

[e.9]

F(2) =) ana(z—=0)" (0<|z—¢|<R).

n=0

WZIZ clE f DBREFRERIELATH S, =
-

fiRd 10.33 (Casorati-Weierstrass, E4FERDMEE) Q 13 C oBES. f: Q — C,
ceCTHY, clI f DIVIEMFEGE T 5L X,

(V8 € C)Fzntnen) (v € N) 20 # A Tim 2, = c A lim f(20) = B).

(fifR B =00 THRWI LITR 2, ) )

COFEHOIEFIZEKR L TH 2 ADZ VA, DINICA 2 X5 I22Uz ¥ BRWIEIZBER W,
BEBA flX0<|z—c| < R TIEAI® T 3, VB € CITH L TRHE D 3LD%,

e
[ (Ve >0) (Vr € (0,R)) (Fz € A(c;0,7)) |f(2) — B| <e. ]
5L HATHTEAUL, n—1,2,-- KHLT. 5:7":% P LTHWT. I boer sit.
(fmeN) 0<lm—c<= A |f(z)=fl<-=
n e < Zn -

In5

lim z, =¢, lim f(z,) = 0.

n—o0 n—oo

IR, EoFRZBEEPZHWTHEHAT %2, Z07OMD L2 VWERET 5 L.
(Je > 0)(Fr > 0)(Vz € A(c;0,7)) |f(2) — 5] > e.

DL E,

(z € A(c;0,71))

EBLE (DR 0 IR LBRNWI EITHER). g 1ZBRINER A(c;0,r) TIERIT® %, WZIT ¢
& g DINIFFRFTD 205,

1
gl <L e Ao
£V D FHEAEL D LD DT, Riemann OEM (i 10.32) 12 & o T ¢ BREAJRELFFRAT
Hbd, T72DB g & Ble;r) CIEAILBEBICHNRTE 2, EFED2D g(z) # 0 (2 € A(¢;0,1))

TdH b, Ba(2)
1 g(z) +1
pu— + pu—
fE =0+ 0 =4
THH00, clX f OREREFEAELIEIMTH S (c 28 g DFERTRIFIL c X f DR
ERJRERFERS, c 2V g D kOB ETHIR, cld f Dk NOM), AU ¢ D f OINIE

HRERTDHLLVIRERKT S, =

Pz oFRIF, THOMREFAMEE Fo TRV, D% D, -6 THEMALIDTH 2,
B HE (proof by contradiction, reductio ad absurdum)
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; N
EI 10.34 (FIIFEAD lim ICKBFH D) ¢ 2 f OINIFRREATHE L &, LIFD
(1), (2), (3) DILD 3D,

(1) ¢ 23 f DIREFRERIERTH 2720121, 13361 f(z) HEBHEETD 5 Z & BRE+IT

TH s,
(2) ¢ 2 f DT D 2 72D, lzi;rérclf(z) =00 THDBIEDVRETITDH S,

z—c

(3) e f ODIIEMREATH 57201213 hyrénf(z) DEREETD %L 13;91 f(z) =0

z—cC z—cC

THRWI PR EA+TH S, )

SEEA  MEMEIZ ETRLZ3 o0 BREVRNEROWE, MotE, AMREROMN
H) T b, DHEICKE->TWRZers, TP ELINS, =

B 10.35 f(2) = exp (%) oW, 013 f DI EMHRATH 5, —MEHD D = — 0
DL ED f(2) ORRIZIFE LS,

lim f(z) = 0,
x—0

lim f(iy) = oc

y—0

DEITGEDFHITE-T, 0WZIHLZZD, oo WKW DT 5, m

5213, Casorati-Weierstrass DEH LD b o 25, RDOEHEDK D IO Z e BHISNT
W3, L2 LEHE 10.34 2185 7-®121%. Casorati-Weierstrass DEH T3 DT, RDIE
HOFERIZ A3 2 (Bl 213 Ahlfors [27] 12H %),

fnd 10.36 (Picard DKRTEE) c ¥ f DMV EMFELr T2 %, JeecC, (VU: c D
FRAGERS). Vo € C\ {e}, Iz € U sit. f(z) =v. — @A —DDRIMEZERZ, ¢ DEED
RAGEFFICHENWT, ZDEEZHS,

Z D Picard DEFUTOWTIE, — [41] ITEA BEIFEVTDH %,

10.6 &I FlF: Laurent HOUNRKEH

~
E& 10.37 (Laurent &) c € C, {a,}nez € CE ZHWT,

e e}

Z:; an(z—c)" + ; (ZCL—_Z)”

v REN B EBOERECE . ¢ ZF0E T % Laurent 52 I3,

2ODIENE IR T B ¢ &, ZD Laurent FREUIIE L. ZDOHNZ 2 D DRI DI

THDEEERT b0 2ODHEBDDIH L b —FDHMT % & XX, ZD Laurent FEUE
\%E%ﬁl?“%\ CERT B,

J
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MOANFREBM TIERIT, = — co @ & S HFLEARE. “BFERE TR TH S, T
DB, ceC,0<R< oo, BB f 2 {2 € C| R <[z —c|} TIEAIR S, I{an}, s t-

f(z) = ao+ —— + Z

(R < |z—cl).
z—c (z—c —(z—q)
N J
ZENZNOMDBNOR T 270 DM 2EZ 5. HHMEBEBTIOL L., ZDHERTIEFRL
THIEDBTD 5,
a N N
EIE 10.38 (Laurent fREDYNREEE, “URMAIR" DFE) Zan z—c)"

n=0 =1

WCDOWT, KD3IDDSHEDWNTNDH—DDE D D,

(i) 0 < 3R, < IR, < oo s.t. MIRFE A(c; Ry, Ry) TWER L. Z DB TIIFMT %,
Ry <ri <mry < Ry %?ﬁfl?{?ﬁ%ﬁ@ 1,72 &:;FJ‘LVC\ Z(C; 7’1,7”2) TgﬁQZ%@jﬁ”y;E
ERRA

(ii) 0 <3R < ocost. M |z —c| = R DETHEVHBIES LTI L, ZOHESTIX
RS Do

(i) C k=2 & ZATHET %,

\fﬂ@%ﬁ@RltR%m>@%®@Rm#%%mﬁiéo )

B ) an(z— )" IKOWTE, $5 Ry € [0,00) U{oo} BFELT, |2 —c| < Ry TR

n=0

L. |z —c| > Ry TIIHHT 5,

Z (za—_Z)” WOWTIE, 5% Ry € [0,00) U{oo} DEEL T, |2 —c| < Ry THRL.

n=1
|z —c| > Ry TIEIPRT %,

Ry < Ry THHUX., Laurent fK&EUE A(c; Ry, Ry) TPRL., ZDHNEE {z € C | |z — ] <
Ry or |z —c| > Ry} THET %,

Ry = Ry THAUI. Laurent #fZ {z € C | |z—c| # Ry} THMT %, {z€C||z—c| = R}
DEIEE ETRICRT 28203 D 503, B BREVEEGL VWS ZLHDHD S 5,

Ry > Ry, THIUX, Laurent &I C LDOWK2 8 ZATHNT 5, =
[ 81. LOEHD (i) DFEI. Ry, Ry & a, ZHWVWTERDE,

10.7 & F|F: Laurent B & BAHROBHE

(ZNDRHOHDF ? Hik72 Z e 20, BEAFVTH2ARKZHIZLRWESITE S,
R D —BMZER T 27D DFED X FITHYLRFFEEEEZ 5, )

IR R 2 Z v 13FEIC

(27 BE% D Laurent BEIIFBERDIEZ 102572 %, (HBBIELD Laurent JEBIXEEL
RDOIEIZF SR D RHCEEBIX0TH 5,

CEEOHT, RERFRIIETCRVTHA S, ZHEFEKEDZ ik, BEREIER (Taylor B
) \IZDWTHRILT %,
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FRIZDOWTHMZES Q ZERB2HOBE [ Q> C bbb 5 5, f2aHEKTDH
% 2.
f(=2)==f(z) (z€Q)
DD IDZ xRV, Fio f BMEREKTH % LI,
f(=2)=f(z) (2€9Q)
MDD L E VI,
Q23 C OMERFEE A0; Ry, Ry) TH Y. fHBIERITH 258, 5 {a,} DFELT

Z an ZEAORl,RQ))

n=—oo

[ EBEECT B UL

S e = S = —f(=2) = 3 an(—a)"
— i (=) a,2" (2 € A(0; Ry, Ry)).

Laurent B DR O—EMHH» 5
(Yn€Z) a,=(-1)""a,.

IS n BEEESE a, = —a, THEDS a, =0, T2D5 f D Laurent EHINIHFTERX
DA I 6725,
B f DMEBIECT HAUL

d a2 =f(2) = f(=2)= D an(=2)"= Y (=1)"anz" (2 € A(0; Ry, Ry)).

Laurent B DR O—E D 5
(VneZ) a,=(—1)"a,.

N6 n BEEL SR a, = —a, “C%%z’)l% a, =0. 372bH5 f D Laurent EFIIELBER
DEE TINS5, FZ fD01ITH BEIX0TH:

Res(f;0) =a_1 = 0.

M EoRERZ =ML L L5, c€e C,0< R <Ry <+00 LT, fiEQ=A(c;R,Ry) T
IERIZB# e 32, 2Dk %,

o fcICBILCHBIE (Vz2eC: Ry <|z| < Rs) flc+2)=—f(c—2).
o fH I THEBIME (V2 e C: R < |2| < Ry) fle+2) = flc— 2).

v 5,
5 {a,} € C% BEFELT

o0

f(z) = Z an(z—c)" (z € A(e; Ry, Ry))

n=—oo

197



DI D LD,
f 2 ciZoWTHRBEKTHIUL

Z a,z" = Z an(c+z—0)"=flc+z2)=—flc—2) = Z an((c—2)—c)

n=—0oo n=—oo n=—oo
e}

— Z (=1)"anz" (2 € A(0; Ry, Ry)).

n=—0oo

Laurent BB DR O —E M 5
(Yn€Z) a,=(-1)""a,.

ZhpS n WMEEZSE ap = —a, THEDH a,=0. T2D5 f D Laurent EFIIFTEX
DA I 6725,
FREIC. f 23 c ie oW TRk THIR

(VneZ) a,=(—1)"a,.

DS n BEEE S ap = —a, THEDH a, =0. T2HD5 f D Laurent FEFIIHEEX
DB I NS85, FIZ f D c ITBI 28I 0 TH5:

Res(f;¢) =a_; = 0.

11 BHEIE (residue theorem)

11.1 B EE

JoH FEEZ TEBUEM ) 3IEWITHELTH 20, RIEAABRAN—T a VDD B, KITHN
§ 2 DIE, ERRTHE S HETHIMERNT, GRS 7 DR TV (ERBMELTVEBDTH %),

EIE 11.1 (BEEE (the residue theorem)) D & C OF T, R? O A%
L7zt ¥ Green OEMDHALT 5 &5 2 (BlZIE. KANC CH kDB D 7S5 7T
To MBI, £ 7213 0D I3ERE DX ) O #iEAIEMEAfhER 2 572 %), C = 0D (i
TTARDETFIC D 2 R5ME) b5, QI1E C OFEET. DCQ &2k, {¢}Y,
& D NOMEERRZHT. f:Q\{c1,- ,en} > CIEIEAIE T2, ZDE =

N
/Cf(z) dz = 27riZRes(f; c;)

DAL D 3D,
\_
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COEHEYAX =T 5, BRI T RBLHYRR S, INETHTORLRED O
BHo5b5, BRI S D3, KIEZh T2 5, PRI Cauchy O AKX Z2EL DD
HELE

d
(11.1) la—cl <r = z

¥ 7z, Cauchy DT AR D

L [ flz) , 1 . f&) 0N o (R _

(11.2) 9 )z —a dz = 57 27i Res (z—a’a _ll—lg(z a)z—a = ll_I)rcllf(z) = f(a).

b HA. KREFRIZBWVWT, IhHOFROIAICEREEZAWVSDIE. BRFEEICE>T

LEVWRAITH 225, 7D TWVWTHA5,

Canchy ORISR IS 2 72 bOWH £ LT, HEMCHE L 72 2 £ OB 2 (a) / : (de 7
|z|=1

(b) / . 2 i, BEGEREMS LAY B (SAREAEN D, 1),
|z4-3|=2

Yy 2 "2

d g = -
X5l Cauchy @%ﬁ\ﬁﬁ“@@%ﬁ@#oﬁ: / Z2<z—j—2)2 VQd %)E*%ZVG% 5X51%5,
=1

|z

dz 1 1 !
———  — =271iRes [ ————:;0) = 2mili P — | =2mi
/;dﬁ@+zy m %(%@+ﬂﬂ’) “J%(Zﬁu+2y) S FEE

. =2 m
:27'('2'? = —7

B 11.2 (Goursat DA ZBHEETEL) Goursat DRW: ne N & T5L X
n! f(2)

omi Jo (z — a)rtt

FBR (Goursat DARZHEEH 2o TREHAL TA L D)

fﬁﬂlzrlﬂ—~2wiRes<(—lle—— a)

27ri z—a)"tl’

=t () [ - o 2]

BECEHITIZ, L RAEHD D 5,

Z L DARIZRD & 5 iFEimIc & 2REHDE - T\ 5,

%oy DEDLYIHMZRNT, ¢ DEDDZESZWEDE [ Z21ED. £HIZOWT
Cauchy D& EH / f(z)dz=0 ZH#EHT 5,

I
I ZRD &5 sl 35,

dz = f"™(a).
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5% \
\
!
LY 1:: ;
%, ] v IIIIIl
s =
I OHNEBIZ X1Z WD T
/f(z) dz=0.
r
I D& = MRS ENCHET 5.
N
cl—/ dz — / dz = 0.
[reras= [ s Y R CL

FETZ XYL TADT

/f )dz— Y /;m4f@yh:0

U/f dz-}j/;m4 (&—QME:mﬁfg

(XPRDFFIE Laurent BHDBREIZOWTORKT, n=-1 DHEETHV, )
CORHIZEI E DD R T VA, N HIREL B o TH ZOREHIZERT 275507 85

THUIIFNRISRE LN L7255, ~ROGEICZDIHZEHA L EL DI, BAEL L

(FEFHI23HEBRALDBX T 7y I T5Z Ik o72),

PURTIZZheiZES S DTt T %,
SRR TN WVIEDE ¢ BELD & AEED jIZX LT D(cj;2e) C Q 5D D(cj;2¢) MIC
cr (k#7) EEFEhR0,

flE0<|z—¢j|<e TIERITH 2256, ¢; DA D T Laurent BT ZE 5:

05

o0 o 0
Glatue) fl2) =D alG—e) +) oy 0<lz—gl <o)

ZoEHE f; £BL:




ZHUE C\ {¢;} TIEAITH 3,

N
9(2) = [(2) = 3 _fi(2) (z€Q\{er, - en})
j=1
B g BIEIIT® 5, SHRMAED jITHLT, ¢ & g DFRAATRERESTH 5. HPE
ERD j LT

g9(z) = (f >
= Z a,’ () (z—c;)" Z fr(z
n=0 1<k<N

THIEE LI D(cje) TIORT 2HBECTHD. Y fulz) EC\{er, -+ ¢jm1, i on}

1<k<N
k#j

TIEHITS 5,
WZIZ g lE QTIEAIE LTRW, Green DEMIZHEH S Cauchy OFEDEH L D

0= [ = [ 1) dz—i/ fi(z) d

(Vje{l,--,N}) /ij( /Z e il<zfjij)ndz—a(3i/czfzcj.

(nt—1DrE, — 1 FEREEE DT, BB S SR 0 TH 5. )

(2 —¢j)"
Wz
N ) dZ N
dz = _j/ = ) /
/Cf(z) z Zl g s(fi¢)) o
aicox, [ T 0SB C R |z-o| - THERZ SRBOERDIUL. (HIZ

c?—¢

211 TH DD 5.

N
/ f(z)dz= 27riZRes(f;cj).l
c |

Rek 11.3 (BREEO—ML) XoH O kEARIR C DB [MHH 2 8 D OISt e —

BL., C ORI ENEDHZTH S, EWVWIFRMEDD LTI WGEICBINREI NS,
PHIIAR 2 2 WIZBHRIAREE C ¥, a € C\ C* LT, #RfED

1 dz

2mi cZ—a

n(C;a) :=

E. C IZB3 % a DIEEL (the index of a with respect to C). H2WiE a DD D C D[ElER
# (the winding number of C' around a) EFHIN 5, THFEBANCIE. C 2% a OFD 2]
B> TWE2ERITHT, HIR BIRETHL ZHRALNTV S,

C 7, BH&ES QLT 0 IZZREO—Z (homologous to zero) & i&.

(Va e C\ Q) n(C;a)=

DBRDIIDOZ 2 WS (HRAEDEREDHRZEISKRY — C X (D2EKRT) MEEORZHA
TWRW),

201



Cauchy ODFERTEIE C OBEAR Q NORXZH CH kDA 70 C B, QIZOWT 0 IZhHE
D-ﬁ(ﬂ@ﬁmm®n%ﬁ6ﬁm)t?ét%LE%%ﬂwa+Ckﬂbf/j@ﬁh:Q
C

—RAESNI-BHEE QX C OB Tocy, -+, en E QNOHELR 2R f: Q\{c1, - ,en) —
CWEIEAL ClEQRNOHA 7T, QRELTORKER—IT, D¢ bELRVET
RN
1 N
— [ f(2) dz:Zn(C’,cj)Res(f;cj).
j=1

211 C

(RIFHEHE Lo =151, )

R 11.4 (BHREEOIBADMLA) LOFEAT, f @ Laurent D EHZFRWZEE ¢ %
EZDBEWVWITAT 4 7E HN [42] D BHFAT,
EH 84 ZRD B L,

N
= U (cjie) (>0 tm/hEw)

WOWTCHHAT R Z 8T, BRICHHT 2 Z e K325, AFHDHBIZ EH 4 Z WS Z
AT T2 o T2

LYy

X 27: R ¢; 23S 2808 T Z21E%

11.2 BHOHAEOLA
11.2.1 Laurent BRMKRFZE 51X

Laurent JEFD KX 2 D72 61X, ERIZ X o THBUIFEHITKRD 515 ({a,} DHFDLS ay
ZHD T,

wlLsf@y—%szC\gn)zﬁéo:@i%ﬁ%@%@ﬁfo>omxwémem

BHEZoTWT (ol =1, a, =0 (n #£0) 2T 38, f(z Zan (0 < |2] < 00))\

Res(f;0)=1. m

202



WlLﬁf@):emrg(zEC\ﬂﬂ)kﬁéo

1 /1\" 1 11 11
=35 (3) =1+ i gagm

n=0

W Z1Z Res(f;0) = 1. Res(2f(2);0) = %, Res(2%f(2);0) =

1
3!
[230<|z—¢c < RTIERIT® 275613, &M 4.16 (FIRMEETIERIZZBIED Laurent &
F) 12X o T

=

_ 1 f©)
a, = 2_7'['7, el Wdc (n € Z, O<r< R)
TH2EH 56,
1
(©) Res(fie) =an =g JQEC ©<r<R)

(—c|=r

filC —1 BHD a_y HKEIE WS L. —1 FBHD (F(O))(C— )" ehTHIT) f HY
DIETIRZDEINHTH 5, £ 52HHIZ

gy — 21 (n=—1)
[ e { 0 (mez\{-1})
IZH %

f DIFRIR (ZDOmROEHET f PEAITH 2 L5 MDZ L), REMREREMAICBIZH
BiZ0TH3, 2 THRLENFRSATOREBDRIEICKR S,

5l 11.7 Res(f;c)=a_1 €35 Z, Res(3f(z) +cosz;c) ZRdD X,
(FRE) f— Res(f;c) 3MEITH 2, ThbBE KIS

Res(f + g;¢) = Res(f;¢) + Res(g; ¢),
Res(Af;¢) = ARes(f;¢) (72721 A e C)

DD IO (REDPHEHPTEZTHRL L), ®ZIZ
Res (3f(2) + cos z;¢) = 3Res(f; ¢) + Res(cos z;¢) = 3a_; + 0 = 3a_;.
ZZT @2 c DirfFTIEAIR HIE Res(p;c) =0 TH B Z e ZHWE, m

REK 11.8 (BULER Mathematica OFIRA) B f O RA ¢ DA D D Laurent &
FOD, —IE (FnlHE T 5) DR KD 5121E. SeriesCoefficient[f[z],{z,c,n}] &
5, PlZIE

[SeriesCoefficient [z/(Expl[z] - 1), {z, 0, n}] ]
¥¥aE. nz0ors PIOMUPE bognuyx 0 Las,

—77. BARW T n OMEIZXT LT, BEL f D c DEAD D n RDIEE TD Laurent ERI%Z K
» 5121, Series[f[z],{z,c,n}] & FTHIRV, Series[1/(z Sin[z]1),{z,0,10}] &F

bk
i+1+7_22+ 3124 n 12728 n 7328 n 1414477 10
226 360 15120 604800 = 3421440 = 653837184000

CWOHKERESS, =

+0(z'")
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L2 L. Laurent BEIZKD 2 Z 21T LI UIXEE LW, Laurent EEI%Z LR WT, EEEK
DONIGEDEL., ZOHEEYRARX—FT 25 e PEEIIRKR S,

il 11.9 EFEDFEDOL ZAT )
I = / cos?™ 0 db
0

ZRD I, LWSHENHTRZ N, Z2D7=0HI121F

Res <T, 0

BHOPIUIRWZ LTk d, ZHEM KD

EINCIR S (ij) 2

k=0
THHH1H
) 1 2n 2n 9
—(2 ;:H) = Z (;) 22—l (0 < |z] < 40).
k=0

k=norzommz Y can, chrs
(22 + 1) 2n
Res (W,O = n |

11.2.2 WEICHITZIBHDORDA

CDIETIX, ¢ D f DWTHBLHAEIT, Res(fic) B3R 2 HEEHFT 5,
ROEHIZ, BTHENTA2MELILI ICEENTLES DT, NI AETH 20, 77
PHRITL, BRARTVWOT, MV L7 TRTZRIZT S,

B 11.10 ¢ 2% f DEA 1 MO 513,

(11.3) Res(f;c) = hyrén(z—c)f(z)

z—cC

(cH f DEAZ LMD E WS DX, ¢ f D 1OMD, /203 f OREATRERESTH %
ZrxEWVWI, )
BB ¢ f OF A 1o THIUE, IR >0, I{a, )2 st

f@:%MQﬂwﬂilm<pﬁRm.

(e f DINDOTHIUX ay £0. ¢ DY f ODFRERIRERIEATHIUL, a_; =0.)
(z—c) ZHFBL
(z—e)f(z) =a_1+ap(z—c)+a(z—ec)*+--- (0<|z—c|<R).
lim(z —¢)f(z) = a_1 = Res(f;c).m

z#c

z—cC

204



1 1

11.11 - ) ERD S, __ Y sxae
il f(2) (f;i) ZRD XS, f(2) TG0 HB5D
5. i X f DO 1IOMTHS, @RI

A T 1
Res(f; s >_£1§(Z_Z)f(z>:?§fz+i_z+z‘zzi_2z’_ 2™

FERCEHET 2121, (ME 11.10 DRTH %) ROTEDORADPMERTH 2 5EPZ 0,
r R
S 11.12 () = 2B Py v ) 1% c DEETIERL ¢ 1& P(2) O 1 0%z S

P(z)’
W (Pe) =022 Plc) A0 2W0WH k) cld f DE4A 1O THH
(11.4) Res(f;c) = gg
N J

GSEBH c 3P D 1MDFERTH 205, dgs.t. gl c DEFBFETIERIDD P(2) = (2 —¢)g(2),
glc) #0. 2D L &,

Q) _ QR _ha) . QG

P(z)  (2—c)glz) z—¢c 9(2)

hid c DB TIEAITH 206, cld f DEA 1 UOWTHS (HLD Q(c) #0 THiUI 1
NOMTHH., Qc) =0 THIUIREARERIERTH %), amd 11.10 I X o T,

f(z) =

) — i _ i (2=0QG) Q) Q)
(11.5) Res(f;c) = 15%1(2 —o)f(z) = IZZI%ITZ) - ng}z P(z)—P(e)  Pleo)
zZ—C
72721 Plc) =0 ZHW\W/, =
Bl 11.13 f(z) = — (f;i) KD X,
1
7 — S AN 2 15 -
(f&) f(z) RS CE ) THY,  ZTHD 1 MOELRTHS, DRI
, 1 1 1 1
Res(f;1) = ('24—_1)’z:i:4_i:'):4_i4‘:_.
5l 11.14 n € N, f(z)zznl—_l. M 2z = (w: —exp@ k=0,1,--- ,n—1) T, IXT
DB -1 D1 NOERTH S, DRI ((wF)" =1 u.ﬂza L)
ey 1 __Z _
Res(f;w") = T -

(n)
f @ Taylor &R f(2) Zanz—c “Can—f ()“CZféé L ZEL D EABRDAIE
T, ROEHE»IE LN 5,

W 11.15 ¢ DS f DE 4 k (O 51X,

. 1 N )
Resf:0) =i g () (=000,
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SEBR ¢ A% f OFE& kIOWTH 225, 3R> 0, 3Ha, )22, sit.

— Ak a-1
f(z)_(z—c)k+ +z—c

+ata(z—c)+--- (0<|z—c|] <R).
DREiHN- T
(Z - C)kf(z) = a_f + G—(k_1)(2 - c) + -+ a,l(z — c)'“’1 + ao(z — c)’C + a1(2 — c)’““ ..

a_y DEBIEHOBREBICHNS T, 2%h k-1 M T 3L,

C%)[@_ﬁfﬂd}:%_lef+%%@‘f%%%;fﬂm@—cf+”.

z—=c e LThoiipldz (k—1)! TEHIUIRWV, =
COFEAZ RS . @i 11.10 1. COEDRRDHETH 2 Z eI %,

5l 11.16

‘ﬂ@:(z—$%2+w
ETBHLE. 3 fFD2MUDMBTHBEH5,
1 d\" ’ 1)-1-1-

z—3 z—3

! 1 1 1 .
= 111m = = —.
=3 (z+1)2 (3+1)2 16

1

zsin z

fl 11.17 (B> EEABFLGDODEBLR>THD) f(2) =
HEI,

2=01% 2 fiOMT, 0 TD Laurent JEFIZ. B 2 IXFEHELDOHDKRDTT (F#% D) % #
HLT

3 5L %, Res(f;0) 2K

1 1 1 722
f(Z) 22—%244—%35—... Z2+6+36O+ ( <’Z|<7T/)

W Z.1Z Res(f;0) = 0.
HBHWIEaE 1115 ZEA LT

1 d\*! 1 z N sin 2z — 2 Cos z
R 0) = li “ 2. =i ( ) = lim ———.
es(f:0) (2—-1)! ) (dz) [z z sin z] 220 \sin 2 250 sin? z

ZDFFITONTIR,

> 5

1 1 2z
. - — o _1 k _2k+1 -z _Z .
sin z — 2 cos 2 ,;0 ((2k N (2k)!) (—1)%z 7 3t (z€C)

TH215, 0 3TTFDINDEETH 2, —/. 039 sin?2 D2MDOHFERTH 205

. slnz — zcosz
lim — s = 0.
z2—0 sm- z

Laurent Bf%Z ¥ 5o TKD 20, MREX Y S55H T2, E556351-o8FEXTLE
IH, FHiF fIXEBEEIE D 6. Laurent BFIC —1 ROIEITHR L, BEIZX 0 2725, =
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f 82. f & 0 < |z| < p TIEHIT,
f(=2)=[f(z) (0<]z] <p)

iz T35 X, Res(f;0)=0TH5sZ &%z,

B 11.18 (BOHEKTF 572D D k BVLHE S DY) Res (ta“ ) R X,

tan z

(FRE) 0 1% tan D 1 NIDBRTHE05, 01 DINDOMTH %, WZIZ

tan z 1 , d\* stan z 1. tan 2"
(22 2] 2 (2

tan z

DD ILDD, 01

tan z 1 . d\*"! Jtan z 1 "
(116) Res (7,0) = mi_}o (d,z) |iZ 24 :| = g (tanz) ‘z:O

DD, B L TRELTHRWH, BREDHDBTLDRT VNS LT,

:ﬂﬁ%%ﬁﬁ@%*ﬁ%@%%ﬁbt@t#\WELKMELTM RD & 5 7% Laurent
B A BUEOR D B SR E R LT L 2 A0SR, 013 228 0 4 (Lo
(11.6) YD ILD. WS DDBED o7z, T4 OMR ] IXFEHEWTEH, %w4u®@11%%
25 (11.6) I H, THbODHPFHEEHRER, ko,

DA ANOMTH 2005

fFO)=0, f(0)=1, f(0)=0, f"0)=2, fW0)=0, f0)=16

o 2 16
tanz =z + —2° + —2° + - (|z] < 7/2).
3! 5!
W 21T . L
an z
o 3z+152+ (0 < |z| < 7/2)

T%%#%Rw(%m(ozé.:h@%#mgﬁ@mﬂﬁﬁﬂwuuDKMﬁ%-

W 11.19 c I f OFEA LMOWTH D, pldc DIEFETEAE T2, 2O Zcld fo
DE A 1 LOTHD

Res (fg;¢) = Res (f;¢) ¢(c).

SR 7 f ORA LIOWTH S 2 b b, c OILHECIEAVIE g HHFE LT, f(2) = L&)

Z — C
BRD S50 F(2)p(z) = ﬁ?ﬁlf@b BT g(2)o(2) 1& 2 = ¢ DIEFETIERITH 555,
go ¥ cZ@mAc 1 OME 35, WAIZHE 11.10 12X > T

Res (fp;c) =lim(z — ¢) f(2)p(2) = lim(z — ¢) f(2) - lim p(2) = Res(f;c)p(c)m

z—cC z—cC z—cC

Bl 11.20 (T.HHF) f(2) = mcotmz DML FEE T RTRKD X
(7711) (W 11.12 ZHW3) P(2) :==sinmz, Q(z2) :=mcosmz £ BL &, f(z) = i{('z) g
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HAEBHIZ P(2)=0& Ine€Zst. z=n. P(2)=Q(2) TH5, Q(n)=P(n) =mcosnr =
T(—=1D)"#0. WX nlX f D 1O THS, LT,

Q)
Res(f;n) = Pln) 1.
(5152 BHRE p. 88 — ZD 5 BHHDIAL) m
. B 1
B 11.21 (ZRIE pp. 88-89) f(2) = s y—

RiK 11.22 (c BBDIFEIC. B Res(f;¢) = a_y EIFTEHRL. a, ZKROB) ¢ f DEA
k ALOMT HAUI,

__ @k O L @l NS e _
f(z)= o (z—c)’f—1+ +z_c+nzzoan(z o) (0<|z—c| <R)
EFEF DD, (ay BT TRL) a, ZRDEZRABELNS,
‘ 1 d n+k i
FERR.
(z—c)ff(2) =a_p + a_(p—1)(2 =€) + a—(p—2)(z — )4
= Z an(z — )"t = p-r(z—0c)™ (0<|z—¢| <R)
n=—k m=0

Zogz) £BLE, g(2) & (2 =c FTHIRTZT) FFEANCIERIBAZTH D, Taylor EMD
m RDOEDREL ap,— 13

aw%:¢Mftﬂmhi(ﬁ>mﬁz—@W@ﬂ.

m/! =2 ml \ dz

z—cC

m—k%ZnBIFIEEWVL, =

11.2.3 #EHLD
Bz ROBEEBIFERLI-OD ?  AVREAICE EMRER WS O0RH o7, 2D
AE FC I T2 283 TERY, Bro#iLw, DFE D, FREFTRER R A L I
DWTRT, IRFFRTE . 20 RIICH 5,
RBRAFNT D

o ¢ f OFREKFIRERIERR or f 2% ¢ DEHFTIER] (¢ 8 f DIERIR) = Res(f;¢) =0

k—1
.cﬁ$f®%&kﬁMﬁﬁzﬁR%UwF:%j1ﬂggC%) [(z =) f(2)].
- Qo)

KRl a e LT, f = %, P(c) =0, P'(c) £ 0 72513, Res(f;c) = o)
e f DEmk 1ALOML, © 25 ¢ DI TIEAIZR 51X, Res(fp;c) = Res(f;c)p(c).

o ¢ f DEMREN = ZDX5RU~A FiEERV,
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HWIER Mathematica OFJF Mathematica T,
e Residue [, { %, MR ] TR
o Series[\,{ 28, ISR, XE}] TZOXBETOR— T VEM (GREE)
e SeriesCoefficient [, { 2%, M KR, K&} TZOXEOu— 7 » EHADHRE

PRE S, IFIEME LT Infinity DM4EETZX %, 2B Apart [R] TH D EUER D H
K5

Residuelz/((z-2) (z-1)"3) ,{z,1}]
Series[z/((z-2)(z-1)"3),{z,1,10}]

11.3 RAODFEIE

BEEHOIGH Y LT, EEDFHENEHRTDH 20 (ZNERETTHHT ). ZHh Lo
D LT, [RADEIEE (argument principle) ZFFN L TH L,

a R
FIE 11.23 (RADRIE (argument principle)) D & C OFFHE T, ZDHER oD
FARRE O BN D 5 R WX NS CHR OB TH 2 £ 5, D Db 2 HiEMH
THERITH 2B f 1T LT

f'z) o
/c B dz =2mi(N — P).
72720 fEC oFcERE N, fiE PR 255 (Y505 MBORETERL
THZ5),

EHAITRCERE T 28, P=0RDT, 4% 27iN.

sEEA WECEEIC LD

1 f'(z) (f’ >
— dz = Res | =;c ).
2mi Jo f(2) Zc: f
CCTEZM\7@?&T@@cﬁ0bf@ﬂ%%%?60
e f OMTHRL, FlfOEATHROVELIR, ¢l 7 DIFHIETH %,

¢ f DnfDOBEROBE. ZOEHETIERZREE g BFELT. f(2) = (2 — ¢)"g(2),
glc) #0 725 DT,

f'z) _nlz=c"lg(z)+(z—)"¢'(z) _ n L9
f(2) (2 —c)ng(2) z—c  g(z)

Res (J% c) =n.

it\cﬁf@pﬁ®@®%3\%@ﬁ%ﬁﬁ%ﬁ%ﬁgﬁﬁﬁbf\ﬂ@:;ﬂ@ v
725 DT,
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Wz Iz

Res (‘?;c) = —p.

FE) Gy
/cf(z) dz = 2mi(N — P)

PEED

DD ID, o

AR 11.24 (FEOAFOHEEK) (BRAKENTVWEZDT, RALRSHEESRLTWBEL
MBHEM, FHEHHZTIEIRVWTL xS, ) LOEEZREADFE L FERHHIZOWT, &
57 FAMIZ

1 ore, 1 g
27rz'/0 f(2) dz= 2mi Cdlogf(z) B 27T/Cdagf(z)

THE0H. LHEVWTDHo7,
d BEL DM EIR S 20 ZOMBETEHAL TWRWOTHBICHR T 2, C! kDB
o(z,y) IZO2WT
dp = p,dz + pydy

YERT B, HEBE fITOoVTIE, u, v BER - B LT
df = du+idv = (updy + uydy) + i(vedx + vydy)
EED D, dz=dr+idy 35 &, ERIEE f(2) oW TIE (1MMTRITY)
df = f'(z)dz
DD LD, FEEK. Cauchy-Riemann T u, = vy, uy, = —v, LD ILODT

f(2)dz = (ug + ivg) (de + idy) = (updr — vedy) + i(vedr + ugdy)
= (uzdzr + uydy) + i(vydx + vydy) = du + i dv.

TaY ] o
z
THH26 /
dlogj(z)::‘§§§;dz.
—77.

log f(z) = log |f(2)| +iarg f(2).
LD & 272 BEEL 0 122N T

% dp = 7{ (ppdr + p,dy) =0
c c

THsZezB0HEX
# diog| ()] =0
C

lob it
j{ dlog f(z) = zj[ darg f(z).m
c c
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I 11.25 (Rouché DFEIE) D I C OFFEBMT. 205 0D FEREOHWIZR
D ORVESINC CHROBMEAMRTH 2 2 T2, D Od 2B CIERIRBEE f,9 12
XUT, |f(2)] > |g(2)] DD DR SIE. D NOFEROELE N(f +g) = N(f) i
7279,

B 11.26 |z| < 1 OEFETIERIZBEIE g 25, |2| =1 T |g(2)] < 1 Wiz |2| < 1 OHipH
2 2 =g(2) DEDIIE—DFET %, =

12 TERSHEAODBEHBOISH

12.1 1FLOHIC (CORMEZED LIF3ERLLEBRAICOVTOIEER)

b b Cauchy DERBEGHEZE 272 LKL, EEDOEZ, L3R5
FrfoTITAS LT 5D o7ES5THS, 25 LTHIGNLHMmIEHEIFHREL
WS HZBA T, REBTZ2ILIXKRoLDTHEH, —/ICIOHITHIATS L57% (H
FEHRICHED ) BT OFEEE. VW 2723 - DI BEGR OB E L IEHIVET, HOO
HERICAT DR 2AHDPIRNDPDF =y 7DD RWEEREZREL TIN5,

(R bBAA. ZHUIFEOHBEZEA S T 2MIc o THRVWREEE WS Z & T,
KREEBEARDR =% — T 2 b THEMEEE - I-HEPHEI N e b b, IOV IFEE 2
B3 2580, FANC TR Hr LTBlZE, )

TR Yy N TRENLBEZIZONWT, BRAXRLTVRAWIZHIAST 2 Z % Hig
L7z,

3% 12.1 (—IMEREDEE) ROBXUCAD TH 248 DEERHT) [15] © NELAE 1
RDKIZEDDH 5,

ZOARBHFET VR4 ¥ PRED Lte LT, ToRIZERET OFHEEd DD
7O EEI N, L BB OIGH Y WS HEHIZOWTTH 3,

LLEe Do ThDE, TOREITFERNCERMBIEZDBERIFITLD
RV ehbhrol, HBOEMZRME LT, ZOMWSRZTZ2MHL XS
ERoTH, HEDICHZ D THERINZ) BEREAERSHETH D, LrdE#ED
PRETIZNOPBTLHEEZDBALBIALNTVWARVWGENRZ VWD TH %,

FNEZ UDWVEABGHE DI EREB Lo o TR WE, ZO—MEEDSEICIZRWVICEIT 3, &
FBEOFEICL o DEh T Z 2T, BIAVWBEEGRDHEROEE K 2, »

£TAT, UMY BT 27 DZ L

/:f@ym

DFEZ L TWT, WOHOAIARETTH2, ZHIZOWTHLEEZLTEL,
ZZTHY EFAHITIE. B RIE f 13ETH B0, o XBENIEERTH 5 DT,

oo Ry
(12.1) / f(z)dr = lim f(z) dz,

Ry ,RQ —00 R
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TEHBEND, (Thbb, EHREIOM 13

Ro
(Ve > 0)(3R € R)(YR, €R: R, > R)(VRy €R : Ry > R) ’I | ) de
Ry

<€

Ziti7z T TH 5, ) XD M & i 2 IR TS 5 2 L 2V EE T,

00 R
(12.2) / f(z) de = I%im / f(z)dr (—MITIFIEL < RV
—o —00 J_R
TRV e ZHIRT 2 R0EDD 5, .
(25 Thuwe, 2&%’:0i$§%ﬁ§ﬁﬁbtb\/ T dr IZOWT, fEN 0 EWVWHIERI LB

—00
2

TLE5. we_%m:/

1 €1,e2—+0 1

1 e 21 . .
L e %3, lim < / L / 1 dx) BT, TSI
x x o T

—€ 2
EL7R0 ] DIEL WA, lim (/ lalx#—/ édm) LETE T2 L. log2 E WS EDHI S, )

e——+0 1 T

—H T, BBEMEDEDIOHEF. (12.2) THEL T EDbRVY, ZOODEM4E L
T, RDO2-O0%BIEL bR Z 2L TEFWVITFR W,

(a) f DFERMET, FFEIEDLLEW (DRI 0 U ETHZ 0, £1E0012 0 BUR),
(FEODFEMT 2DIE, +oo R —00 IRZEWVSZET, ZHUI lim & LTIRZ 222
HXk2, )

(b) IRBED DR T 2 Z DD O LDRSLDTIETH D - 1256, RERNZDIZ, [LFE
MK T 5, 575D

| i@l <o

DD DG ETH B,

JOH 12.2 THD BT 2 BRI DRENITONWTIR, FEIZAFED DHIR § 3 Z & 23
BT 5720 (12.2) ZHOWTWS 25, RAIH 12.3 THD RIF 2 HHEEIE xer OFETITD
WTIE, —RICIEAFRE SR L2 w7, (12.1) ZHVWTW S,

Z ORI LEED OB E AT 2B TIIRVD T, £ 22l BRI 2 MEIEE
ZBVH, MELTHHWVWWI ETH S,

12.2 HIEEHD R LoES /OO f(z) dz

BUR Clz] &, 28 » 0BRBBZHERO 2R ZRT, P(2) € Cl2] IZH LT, P(z) DRI
% deg P(z) TR,

212



- \
I 12.2 (BEEKOEHSHETORES) P(2),00) € [, f() — ? deg P(2) >

degQ(2)+2, (Vx €R) P(x) A0 &5 5 & &,

/OO f(z) dv = 2mi Z Res(f;c).

Imc>0

2T Y W fOMcD5B, Imc>0 il TdOTRTUTOWTOMERS Z &
Imec>0

ZEIRT %,
N

J

PUR ofEZ HAUX, FERIZ LT

/00 f(z) de = —2mi Z Res(f;c)

Im ¢<0
HREHCE B 20392 %. Eix ) Res(f;c) =0 AR DD (BECEHD & B
TRTOM ¢
TE3%),
SEFR RE XD
()  (MeR)ER ER)(VzeC: 5| > R) P()#£0 »2 |f(2)] < %

iﬁﬁibjoo il}%% P(Z) = aozn _I_alzni1 + - +an7 Qo 7& Oa Q(Z') = b()zm ‘l’blzmil + - +bma
b #0 &35 %, (i 91906005 K512)

- . aol | 30l \m
(3R™ € R)(Vz € C: |2| > R™) |p<z)|2\70||z|7 Q)] < !20\|Z|

DD ILDDT, P(z) #0. ¥72 R* := max{l, R*}, M := % B, |z > RITHRLT,

b
%Mm ~ 31bo

el oo

ol 1 _ M () ooaEms),

= aol 1217 J2f?

| |Z’mfn

F(z)] <

(%) &b, BDIHEHIERL T

00 R
/_OO f(z) dx = RETw/_Rf(x) dx.

oo Ry
(V: — MR [ LT, / fayde= dm [ ) de THBH, TS
—00 1,{t2—+00 Ry
R
cesmpiuE, Jm [ f()de ¥ LTHETE 5, )
—oo J_p
R > R* 27z ${EED RITHLT
I'r:z=2 (x€[-R,R)),
Cr:z=Re"® (0c]0,n]),
Yr:=Tr+Cg
LBl

/ Sy de= [ f(z) de,
—R I'r
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M M M
< [ 1@l < g5 [l = g nRr =T 50 (R +o0)

f(z) dz
Cr

BBUEHEIZ LD

/ f(2) dz = 2mi Z Res(f;c).

Imc>0
W 21
R
[ swar= [ fera= [ a6
-R I'r R Cr
= 2mi Z Res (f;c) — f(z) dz
Imc>0 Cr
— 2mi Z Res(f;¢) (R — 4o00).m
Imc>0
i 12.3

< d
1:/ = -
|

BROC, tan o (& OFBBBEFATOT, ZREMN Y
I = [tan_l x}iooo = g — (—g) =T.

—F. EE 122 25 XD L5 1TRkDHND,

P(z):=2241,Q(z) =1 B &, P(2),Q(z2) € Clz], deg P(z) =2 =deg Q(2)+2. z € R
DeEPlr)=22+1>0+1=1 &Y P(x) #0. c PHEETHEBEOM < Pc)=2+1=0
Sc=4i. TDIH Ime >0 Zili7zTdDIE c=i. EH12212k5T

I = 27i Res (%,z) :

Hif:z%@l{ﬁ@@“@%é#%
Res(f;1) = lim(z — i) f(2) = lim —— = ~
€S 32 —ZILT%Z 7 2_21224—2_22

HBH0E 06)
. i 1 1
Res(f;i) = ()~ 22 T %
Wz

1
I=2m -—=7m
T 22 e

REX 12.4 Mathematica 72 51X Integrate[1/(x"2+1) ,{x,-Infinity, Infinity}] & Uit
HTE5%, Maple 2 51F int (1/(x"2+1) ,x=-infinity..infinity) m
il 12.5
I /°° de _ m
et V2
) " " " . . - 1
W T THHEREBOIRMBEBIIHEREB O TR E L) T BFEAR, EE ]

+1
JFRRBAEZ RD B Z e K, ZREHWT [ 25E T3 2L AJEETH 205, FHEIEILI

HHEEITH 5,
P(z) =2 +1,Q(z) ;=1 £ BL &, EH12.2 DMK L0 (HERDOBRITEIET 2).
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\\Q i(E+k2E i 1—i —1+44i —1—i
Cﬁ)F@@@P(C):O@C=€(4+k4)(1{520,1,2,3)@6:%,%, RV

Ime>0 R30I, ¢ =2 ¢y = LZhnik = -1 izl PO 1LAIDOEST

HBNH 0 )
Y. . I
Res( ’CJ) Ple;) 4@ 4 T4

J

1 =27 (Res <%, cl> + Res <%, CQ))

o ( 1)( o) w2 T
=2mi-(—= ) (i +¢)=—— —==—.
1 1+ e SRRVNG,

IR 12.1 f AEEEOS /mﬂ)dx:%/mﬂ@dxﬁ#B‘¥ﬂﬁﬁﬁﬂlm)mﬁ
I RN D C ORI BT, -

EF12.2 5.

1‘2

4+ 522 +6

1 [ x?
=3 e ®
P(2) = 24452246, Q(2) =22 £ BL & deg P(2) =4 = deg Q(2)+2, (Vz € R) P(z) > 6 > 0
XD P(z) #£0.

1 L OB P) =06 (@ 2)(+3) =0 e = +v2£VE

5l 12.6 (Ahlfors [27] p. 173) I := /OO dr. BHETBEBUIHEBERTH 2026,
0

Ime >0 272D, ¢ =+2i,V3i. EH12.2 15

/ Q :1 2mi (Res (%ﬁz) + Res (%\/ﬁ@))

RIZEBZHRE T 2723 TH 5,

QW) 22 z VR V2
Res (f \/_’) TP (V2i) 4P 10| 4224 10|_5 -8+10 2
B ) oz VB V3B
Res(f’\@)_ P(V3i) 42 +10z|_ 5 42410|_5 12410 2
ThdH75H
I—m'-(\/__\/g)i—ﬂ\/g_\/g
B 2 B 2
’@%%MEL;;QEZ%%H%OI

BERADH (H5 < 158)
Bl 12.7 ne NI LT

*  dx T
I = o = — B
o Lt nsin —

2n
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FX 12.8 Mathematica Tl

[Integrate [1/(1+x~(2n)),{x,-Infinity,Infinity}, Assumptions->Element[n,Integers]&& n>0] ]

(1 + (eQi"”)_i) T cosec =
2n
B 12.9 n e N TH LT,

WXL T %iR$, FullSimplidy[] 3 2 LffiHick %, =

e dx (2n — 1)!!
I = —_— =7
/_oo T+ " 2o

Rk 12.10 (BALERTHRE) Mathematica T

[Integrate [1/(1+x°2) " (n+1), {x,-Infinity,Infinity}, Assumptions-> n>0] ]
i R
1
ﬁ[’ (TL + §>
I =
I'n+1)

EWVWIEDPIRSTHKS, ['(z)=al(x—1) Z#DIRLHWT,

(D) (D) (D) o= (-3) (-8) e

P 1) = = 220!
THHEDH
I Vo (2n—1D)/m/2"  w(2n — 1! .
B (2n)!1/2n o @2n)t
f 83. LLNDRET %KD &Ko
dx s
o _ e T
(1) ¥ a LT, —/ waa B
" _ dx e T
(2) A a XL T, T = / i ()
oo 128 _ _ v e T
(3) IESZ&CL &\-itl‘l/"c —/ (.1'2+CL2) (':" 2&3)
" _ dx e 2T
(4) IEE a 1TRL T, =/ o ab drv. (% %)
o ) _ ae T
(5) F¥ aiTxfLT, I = / e +a2 (5 T6a8)
v - B e, DV2T
(6) F¥k a I LT, I = / T ai)p +a4 - & )
_ e dx . 7(2n — 3)!!
oR % = — &
(7) IE%& a, gn\\ﬁ n ;CI‘L’C\ 1 /_OO (IQ—FCLQ)n. ( a2”—1(2n— 2>”)
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‘ , S .

(8) T4 a, BAR n XL, z:/ U R
—e Tt a na2r—1 sin2—

n

00 ZE2 —z+2 %) :L‘2
84. (1 ————dx (2 —d R (Ahlf 1
A @ /oox4+10x2+9 v (2) /0 (22 + a2)? T, ac (Ahlfors p. 173)

12.3 HIEEH < O R EOfFES /OO f(z)e"™ do (BIERAED Fourier

xiR)
R f zHHBERE 5 & {BHEIB e G AHEY
/OO f(z)e” dx

BEZ B, THUIISH EIEFICEER Fourier Z2#2, 1 Fourier 244
() f= o= [ fwertar (cem),
(F) i) = o= [ aleetas (@eR)
ZRDBZ EIHHTE 5,

ESc
(12.3) (Va € R) elaz = ¢ cos(ax) = Ree®, sin(az) = Im e™®

ZRVWHLTEI I,
; N
FIE 12.11 P(2),Q(2) € Cl2], f(2) = %, deg P(z) > deg Q(2)+1, (Vx € R) P(x) # 0,

P(2)
a>0t3BEE,

(12.4) /_OO f(x)e™® dx = 2mi Z Res (f(2)e";c) .

Im >0

ZZT ) B fOM(HBVE f(2)e DRI EoTHRALIL) c D55, Ime> 0
Imce>0

K%ﬁt?%@?dfﬁohf@ﬁ%@%iZ%%%?éo

v

AR 12,12 RGE deg P(2) > degQ(2) + 1 1%, EH 12.2 DKL D 550, deg P(2) >
degQ(2)+2 THBHEIFZ. a>0ITHLT (DFD a=0 b OKM) [LFMED DRI T H
52 HfHITRES L, O E LT, i8R g =Tr+Cr ZHRH L CAIATZ %, %7

lim f(2)e* dz =0
R—o0 Cr

DFFIA -
lim —/ e~ Rsinb g9 —
R—oo R 0

U DA, FIETRLEARICR S,
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WIRE XN, fiHTHS (0<e Bl <1 XD 0< /7T e~ ftsinlgy < 1 MEHNB),
Cf. / 9, / O bR, / ST I B (ORI L),
1

SFBA  EF 12.2 DI k Rk
M

[E)

(M eR)ER € R)(V2€C: || > R") P(:)£0 7o |f(2)] < —

AB>R &35k %,

Cap r:z=x (ve€[-A B,
Cap #:2=DB+iy (yecl0,A+ B]),
—Cyp r:2z=2+i(A+B) (vec[-A B]),
—Cyup rz=—A+iy (yel0,A+ B)),
Y48 =Cap v +Cap t+Cap ++Cap x
£B<L,
P ODFER cld |c| < R* Z{i7z 3T DT, Imc > 0 ZHi7z 5 DIXEAMIR 45 OHOREGF
mEicEEN S, FEE IO T, BREHICX-T

/ f(2)e"* dz = 2mi Z Res el )

Im >0

B
/CAILT f(2)e'" dz = /_A f(z)e"™ dx.

Capt Tl |2 = /B 42 > B THB 7 b,

i

FE < — <

M
|z B’

E
Re (iaz) = Re[ia(B + iy)] = —ay, |eiaz| — eReliaz) _ —ay

THE00 (|dz| = dy WWIEELT)

wnaz < wnaz < —ay < —ay — .
/c f(2)e** dz _/C | f(z)e™?| |dz] < 5 /0 e Ydy < 7] /0 e~ Ydy B
A,B, f

AB, H
Cup n Thy IREFACLT

Cap + T |2|=y2>+(A+B)2>A+BTHdh5H

M M

IO < a7 E

N
Re (iaz) = Relia(z + i(A+ B))] = —a(A+ B), [¢“*|=e Re(iaz) — g-a(4+B)
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THE05 (|dz| = do ITHFEELT)

/ f(2)e"* dz
Ca,B,

Wz

= Aéi_rgroo (/WABf(z)emZ dz — /CAB Ef(z)em dz —/C f(2)e* dz —/C

A,B, E A,B, k&
= 27 E Res ez )

Imc>0
CORAEMEIT S L. 0 <0 DL EE, (124) BHALLABNZ DD %0 0 <0 DHE
3. RO DITRDIFLD A7,
4 N
% 12.13 P(2),Q(z2) € C[2], f(2) = %, deg P(z) > degQ(z) + 1, (Vx € R) P(z) # 0,
a<0&IBEE,

' M B
< / ‘f(z)elaz‘ |dz‘ < A—/ e~ UATB) 10 — Ve~ UA+B)
A,B, k + B _A

f(z)e dz)

/ f(z)e"® do = —2mi Z Res el )

Im <0

\_ J
L. RI2132HS5 D TR, FFEOTIRICED., EH 122 WREZXETTWVWSETFR
F A2V, ZHUCOWTIE, IRl R X,

5l 12.14 o ZEK T =

0 ez’a:p
— — e lal
(12.5) ]—/Oox2+1dx—ﬁe :

a>0 DEGEZ. EH 1211 25

eiaz
I =2mi R — 1| =2m
T hves (22+1,1) YwA 2%

a=0DEEF, EH 122056 (2W0WH XD Bl 12320 D)

—a

= Tre

z=1

1 1
I =2mi R ——t | =2m —
1 Res ($2+ 1,@) m 5

a<0DEX, % =¢iar _q> 0 I ZEELT, EH 1211256

o e—iax 6o e—iax ] e—iaz ) ] e—iaz
I:/m$2+1d$:/oox2+1d$:27TZReS(ZQ—H;Z):27TZ. P

DlEZEFe®T (125) 2185,
BB, (125) DFEHZES &

/ cos(ax) Jp = me-lal
oo T2 F1

z=1

BELNS, m
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R 12.15 (Mathematica THEHE Y % £ FIZ) Mathematica TEHHET 2B, « OFEE
HZ 51203, HlzZR

Assuming[a>0, Integratel[Expl[I a x]/(x"2+1),{x,-Infinity,Infinity}}]
H BV

Integrate[Exp[I a x]/(x"2+1),{x,-Infinity,Infinity},Assumptions->a>0]
DESFTHUIRV, =

5l 12.16

]:/Oox;in:v dle.
o To+1 2e

TR HEEBTH B ., sine =Ime® THDZ DD

]:1/ msmxdx:l/ Im dx——Im/
2 J_r2+1 2 )_

P(z):=2241,Q(2) =z, a:=1 32, EH 124 DFEMEDED LD, WZIZ

1 , = 1 2
I = ) Im (27m' Res (221 16”;2’)) =Im (m’ . Z;Z Z:i) =3 Im (m’eZ ) = %.l

Bl 12.17 ¢ O o DEDHEDHEEDH IV LLTE I I,

e
1= — dx.
[

() i = o (BT B0 25
— * xe®
L=[] —“ 4
’ /_oo @12
ZRDE D,

Plz)=(z2+1)2%Q(z) =2 f =%, a=1 8,

deg P(z) =4>2+1=degQ(z) +1

TRTD z e RICHLT, Plx)=(2?4+1)*>1TH505 Px)#0. ¥/ a>0.

f OMIE P DERTH?, Ple)=0c2+1=0c==+i. ZD55 Imc>0%2AT
D c=1 RIFTH 5,

ER12.1112&D

- . 1 d\?>! , iz \/
I =2miRes(f(2)e'*;i) = 2mi - -1 £1Lri (E) [(z — 1)’ f(z)e"**] = 2mi £1iri ((zzj 1)2)
oL e (14 26z + 2?) e (1—-2-1) et omi
= 2mi - lzlir% TEE = 2mi - ¥ = 2mi - T =%
i
ZWCT=——
© 2e

(Af#) % 12.13 %ﬂﬂm% r

. . i ~2 1 —iz
I =—2mi g Res (f(2)e™*;¢) = —2mi Res (f(z)e™"; —i) = —2mi lim Z(f ,))36
Z—>—1 zZ—1
Im c<0
c ¥ f of
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GllfE) (Z25Wo5RDhTdd 5 e HHIKRDOVWEThE, BERTWT, HIREBROERICHTE

VC-IEIE\K‘\II—'L—[L?:_O )
0 yeiy
I=— [ Y
/ (w212

y=—1 EEBEHIT DL
29558, a>0DHEAEORAEMZ 2 (BPTLEFLTLRICRE Z DT> T ),

et* zet? i i
=2 R o) = —2miRes ([ —2C i) = (E) g
i Z es ( Z 1) ) i Res ((22 TP z) (26> o

Imc>0

&R Dfl

B 12.18 > 0

o

x sin ax T _ .«

[:/ dr = —e */V2sin —
0

i+ 1 2 V2
(FREED D 570 EHALEFE LS EFTHIRVWEE, ) m

1. UNoHEDZERD X,

(1) IF2 a, 0 123 LTy / DO dr (& ™)

(2) ¥ a, 0 ZH LT, / R (& Ty ao)e ™

(3) E# a, a ITX LT, / ;fiii & ﬂe\/;z/gﬁ ( f/_ + sin \/_))
@ Ela LT, 1o [T IO T, 0

o [T sen T

27
12.4 =ARBOEIEERDERES / r(cos @, sin 0)df
0
1 ZBOWEATHARL LI r(r,y) o &y OFH T2 %, /r(cos@,sin@) do

SR TR E 305, RO EIEA T DEENCR S 2 L HE, L URHCEES [0, 21]
LORSY (AR oW Tid, BEE W CHICE TS 2,
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-
e 12.19 (ZABBOBRERMORARES) r(v,y) Z 2,y DEHAL T2 L %,

2
(12.6a) / r(cosf,sinf) df = 2mi Z Res(f;c).
0 | <1
72720 fiX
1 2241 22-1
(12.6b) f(z) = o7 < 5 o0 )

TEFRL. f(2) BEAIFIRE |2 = | Ricliefiine 32, 72 ) 3, f Offic

le]<1

S5, HAMEN 2| <1 BT 2DDIXRTIZOVWTOMEEKT %,

j

BETIE. 2O (12.6a), (12.6b) FHIMEILT 2D DTRVWI &,
z=¢e? (00,27

E WD BREEHAT,

SR =T g —itag xn g =

2 21 12

Y HRT, BAFHIRNOEEBOMOGTEICR 2 Z e BT 5, LUNOFZE BE 5 X D i,
BIDFEMIT A o = BRB VDS LI,

SIEBA

cosf =

2m
I::/ r(cosf,sin 6)df
0

X, z=¢? (0 e0,27]) LF B LT,

w:w%a¢w:@,

12
COS@ZM:1(2+1>222+1
2 2 z 2z
-g_eia—e_w_l 1\ 2-1
THYT Ty _Z(”fg"2u

THE0H.

2241 22 -1\ dz
/|zl " ( 2z ’ 21z ) 12 |z|=1 f(Z) -

BEEHIC X o T, ZOBDE 2| =1 NEBOMUICEIT 5 f OBEBOMTHETZ 2,
I =2mi Z Res(f;c).m

le]<1

AR 12.2 (AROFES[IRSEHS) LTI

0 -1

0 e e L4 1 " e — e~ z2—z
cosf = = sinf = =
2 2 ’ 21 21
CEWVWTWAD,
il L e=i0 L% ‘ ol _ =0, _%
cosf = = , sinf = : =
21 21



CEWTARSDRDIZEIATHS (TAMNIHELLEZA, i D DOBDFEENES LT
Do, dbs) LHL
1 z24+Z z2—%2
ﬂd"‘ﬁr< 2 2 )

TERLL [T FFRBRGEZROWT) ERIBBIC R S R0 T, HEBIEHZMES Z & 23 HKE
2%,

wlzm)r—/%—iﬁ——%*®i
' “Jo 5—4cosh °
(fRE) 2z =¢€" (0 € [0,27]) B &,
1 1 1
J_/;l z+z*'5*“”ﬂlu5z—2%+1 2/|1h%—&+2
5—4-
dz 1
=1 =127 Res
A|:1 (2z—-1)(2—2) I% ((22—1)2—2 )
1 1 , 1
- _QWRGS’((%—l)(z—Q)’é) =i (z"> - 1)(-2)
Tyl Ty T

S ke & (WM

VIREMIN, KTV Yy Vg CEHEZBEKRTH %),
(fRE) 2z =¢€" (0 € [0,2n]) B &,

7 _/ 1 dz B 1/ dz
H=1 g2 4 2 oy 2241 iz i 2|1 (R?4+1r?)z — Rr(22+ 1)
2z

27
W12ﬂ0<r<RZ?%Z§\L:/ d9
o R?241r?

B z/ dz B Z/ dz
~ Jyer Rrz2 = (R2+71%)z+Rr J2 (Rz—7)(rz = R)’

HMEGEHE %2 FHuwT
1 1 r
I=i- 27m;<1Res< Z—T)(T‘Z—R)7C)__27TReS<(RZ—T>(TZ—R)7E>
— or lim z—r/R :_27r 1 21

zr/R (Rz —1)(rz — R) E.r-r/R—R:RZ—ﬂ

wEADA
5l 12.22 a >0 2T 2L =,

L/Q” db _ 2
o 1—2acosf+a? |a2—1|

Bl 1223 a>1 T 2L =,
/” do 0
= N |
o @+ cosé az —1
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Bl 12.24 0<e< 1 IZXHLT

/2” df L
o (1+ecosh)?® (1—e2)*?

(Mathematica (&, Integrate[1/(1+e Cos[x])"2,{x,0,2Pi}, Assumptions->e>=0 && e<1]
TR L TIN5, ZHUE Kepler EBIO A BICHELEDTTDH 2, )m

DIFORBEDZ 1%, #ER [43] pp. 80-81 R ED S - 7z,

27 2
3. (1) B n ITHLT T :/ cos 0 df. (2) BB n T LTI :/ sin?" 6 df.
0 0

27 d@ N 27 de
(&ﬂﬁkmbmﬂbf\lzzz&%%w+y$&0 @(Lﬂﬁ)ﬁzé —
2
@M%ﬁhﬁﬁajﬂﬁjwolzé W+ﬁf%M%em<r<R> (6) (%

2 0
) 1 1 Re <R+7“e do

2w
= — —— |1df (0 < r < R). 7)1 =
21 Jo R—rele) ( ) ™ /0 (R? 4 12 — 2Rr cos )”

27
(0<r<R). @Mhﬁ\ﬁﬁyL—/ ;f%@g (a>b>0). (9) H&E m, FH r
0

R(r<R)IIXULT, I+iJ 23THEL I, J ZRD X,

2m cosmb 2m sin m#
I = dg, J= de.
/0 R2+ 12 —2Rrcosf ' /0 R2 + 12 —2Rrcosf

(10) ¥ a, BRI n LT, T+4iJ 2EEL 1, J 2RD X,

2w 2m
I = / e®% cos (asin® —nh)do, J= / e*“*?sin (a'sin 6 — nb) db.
0 0

w0700 T8 0F 0F 0. 01 0T
(8) af”_bQ (9)1:%(%)7”,J:0 (10)1:22?n,J:0

Bl 4. a? >0+ Rii7z35  a, b, c ITNLT,

/27r dx
o a+bcosx+ csinx

2T
2RO K, (B a2_b2_02)
il 5. (Ahlfors [27] 173) /Tr/2 dz o] > 1 (% 7 sign a
) ! : — &5  |a g ——
) P o a-+sin’z’ Wata

12.5 HIEFHD R LOES (RE LICHBEDEHMD 1 (IOEHNH ZI5T)
(R THIIC RO N E AR, COEPEKT 3 Z L0 5, )
S DX [a,8] ET O OB £ ICH LT, ERES

b f(x) Jr—  Tim (/c_sl f(x) 4 b f(2) dm)
T—c a0\ J,  x—c r—c
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E—RHCIETFIE LW (f(c) £ 0 THIUTRET 3)e L L

c—¢e b
lim (/ f(z) dr + (z) dx)
e=+0\J, x—c epe T —C

BIFEET %, ZOMIRER

&dx

r —cC

b
p-v.
a

£#& L. Cauchy DEfEFES (the Cauchy principal value) & FES,

Bl 12.25 a,b>0 2§ 3L X,

b
Lo [
0 T
(IFERS B D3,
b d b
I, =p.v. — =log —.
e T a
eSS

—E1 bd . b
/ % +/ f = [log |z[]_;' + [log |:7c|]1;2 = loge; — loga + logb — loges = log . + logi—:

a 2

THE)b. 1,60 > +0 ELTBIORLARVD, ey =gy =2 2L Te— +0 ¥ FTHUIlog?

IR B, 21 I 1RITH L2, [Flogg .

f=% (P(2),Q(2) € Clz]) LT
(Vo €R) P(z) #0
EWVWHEHEERDT, TPIER ETHA 1 OBR LRV T5L %,
/Oo f@)de (727U deg P(2) > deg O(2) +2),
/ T f@)en dy (7275 U deg P(2) > deg Q(2) + 1)

WFEEDILFERE ST L U TCIFELRWD, FEEIFEL,. LOEM e 7z X 5 EFD K
YRVASR
4 ™

FH 12.26 P(2),0() € C[2], f(=) = 2E) pia R FTE4 1 HO%E Lok

P(2)
5.

(1) deg P(z) > degQ(z)+2 & T 5 & &,

(12.7) p.v. /OO f(z) dv =2mi Z Res(f;c) + mi Z Res(f;c).

Im >0 Im c=0

(2) deg P(2) > degQ(z)+1 £F2L & fEED a>01THLT

(UB)pvp/wf@kmﬁmzﬁmiE:I@Nf@kmﬁﬂ+wi}:ImSU@%@i@-
o0 Imc>0 Im c=0

N J
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SR (1) OBSGEEZ RS, EHILICH 2% ¢ <y < - <cy £F 50 D(cj;e) BEWVIIK
DOHHENEIIC e>0Z /S HS,
RZTHRELED, TXRTOMD 2| < RDOHFIZHD, —R<c¢;—¢, Oy +¢e < R %Ziiilz
ER R
N-1
Fep:=[-R,c—¢]+ Z[C]‘ +¢e,¢41 — €|+ [en + €, R],
j=1
—C.;:z=c;j+ec” (60,7,
Cr:z=Re” (0€]0,n]),

N
Ve,R ‘= FE,R + Z Ca,j + CR

j=1
2 & D bR (3H) Z2E®D %,
HBUEMIZ XD,
/ f(2) dz = 2mi Z Res(f;c).

Ye.R Imc>0
FEE
N
/ f(z) dz:/ f(z) dz—Z/ f(z) dz+ f(z) dz
Ye,R e r j=1 —Cs j Cr
ERRTE 2,
R— +oo ® &, 8% 3HIZ 0 TPORT 5,
e—=>+0 DL E,
c1—€ N-1 Cjt1—¢€ R
/ f(z) dz = / fz) dx + Z/ flz) do + / flz) dx
I'er -R j=1 Y¢ite CNy1tE
R
— p.v./ f(z) du.
~R
e—+0 DL E,
/ f(z) dz — miRes(f;¢;).
—Ce ;
W 21T

o N
p.v./ f(z) dx—m’ZRes(f;cj):%ri Z Res(f;c).
s =

Imc>0

BIHTIUIRD 2R EZG 5, =

]:/Oosinx dx:l/oo sin .
0 x 2/ =«

CHREBOLFEETE LTIRT 5 2 LICHERET %5, ZRUIEERDTE & —HT 5,

I =—-puv. il dxr = = p.v. Ime— dr = - Im ( p.v. c dx ) .
2 _ T 2 T 2 o T

oo —00 o0

] 12.27 (Dirichlet &43)
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B 12.26 (2) ZHWT
1 _ e’ 1 o T
1= §Im (mRes <7,O>) = i'Im(m-eO) =3

(E%u)/ :deﬁﬂﬁﬁémﬁﬁﬁfﬁéﬁ\/ i IR, EME L
LRV, (2) ZOERMEERE (1)) T, BERD L WS SHEEHFICHH L ToH
B, ERRIZR o Twaikimd LERUTH D, ZOFILBNTS EEFETIELIXLIRES T 5
DT, FEEDTHOWIHHZITo7%, )n

sin x

12.6 &FIF: TIE12.11 DORIEEA
(M2 WEEICR 2 DT, RETIIEHHTIRAEE o2V, )

EH 1211 %2, Cr+Tg EWVWOHOBEDTEEHCCIEHT 2 2 dHKk2, 2L OARTERHAIN
TWRHIETH 5D, BEIWETT2DIE. UNCRSZ X520 HBETH 5, (REIZE -
TRFERAHTDH 2 2B 9) KERART, ZOR) FIHEETIHERHET 22 250
HBDT (HDAFHEFETERY), —IOEHL TEBIRETH 5,

AR, KRR S 5 2 & DD /12T

R
(12.9) lim / f(z)e"™ dv = 2mi Z Res(f(2)e"*; c)
oo )R Imc>0
ERT WS FIEICL S,
deg P> degQ +2 EAREZM LTVWETF A MDD, ZDLEIIRFAED DA
52 D TiHmHHEICL 2,
JRBED DR T 5 2 L DREHZ SIE> TV AR H 2,

12.6.1 LEBEADVFEISIL

P(z), Q(z) € Rlz] ZIRE L TIEHT %, deg P(z) =n, m :==degQ(z) £BL &, P(x) =
apz"™ + -+ a, (ag #0), Q(z) = bpx™ + -+ + ap, (bg #0) EFF %, n>m+2 THIUIA
FHEATT AR T 2 (|P(2x)e™™| = |P(x)| Ty EH 12.2 DA & R CAEAD K 5 ). LU,
n=m+1&3 5, Ih(r),IM € Rs.t. Vo #0

F) = 2 (14w, (b)) < L

aox T

() bO ‘
/ e
— oo AT

DINHRY 2 Z ek, FREARICORL T, N okmz W Tiko o, —J5
/ b—oh(x)em dx

0o AT

JRFRAEH T

ﬁ%ﬂﬂﬁ?é:t%ﬁ%m%@%h%o@imﬁ%@%/.ﬂmﬁﬂmﬁﬁﬁb\

/_ Z f(2)ee® dx = /_ z f(2)ee® da.
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12.6.2 (12.9) MEEEA

X T, IM €R, 3R* € [1,00) s.t. f(2) DR P(2) DERIZ 2| < R ITEFAL,

R € [R*,00) WHMLT. Tg % 2=z (z € [-R,R]), Cr & z = Re” (0 € [0,7]) TED.
Yri=Tr+Cr &8, Pz) DFERIFZHATDH 220 0HRET. F# 2] < R* & FH
(W22 EHFFHEICH 5 S DIE. g ONEBICIFEET ). RE & D FEf Ricidzwn, 2asid
f(z)e" DM FETFBREFIRERRATH D ZN oADK TIE f(2)e IZIERAITH 5, £/
v \FHEAMEAMIRTH 22005, HEEHZHWT,

/ f(2)e"* dz = 2mi Z Res(f(z)e"*; c) = 2mi Z Res(f(2)e"; c).

c X vp DAER Ime>0

Crli¥z=Re? (0 €[0,7]) £XTRX—=R—=DFTE3, dz=1iRe? df T,

f(2)e"* dz = / f(Rew)ei“Rew -iRe™ df),
0

Cr

iaRe"” = iaR(cos@ + isinf) = —aRsinb + iaR cos b,

Re [mRew} — _aRsiné, plaRe'®| _ eRe[iaRew] — p—aRsin®
THHH0 5,
iaz " 0 iaRe | | . 0 M " —aRsin6
f(2)e"** dz §/ | f(Re?)] |e |iRe ‘d9§—~R/e do
Cr 0 R 0
— M/ efaRsiHH do.
0
Fik
(12.10) lim [ e im0 g =0

R—oo J
THb, Thzeildiud,
00 R
/ f(z)e™® dz = lim / f(z)e™ da :/ f(2)e"* dz
oo R—o0 _R g
— / f(z)emz dz — f(z)emz dz
YR Cr
= 2mi Z Res(f(2)e"*;¢c) — f(2)e* dz
Cr
— 270 Z Res(f(2)e"*;¢) (R — o0)

t LCREBHDE T 3 %, (12.10) 220V Tk, URT3@D DitHE 525, =
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(12.10) DFEBH [1] Lebesgue 877 @ Lebesgue DYREEZH - TV 572 513,

|€7aRsin9| <1, / 1do =7 < 0, lim efaRsinG _ 0 (9 S (0771')) =0 (a.e_)
0 R—o0 1 (0 = 077T)

THE2H56,

1 1 1
lim / e~ eRsind gg / lim e~ *fsn0qp = / 0db=0.
R—o0 0 0 R—o0 0

2] (-0 BTN T OV 2HEE, B2 ERTHERRAE) 0 < V6 < n/2 10 LT

™ w/2 ) /2
/ e—aRSin Gde — 2/ e—aRsinﬁdQ —9 / e—aRsinedg + / e—aRsinﬁdQ
0 0 0 1)

. /2 .
S 2 (5_|_ e—aRsmé/ d@) S 2(5+ ﬂ_e—aRsmé
)

DD DZ e, BN § ZHR/NEL Mo THEB1EHZ/PNSL LTEWTHLH, R%
REL L THAH 2IHZ /NS T 5,
3] Jordan DARF?

20
(12.11) sinf> = (0<6<
m

)

| N

2RO ..
ME —Rsind < _2h0 DENN D DT
™
/2 . w/2 T /2 T T
12.12 0 7RSln9d9 < / 72R9/7rd‘9 — [__ 72R9/7r:| - (1— —-R <
<></Oe =) ¢ 2R" o ~2r1Te)
:O):_EQVC\\ R — ‘I’OO (\_)_j‘éo [ |

12.7 Laplace EHDETHRDEDTDEHEAE

(LIZS L THP &3 TE)
BEEL f:[0,00) = CITH LT, HEBREDRESEZELBL &

(12.13) F(s) = / T et di

THIZBEB F PEL %, 2O E, F % f O Laplace B LIEN, Lf(s) R L[f(1)](s) &
Y OFETERT:

(12.14) LH(s) = LLFD)(s) = /OOO e F (1) dt.

s=z+iy, z,y € R 2 LT, g(t) == e ™ f(t)xpoo)(t) EBLE (x BREDEREEDD
5 D)

o0

F(s)=F(x+iy) = /00 e f(t)e Wit = / g(t)e 't

0 —00

9 Jordan DFERIZ. y—sind ¥ y = 20 DFS 7R L 535 ). SENEHBE LD FEET B

77
%, LU, ZONREFERZ Lo SZIWCHATI20FHLVOT, HSATWS e, R ETHDLTEZ TR 5,
Jordan DAFEX L WS HIE. FHH [44] (p. 17) THI- 7=,

1< B BDON, BHER o I LT, (M € R) (Vo € [0,00)) |f(2)] < Meo™ B ID, LF5Z LT,
ZDEIF Res > a ZililzTHEED s € C I LT, F(s) ZERT 2T Z T 5,

229



T, y OB L TR F(r +iy) A% g @ Fourier B¥THZ Z e ZRLTWVW5S, fIfE
BA—&Z— a, ff IZRENHEBEEIRET S &, BT 2 =Res > a THXTIGRT %, T4
bH g FHEAFESTH %, Fourier D KER/NK & D7

1 [
g(t) / eV F(x + iy)dy.

:% .

(2 BEBHNLTWBEZEIZER)ds=idy &P

1 00 1 T+100

F(t) = gHe (L ig)dy = — [ e*F(s) ds.

:% N

ER/P)5
41
(12.15) f(t) = lim = chSP(s)d&

y—+00 2m0 J oy

I E4 75 Laplace ZHD KERNKTH %,
FZowT, By REZBL . ZOEDIIHEBEH2HWTEIAETE % (257):

f(t) = ZRGS (e F(s);c).
(ThzESbT 212, EBbALREZBXRTEHEESRLELRDH L7255, S L EZ

L BB o7z Schiff [45] ICHWTH o723 NY, FHRAIE - X D FmARRRL, ¥ T
T2 50 TR ZIRAT (H2VIFHNTERT), RIILES 2 B IhY, vwou

RBH%5 )
7z 21X
tnfl ot - 1

EWVWISEARBRRKN (ZH—DTIFEACHDIED %) IZOWT, HUHOHEEZRDTHAL S,
FHix s OB LT, s=a ZHE—DMICFES, ZOMNEIE n THE05

tnfl
 (n—1)!
FWAHNT I LTz,

REX 12.28 Laplace ZHUIEHLS S H o720, IR HDNDE X DI o 7-DIXESN L
D o7z k5 TH 2 (Heaviside DIHBEFIEDIESLTHD XN TH 5 ?), APZEAD L Zid,
HEHDKEFIZPHOLDNTORVHIRZZ T 7z, HEHDRRIIFHA TV T F X MZ—Ib#E -
Ty, MapES DIREELZS ) L WHHIRERZITI DD TH S (BRFIOFHEI
W72 o7), HERAR (12.16) oWim = DEHD, HEGIHETHR -7 ZOFADE =
- ZHRBICBERLES. =

B 85. XORLKHISNEARICOWT, FOFEEFRLT XD ITHEHRL TA K,

s : w
L [coswt] (s) = JORCE Llsinwt] (s) = 2 12

TZZH3 TIEER T5IEF L) C, FEIRBEPHETETVRY, A —X— a W5 DI, —DH
DEFEICE NI 225 b BT 201, RERARZZIDHELE S WS EHZ2EE L TWDL DR,
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12.8 FOfth

(ROBIFEH, S %I F UL, 1D / RS0 g9 DFEILE B, B
15 O T2 OCHB LTH <o ) ’

Bl 12.29 (Fl12.27 BE)

I:/oosinx da:zz.
0 x 2

(PR T 2 D3EAIRIE LR WA T Ofl & LT, a0 BREFDFNCED EiFoh s
EHZVHEDTH S, FATORENEOUIOMAT 2, 1 DM D 5355 D FAEE 7 O ULFE
DT ERT, ZRUIEBEOEBEHDIENENE 2A503H D, HBEMNTH 5, )

I.r:z=2x (z€lgR])),
Cr:z=Re” (0€]o,n]),
I''peciz=2 (v€[-R,—¢]),
C.:z=ce” (0 e]0,7]),

Ye,r =T+ Cr+T_pe+ (=C7)

B (MEHPENE ) &0 LA TEITH 255, f OB 1.» (0 137 DS B
2) 12 S EEE. Cauchy ORI EBEIC X T 0 Th 5,

0 0= [ fed= | geds [ pedes [ 1) s - /C f(2) dz.

Fix
(B) ég&>CRf@)dz:0.

T _iRe®

f(z) dz :/ eReie iRe® do = Z/ pifi(cos O+isin0) 10
CR 0 0

THEIDE, (12.12) BFVT

f(z) dz
Cr

< / ’eiR(COSQ+iSin9)‘ do = / efRsiHHde < 21 — Z 0.
0 0

2R R
. | | o
—& ew € e—zt e—z
/FR,Ef(Z) dz = /R ?dx —/R — (=1)dt = —/E ; dt
THHPMH.
R iz R _—it R _:
(2) (2) dz+/ f2)dz= [ & dx—/ ‘ dt:Qi/ T g,
I'er I'_Rr_¢ € x € 13 € x
FIx
(b) hm/ f(z)dz=im
e—0 C.
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Th 5%, FHERE.

i ei(aew) ; T i
f(z)dz = . jeel? df =i e'=e”) dp
0
C. o ¢&¢ 0

THDZDT, |ice”| = ITHEL T,

o0 n

¢
2
gﬂmaxz| = ii—i:w(ehl)%o (e —0).

I<I=

f(z)dz —im
Ce

z/ (ei(aeie)— ) dQ' <7Tmax‘e —1| = 7T max
0 I<l= ==

Wz Iz 12&1/06 f(z) dz = ir.
(%), (), (), (1) &b

T

[Psing , ,
2i de = | f(z)dz — f(z)dz = mi—0=mi (¢ —0, R— 0).
£ Ce I'r

B 6. flXcDiifBTIEHIE T2, Co: z=c+ee? (0 e[0,n]) T 5L X,
lim f(z)

e—+40 C. Z —C

dz = mif(c).

13 %;&nﬂﬂ - ®1§

AT E CTT. HARDE TROYERICifizk X412 BHER 2 BIBGER O NI KR fRE R 72, (il
DN EED L., BT L 2o, SRIGOFEHE 2, 1 ROBEHL L 7>, Riemann [H D 24Nz
O e h, aeikoTW0W3%, )

BEGRIIZ D%, EOWVWOIHEND I, F—TU—FEDHITTEL,

o FEMIRBERL. REABIEL. Riemann [
Gauss, Abel, Jacobi, Riemann, Weierstrass & KEFFZENE D A, Z D RERIZ 19
T FDHE L SIS,

o FFUREEEL
JOH LS EETH 505 (IRMIT RO IR Z R T DI T 2), HiahIRE CTHAE
THRAITHFFEEI LTV S

o ZTHEIEGH
XL
[ # (1901-1978) OMADEH/TD %,
(BRGRIZZERUC 1B LIGBICHEL < 725 LR TV B (W) 25, IR & 72 AP
TXRAMDHIRENTz, BIDONE2H5DoTHENL S, )

BZhHd L—FAOMED 7% 513, Cauchy OFD AR EIIBEEOEHT 2mi &S5 23 nh 505, Co i
FHEATH 5,

Pz TRIEGRZEH o722 0I5, BRHoTVRIETTIRI hBo L 2EbBVITNY (51D
Fhwhvri, HFIZOFOILRRELEbNL), RERRBIIRSATHE DT, i@z 25 I i3
%i’t}.’/l/o
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o ViR A
BRI EHICITZ % &5 ICHEBMES 2 LR S 2 8R%GH 2 LT, Laurent Schwartz
(1915-2002) DEEBEEL (distribution) 258 K LTW 225, {AREEER (1928-2023) DFBEKEL
(hyperfunction) b HHTH 5, EREERENT. BTEREKO “GFEDZE" & L CEBIK
ZIERT Do

14 REORE

(ZZEWVWFEDL ZA, 2L AT TT, IICHEMEEEZHELTH->T, ZH5DHD
REEDPRDBEFLTHZDT, ZH0ERTREWV, )
BE 1. (ZZO0EXHEERMTH 5, )r+y =10, 2y = 40 OfRIX t2 — 10t +40 =0 D 2

104+ /102 —4-1-40 10 £/ —60 10 £ 2v/—15
Rt = v 5 = 5 = 5 =5++v—15. THbHH 5+ /15,
5—+v—15. m
RE 2.

(1) D= f(a), C = f(a), B= f"(a)/2, A= f®(a)/6. (ERETE 2 IRY. BT 5HIC
ZHUE f D a BT S Taylor B TH %, )

(2) f"(@)=0 &b 6a+2a=02ErN5DT, a= —g. u

FRE 3. MLV ORI TR 5 (ERR. ERFEo AGMEIEEI N DR /2 eh
H%), EMT 2,

RE 4. XP+Y3+ 22 - 3XYZ = (X+Y+2) (X2 +Y?+ 22 -YZ - ZX — XY) IZ@ERH
FOERFICH L Z D ZBVARTH 3 GEAT 2123, AUZEML T —HT5 2L
ZHEPDIUIRV), (ROMEML LIRS, ZHIEFTTATHZ, BROLDICE HIZH
BonreiED 2, )

w2 +ax+1=0DIRTH2 L DEKRTESR, o T

(X +wY + 0 2)(X +0?Y +wZ) = X> 4+ (WY +w’Z +w’Y +wZ)X + (WY + w’Z) (WY +wZ)
=X+ (w+A) Y+ D)X+ Y+ Z) + (wH+wHYZ
=X*-(Y+2)X+(Y*+2%)-YZ
= X4 Y?’ 4+ 22 -YZ-ZX - XYnm

FRZE 5. TIFEBDIFRICOVWTEE L TEL, FEOFEHITHL T, 2 =t /35
B s Z—BMFEL, ZhE Jt TRT (2l -oTWw3), —fikic
(©) Vit = V0V, V=t

DRILT 5, (BEBEDOD — AT RNV EDXIEN, t PEBD L Zid. t O 3FRIIE
T 20 —EHERL, Lo TVt EVWIRBL WD 2 LICEERIHEEE T, (V) DX
5 AR NI EZ 20, )

a, 8B

(#) o+ 5 =—q af=-

Wi
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7z SO Y = —a, Z =B Bl

x3+px+q:x3—3aﬁm—(a3+63) =2 - 3YZ+Y + 22 =2+ Y+ 2% - 32Y Z
=(x+Y +2)(z+wY +w?Z)(z+ Y +wZ).

WRIZ 2® +pr+q=01F

Y +2),—(wY +w’Z), — (WY +wZ)
= a+ B,wa + wB,wia + wph
R Z e HR B,

ZZTUT. (4) 27T o, B % (PR d 1) KD 52 e 2 BT 5,
a, BB (2) BT 003,

3
Q o'+ 5 =g, o't =~ (%)
DD, WRIT A=0a% B:= LB, (A+B=—q AB=—(2)° B3 H o0
T) A, B &
3
() o
D 2R
—qE1\/¢* + 5p° 2 3
-6
2 2 2 3
TH 5%,

9 q\? P\3 . q q\ 2 p\3
= n=—gy(5) +(5) =B ()
(h2) o= %7 ﬁ:\s/t_2
EBLLE INHERBFERTHD. o & f1F (8) 2T, EE

o +/63_t1+t2—

aff = Vitit; = \/ Q) ZffioTWV3).

LEZEEDBE. o, 8% (1), (o) TEDLLE, s=a+ 85 W—0)FEIRTH S, T

nbb I_¢__+¢______ J___¢ff__f_

(BD7DI2) o, B BFETH 572513, ) XAETH 2, Ll a, B HPHEERS
ci(mt<mwmﬁfmam ZDIo, %m#¢b@%k&%ol
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fRE 6.

(1) AIEDRED S 23 + pr + ¢ =0 DRI
3 4 q\% , (P\? | s
“\/‘5* (3) +(5) +\/—

D3DOTHH., WD 1 ONEHT, BD2ODEHTH S,

(2) SfF ()2 + (2’ =0 2D zor b, (1) IR LE 2 BRTH 2 Z L ZEBITH D B,
(D74 (2)° <0 DE = b, to BERUTR 2, BTHWT 2 & 510, EEOEHTH L

2 3

T, 3SEROEFEAET 2 (—EMIEE D 20), LT, ZOZ e 2BDTHEEED 5,
a%t DIFWR (D12) TH2LT5, ZDLE

w
(,4)2

_ —p/3
p= 5
e, 3R af=—-p/3 TH2H
—(2)? 3
Ozg—l—ﬁ?’:a?’—i—%:tl—%:---:—q. (B DIABDD R 0T DTELELT, )
1

(b) 2725 o, B BEFLNT-DT, BOFEMI LR T (KD HE) TEL. 23 +pr+q¢=0
DR
r=a+ Bwa+whwia+ wp

TH5, m
RE 7.
THHIHN1H

()62 0= 0 ()

x? + 12

235



BRE 9. 142 =1242+2=2 TH225 1+ = (1+0)2)"" = (20)"° = 210,10 =
1024 - (—1) = —1024.

R 10. (YEfEH)
BBE 12. z=a+iy (r,yeR) &BLE, 22=—-11& 22—¢y*=-1 DD 22y =0 L[FMHAT
HEPS, v=0,y==x1l. ®ZIT z = i.

(BfE) 22 +1=(2+0)(z —1i) &D. 22=—1 DRIE 2 = £i.

(K& @ LOEDLBROADI VD, |
RE 13. z=a+iy (z,yeR) B, 22=ild 22—y =022 22y =1 LFAMETH
3, THERNT (x,y)zi(\%,\%). @i&:z:i<\/%+\/%>. n

BRE 14. 21 = /o, 20 = /o EBLEE 2l =01, 21 20,28 =9, 220 > 0. 2:= 2120 £ 5K
Ev 220,22 = (z12)? = 2723 = 1o THID DO, 2= /c16. DRI \Jo1/C3 = 2120 = 2 =

ci1C2. 1

ﬁgg 15. C1,Co < 0&ddE %\ ci1cg >0 THDEINH, £/ C1C2 =8 C1Co @E@yﬁ*ﬁﬁéézﬁ\
Vai/G = v/—cri /=i = —\/(—c1)(—c2) = —\/c163 & creo DEDFFIRTH %, BIRH
fiﬁ”t L“CCi\ Cl = C = -1 Xj—%) & %\ y/C1C2 = A/ (—1)2 = 1, \/a\/C_QI 1-1=—1.m

fRZE 16. Cu=zw OWER) 2 =2 +iy (z,y €R), w=u+iv (u,v ER) LT B & X

2w = (rx+iy)(u+iv) =au+x-iv+iy-u+t+iy-iv= (zu—yv)+i(xv+ yu),

zw=(x—iy)(u—w)=zu+x-(—iv) —iy-u—1iy-(—iv) = (zu —yv) — i(xv + yu)
THE2H0PH
zw = (zu — yv) —i(zv + yu) = Z w.

(ofw = = DFER) HE» 5

ThodH1H

RE 17. RO Z L IZEKRTEATWS,

fxy EHANDEEDERIE. H5 (a,8) € R2\ {(0,0)}, § e R ZHWT )
ar+Py+0=0
YREIND, FlW, AEED (o, 8) € R2\ {(0,0)}, d e R I LT
ar+Py+6=0
di zy FHNDOERZ LT, )

a=a+if (o, ER), z=x+iy (x,y eR),v:=20 LB L&

az 4+ az =az+ az =2Re(az) = 2Re(a+if)(x — iy)] = 2ax + 28y.
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Wz
az+az+~v=0 < oar+pPy+d=0.

T a#0< (o,8) #(0,0). m
FRE 18. ¢ D f(2) ® m BRTH 2720121

flo=rf(==f"De)=0 A [fO)#0
AR LD T L BB TH B, ThUE
f@=F)=-=fmD()=0 A [i(c)#0

EEETH D, f(z) DERBZHEATH 2 L WIRAFDH LT

f@=rf@=--=f""e=0 A f"@E#£0
YHEMETHZ, ZHUIED f(z) DmEBERTHZLWSIEHTHZ, =
FRE 19. HL%Z o, ¥EE r 2328, |z—c| =7

lz—cl=r <lz—c?=r?

S(z—c)(z—c)=1?

<:>z2—cZ—Ez+cE:r2

Szz—cz—cz+|c]P—r*=0.
B=lcP—r* B, f<]|c]* =

ﬁ@ﬂ 20. FHICEZ %: [ D—RDOGE. AP EEKRT 20, BHRETERINL TV
#%@%ﬁ%iﬁo)%%i’ﬁ& L7256 d. AE 2 € Z THROWRDZMT, —flithsE

Z%L<Ebﬁﬁmu

TR, EODONN—=TarThbB,

fH Dz, HBIEHEKE f eELZLITTS: f(2) =¢* (2 € 7).

MEDOR e = (") O " 13 f(nz) L RES, THEIERBIZ-> X OEET S, —
J. B (en)E. f(n)? ERET, a:= f(n) OBRIIMERSTEET 203, o IZ2RT
7259 D

—MRDEZE o DBEBFEIIBNCERL THE I 2BVHZS, w212, 3Ld 2€Z T
HX, BERIIWEET 5, £/, BLUTRLTH 2

e = ()" (neZ, zeC)

PEHATEZDT (n & 2z ZANEZ2 ), FRAPRILTE2Zd00 5
7 XX OB R TIE, BETROVEREB D ITH LT, a,b DERE o FERSINTOLRL,
WZIZ, 2 € Z THNUX o* FREFRTHD, e = (") WV I RUIZ D ZHERZR720,
BOFTT. — D acC\{0},be CIIMLT a® ZEFKT 2. ZHUI beZ TRWVIED
ZlTHZ, WRIZ (e")° D 2 € Z THRVWIRDZETH 2, —77 (HALPITEVWITHEHERL
TEL L) e = f(n2) 3—liTH 2, WRIT ™ = (") IFMD LTz, m
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INE]

BRE 28. BIZIE 21 =2 = €% T 2L, Argzy = Argzy = ETHDBN, 2120 = ei% = et
THE05, Arg(z122) = -3 (2 & (—m, 7], 2 € (—m, 7] ITHER), WRIZ

3
Arg(z + 29) = —g #+ g = Argz; + Arg zo.m

MRE 29. (HEfEH)

FRE 31. WWW IZB K PDF IEEDL W,
BRE 32. (MEROA, MREUERP, )
BV,

6 6

(2) z=+6e 1™
REE—BNTRL, 2=6ei™ L LTHEWV,

1
(5) Logz = §log6 - zm' H %X Log z = log v6 — zm'
EREICHTEIELLEZON D ADZ WD, HIRGABRTIE Logz = $log6+ 2mi LW HE
R T 5, =

2= (x4iy)® =2® + 322 iy + 3z - (i) + (iy)® = 2° — 3y® +i(32%y — )
TH225. ulz,y) =2 — 3zy?, v(z,y) = 322y — .

1 1 _ 1 2=y 1= 2iay

2+1  (r+iy)2+1 22 —y2+1+2zy (22— y2 + 1)? + da2y?
TH2H05

u(z,y) = v(w,y) =

(2 — y2 + 1) + da2y?’ (22 — 42 + 1) + da2y?’

1 , , 1 ) ) ) , 1 , ,
- (ezz + efzz) _ - (ez(achzy) + efz(x+zy)) _ = (efyem: + ey671x>
2 2 2
1
=3 (e ¥(cosz +isinx) + €¥ (cosx — isinz))
= COST +81nx

= cos x cosh y — ¢ sin x sinh y.
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fRE 39.
(1) (FiEL) f OFEL - Bz e u, v & T 5,
flz+iy) = |z + yil* = 2* + ¢
TH205H
u(z,y) =2* +y°, w(z,y) =0.
ol (ZHABETDHE206)R2 TCOHRTHZ, WRIZ () WIRRETD 5,
Cauchy-Riemann R Z WMz T0F v 7 L LI,
uz(x,y) =2z, uy(x,y) =2y, vi(z,y) =0, vy(z,y)=0.
(z,y) = (0,0) DE E, u, =0=10v, 2D u, =0=—v, DD IZDD T, Cauchy-Riemann
FREADED D, WRIZ flF 2=0 THWIAIRETDH %,

(z,y) e R*\{(0,0)} DEZE, 240 FREy#A0TH2, 240D EF u, vy, y#0
DEEF uy # —v,. WITNDEE S Cauchy-Riemann HERIIKD 72780, @ 2T
BEOD 2eC\ {0} IZBWT fIIMaAIRETIE AW,

(51£2)2€C,heC\{0} T2 =

flz+h)—f(z) |z+h?— 12> (z+h)(z+h)—2Z 2Z+zh+hz+hh—2Z

h h h h

+Z+ h.

=2z

= =

|h|=|n| THZDBH. h—0DEEZ4+h— 7z DRI

lim
h—0

fz+h) = f2) DR < lim zﬁ DR,
h h—0 h

hDERRSE h=hTHEH,E L =1 h PMERESIE = —-h THEH,E 2 =1,
W 712 Tim LRI LR,
h—0 h

(a) z #£ 0 THIIX Ilzin(l) UGy h])l — /) BICRLZ2WDT, fid 2 THITATRETIE R W,

(MzzO@Z%f@+2_f@:dr+OM—MDT%5#%\f@OTFﬁﬂ%T
H 5,

(ZDHE2Z. (W DPEBOGE. MEBROEELE X %K T) fi/ad Cauchy-Riemann
FERXD 1 0B HEITE NV, HEDRBVIIETIERVO2S, EHAZES, )

(2) (L) f(2) = e* DFEB u, B v 1X
u(z,y) = e"cosy, v(x,y)=e"siny.
EBICREZTCRTH 205 (8)MAAHETH 5, F/=
U, = e cosy, u, = —e*siny, v, =e"siny, v, = e®cosy
TH 575 Cauchy-Riemann FRERDE D LD, WRIZ f & C TIEAITH 5,

239



TTIWWRLTH S K52, EHIBIEL ficxLT—/Hic
fla+yi) = us(2,y) + v, (2, y)
DR D SLD (f = uy + iv, = 2(uy + ivy) DIEFED)e BRI
f'(x +yi) = e’ cosy +ie* siny = f(x + yi).
ThbE f(2)=f(z)=¢. m

(7714 2) BHEIBEHBEIBUCOWTHFEEGEANIGEF L TH 2 DT, {EED 2 € C, h € C\ {0}
W LT

f(z+h)—f(z)_ez+h—ez_ezeh—ez_e el —1

h h h h
h = hgy+ihy (hy,hy €eR) 2BLE, h—>0DEE (hy, hy) — (0,0) TH S,
eh -1 1 . , R+l
. —1:E(eh“f(coshy+zsmhy)—1—(hz+@hy)): T
7L
R::eh”coshy—l—hx, ]::ehxsinhy—hy
EBWV,

R=¢"cosh, —e" 4+ e — (1 +h,) =e" (cosh, — 1) +e" — (1 + hy,).

el = O(hy), cosh,—1= O(hi), ehe — (1+h,) = O(’%i) ((ha, hy) — (0,0))
THHh5
R=0(2 1) ((heihy) = (0,0)).

Ed
I = e sin hy — sin hy +sinhy, — h, = (eh“” — 1) sin hy + sin hy, — h,,.
¢ —1=0(h,), sinh,=0(h,), sinh,—h,=O0(h)
THH0N5H
I =0(h;)O(hy) + O(hz) ((hg, hy) = (0,0)).
\hohy| < B3+ h2,  hi = |hy| (h3 + h2)
THH0N5
I=0(h2+h2).
W Z A2
el —1 ‘ O (h2 +h2)
—1l|=——=—ZL =0 (/h2+ 12 ((hg, hy) — (0,0)).
h 2+ D2 < y)
W Z A2 .
et —1
= b
Wz Az
llmf(z+h>_f(z> — 7.1 = ¢~
h—0 h

WRIC f 13 C TIERITH D, () = . (BRARDPEETH S, )
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FRE 40. p = <£1> 3% e GBI DOMDTELD, %u(go(t)) =u'(p(1))¢'(t) = (ug uy) <<p
2

(0 0) (iléii) — 0. WRIT u(p(t) FEBBETH 25 5. ua) = u(@(0)) = u(p(1)) = u(b).

W2 uw IZEBEBTH S, =
MRE 41.

fb)—fla)=e""-e"=1-1=0.
AW fl(2)=e*#0(2€C) THS05H

f'(e)(b—a) = e*(2mi — 0) = 2mie’
FEATR ce CITHLTH 0 IZHHZNDT

f) = fla) # f'(c)(b—a)m

BRE 42. —fRIZIEZZ S TRV, up = vy, uy = —0, DD Vo T0WEIEE U:i=0,Vi=u &
Bt

Up =0y, Uy=wvy, Vpo=1u, V,=u,
THE3H01H

Up=v,=~uy,=-V,, U=v,=u,=V,

TH506, U, VIZET % Cauchy-Riemann /TR
U = ‘/ya Uy =V
CIEBVIES, »

BRE 43. v &V D u, = v, =V, uy = —v, = =V, ZWieTROIE w = v -V &
w, =w, =0 ZH7ZTDT, wlFTERTDHS, 2B v W DEIEBTH S, (a,b) €
ZEET D & ERD (2,y) € QITHLT, (a,b) 2R, (z,y) ZRRE TS Q NOHES
DR AR C T LT

v(z,y) = v(a,b) + /c (vpdx + vydy) .

Cauchy-Riemann /JRERDIL D 7074 51

v(x,y) = v(a,b) + /C(—uyd:r; + uydr).m

FRE 44. (1[0 SWEENAIZES 7212, LIRS K RFIZIEABICLTBEE T, )
FRE 45. {2"} 3R 2z OFHEGITH S, QRAWHEED ne NITHLT

1 — Zn+1

~ — (241D XE)
Sl

n+1 (=10t %)

1z <1 THHE, |2 =[2]"T =0 (n = 00) THE2H
lim z”: k= !
n—yo0 £— 1—2z
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ERAS P25

(e o]

1
Zz”zl_z.

n=0

—J. 2| > 1 THHUX. n 00 DEZ 2" IF 0 WRKIEFIERLABEVWDT (BL 2" — 0 ThHhi
F 2" = [z > 0| =0 THB, 2" > 1 THIPLFET 5. ) Y 2" BIHL AW,

DERS, 2|l <10t ZOrHFIRED > 2" BINKT %, =

n=0
FRE 48. EOREHTI. |f(z) — (@) & |fn(z0) — fv(z0)] DEB B D sup | fv(y) = f(y)
ye

THHMEL TH 225, |fn(wo) — f(zo)] & {fu} D5 f WERPCRT 2 Z e o5l TE %, [
X |f(z) = fy(2)] Ty BRIDGRT 2 IRET 27213 Tid. BRED 2 L Ttohz/hEl
T5ZIFHERZW (| B/hE e, N ZRELHSRZVEWVITRWV), =

fRZE 51. RIUIHKZIZT, BT 2, Z5VIDIFHANTHETAZ L ICE®RDLEH S, n

fRE 52.

X n ! o n—1 > n—1 X .n
N Z_ B nz B z . Z_ 2
= (S0) XSS
n=0 n=1 n=1 n=0
cos z, sin z ® [FARRICFARIVER 2 TR 3% 2 & TRHETE 225,
(eiz + 6iz>/ Z'eiz + (_Z')ef'iz .eiz _ efiz eiz _ efiz .
2 = =7 = — =Ssmz

2 2 2
DESICTLTHEV, =

fRE 53. (W) (1) c ZEBEOEFRL T2, BOMIE. EREBOMDEZH VS &,

di( F(2)f(c—a)) =0 (2 €C) MEBNE, WRIT f(2)f(c—2) FEBBETHD . £(2)f(c—
FO)f(c—0) =1-f(c) = flc). (2) EED abeCIMLT, c=a+b B,

z

) = ¢
f(2)flc—2) = f(e) (z € C) BWDILDDT, z=0a ZRALT, f(a)f(b) = flc). ®AIZ

aeb a+b. n

(cosz) =

e
FRE 57.
(1) (B&RE) 21 = 11 (r; >0, 01 €R), 20 = 1962 (1, >0, 0, €R) T B L X
21720 = riree’ 02 e 500 0,4+ 60, € R
TH5016. (4.3) DA
log(r172) + (61 + 62) 4+ 2nmi = (logry +i01) + (logre + i62) 4+ 2nmi  (n € Z).
ZRLU. (4.3) OFAX
(log 1 + iy + 2ny7i) + (log s + i + 2n9mi)  (n1, s € Z)
ZRT, WMEIFFLWL,
(2) AT 2, m
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FRZE 58. =13 2L Zlog(2?) 1& 2nmi (n € Z), 2log 2 1 dmmi (m € Z) ZR T DT—H
L7, 2mi 13 log(2?) ICEENZ D, 2logz IZIFEENRW,
== TR E
Log z; = Log 29 = % TH305 Logz + Logze = 377Tz

47‘5‘ 2129 = e3mi/2 — o—mi/2 THdhro
Log(z122) = —gi.

W2 I Log(z122) # Log 21 + Log 2s.

2=—-18232L% 2=¢", 1:—126“r TH505 Logz = ir. —Logéz—m. W 21T

2
1

Log;%—Log%. ]
BRE 59.y € [-1,1] £ T2, 2 :=1—y2 &Blt, z € [0,1]. 2z :=2z+iy £BL
Ll =242 =1 WRIEZHB0 € (w7 BDFELT e =2 0< 2 <1 kD

—7m/2<0<m/2.
sinf = Ime® =y,

—i Log (Zy +4/1— y2> = —iLoge” = —i- (i) = 0.

. , 1 -1
=) = e = _— = =—(zr—iy) = —x+iy = —iy — /1 — 92
e I (x —iy) y y y

0<OH<mDEET2<1—-0<7THEHPDL

—iLog(iy — /1 —y?) =m — 0.

—T/2<0<0DEE 1< —0—71<—7)2, 0 =iy — /112 THZPD

—iLog(iy —\/1—9y?)=—0 —7.m

__loga

»¥=a < ylogr=loga < t=
log

THB L ICEET S, neNIZHLT. x:n%l rB L

_loga  —loga
y_log:z:_log(n—i-l)'
ZZT
1 _ —loga
SR yn'_log(nle)
eBL L.
lim z, =0, limy,=0, z"=a (neN).
n—oo n—oo
WZIZ lim 2" =a. =

n—-+oo
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BBE 62. —fRICIIE DLV, BT 0h %, (BEDH o767 LWREZEE X
Jo )m

FRE 63. (MEfHT)
FRE 64. (MEfHT)
fRE 68. (L) FHEZEZFHE LT, FMMBSNERTH 2 Z L 2T %,

Q=D(cr) eBL, —MICHMABIIHAEETH 206, QIXCOMEETH S, 21,20 € Q
35, FEDte[0,1] L Tz:=(1—1t)z +tzn £BL &,

|z —c| =[((1 =)z +tzz) —c| = [(1 = t)(21 — ¢) + t(z2 — ¢)]
S —tlar e+ |tz —cf < (L=)r +tr =7

WZIC 2 € Q. WA [21,2] C Q. ZHUS QDBNTH 2 L ERT, HTHIUIIELETH
205, QUM OREELOIMERETH S, WZIZ QIXNEETHS, =

ﬁ@% 69. [Zo,ZQ+h] C D(ZO;€) cQ VG\@ D\ [Zo,Zo+h] L@{i%@;ﬁ Zo+th (t € [0, 1]) 2 a %
TSI [0, 20 + 0] &, Q23 0 KOWTEETH 05, QIXEENLE, A= | ] [a,2+th]

te(0,1]

THE20H, ACQ. m
BRETL. c=a DL ZR3MHETHZ, U N c£a T 5, p=c—a| B p>0.
a=c+pe? 85 ¢ R DPEIND,
p=lc—al<r THBH, §:=(r—p)/2BlE. §>0THYH. D(a;d) C D(cr).
z—cl=r,|z—a|=0 TOMPTH—ET LI LZRT,
0<e<Z ZHi/s e ITXHLT,
C’175:z:c+rei9 O €lp+e,o+2m—¢]),
Cociz=a+6e” (0€lp+e ¢+2m—¢)),
T.:z=[(1—t)(p+0)+tr] @ (t€0,1)),
I z=[(1—t)(p+0) +tr] @2 (¢t € [0,1]),
C.:.=T.4C.—T.L—-0Cs,

L, Colde>0 0k 2IXEAMER

Q:=C\{a+re?|r>0}

W@%%ﬁf%b\;i—u%:fﬁﬁf%6#6\

—a
d
/ o
ng_a

=035, =T} ITHERELT)

/ dz / dz _ 0
Cio 2 — 0 CZOZ—CL_ '
d d
[
|z—c|=r Z—a |z—al|=d £—a

100 = = BB IR B DIXTEEMEY 3 5,

ERASPR5}
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/ z / C [ isetdy = 2rim
lz—c|=r = — @ z—al=6 # — @ 0 oe*

& 73. flLEC\{i,—i} TERSINTEAITDH 2, f D c DED D OERBIEHDIHK

FI1E p I,
p=min{|2 —i|,|2 - (=i)|} = V22 +12 = NG

MRE 5.
e“+e’? 2e77 2z 2z >\ Bon oy o
thz = = 1 = — =g(22) = —2""2""m
zeothz = z———— z< +ez—e—2) 5 T o1 9(2z) ;(271)! z

FRE 76. (MEfHT)
RE 7. (YEET)

FRE 78. (M&fiE: a =re? (r >0,0€10,2m)) &3 5, exp1 =a=re? &
2

1
dneZ st. — =logr+i(0+2nn)
z

CFMETH 2, WA ,
- logr + (0 + 2n7)

CFRMETH 2, Z2ZTn 2o REHAUL - (2), (3) IK2WTIE, w, =1/2, EBWVT, w,
WDOWTEZRS ., fETERNZHZREDD 2, )n

FRE 79. (M)
fRE 80. (LEH)
(1)

IneZ st. z

-1
FRE 81. Ry = (limsup Vi |an|) , Ry = (limsup Vi |a_n|). |

n—0o0 n—oo

5T T

fRE 84. (1)E ()W
FRE 85.
s 1 1 1 w 1 1 1
m—ﬁ(s—iw+s+iw)7 32+w2_g(s—iw_s+iw)
5

(ei”t + e*”t) = cos wt,

N | =

ets ets
(Res ( , ;iw) + Res ( —; —iw)) =
S — 1w S+ w

1

2

1 ts ts 1 ) )

— [ Res ¢ —: 1w | — Res ¢ —: —iWw = — (e“"t — e_“"t) =sinwt.m
27 S —tw s+ w 21
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15 HAREBRD %R

TARIZIEEL, LWV KRBT BRITINE,

15.1 HtEH S5

FEEITIEHRZIBOHFEL &5, H@PICHFE LD Ligro72D 5 20DI34ETH 2,
HRIZE > TWaiFhe, HFRZ DT 25373V, ZRTHHFEZE - TWAEEIZL T
DD,

o HEITRNERKETDH, HREWS VWD SIXHET 2 0813700, & X 2ENEEN
P BVWES BT, BFFEICHBEINTVWAERETIR. HET2E3 12 Ly v —
%ﬁ)bjf%é‘B\ Zz%@fb\éo

o RENKEEDHE LRI EHZITZVEE>TWS (ZREIID X 51, ARiZEMHAT
BN RS Z D ZABRNPELTOH V),

BRTIEHEZADLS 1B FIIREICHTWETL x50 CWHIRENKAHH, 20
WZHALD, WS Db H B (MIpEiRATNZR),

EE bR THRWTIRIE L X5, EEld, FEEZZETIHE LTHLTH25E600F L
AETH2, RETH-T-ZZIEFEAL LRV ARSHMD &5 RHENZ . RBAZANIZ
EoTRBEEELIELLNL2S LR, EBRALTWSDRETE, ERICR) %%
FolKEHL TV EDD LI BERNRNLEZ WV, SV LRERZR o LIHRELERES
ATZ T E,

—OERLTEL, HEZEETICHAMTHEL DIEPD &5, FEETITMERNATICES T
5D 5,

15.2 EEHAEBE-THS

FNFHARABR DB EM & ZDEIAT 2 22 icLTWT, 2z R, MeEErE
ZTCHFRTWED, —HBEARIZLEoTWBaDE2FE, E53 R8BI DIZ VAW
o WFRDE LITH 2 NIIFEHTBRDD B,

M2 BRI REPET 2123, D LABEBECHEZEEZEE T35 00T und L
Nz, PARFEBRE R 2D BER I DIFL AL TR, BEEOFIHEHNS X512l T
HoT, ZOREDHTHOLENE L THSObDTHD (xR IPOLHMHEL TEHEE
EoTVWET),

TEFEDT D E HWIZETEIX, FHORBRICH TR 223, BEGHROBEEFIHE v A X — %K
T2 DHERSEDLVWEEZEZTVWEDT, BIERLTHRLY, ZOEEMHIZOWTIE, &%
FHMEDSKRLTWEOB D EITNY, ZOMEEETAHEMEITRTVE X5 RA
MNT 5, - 2IWVIDITT, ik, DI EIHBFEL TS (FHREHEFICLTWVWS X
5 THE-)o

15.3 (ERADHBIZEIC) BHAF

BERE T 258030 %5, R  ARBRZ A ERICIR o158, —B/EELR I Lid. A
BOBERZHIAT L TH D, EESE-> T, FHIRIZINCLI T HFZ2 T2 LAWY
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he, ZE»rSV 7 A MDA, AREZRRDEREZRETHMAT LI LITLTWD, K&
T, €5k TH, ME LU THS 2 RHEZINZL WSS S H 5 (MHERHliOf oY) D 1%
ZA ML, LHBBBBA 272055 L, ZREMESLB LR OMD & IZFXHER LD T),
ZIOWVIGEIE. X =)V TERAIRTL (£ OREMIMTRTDH o 7eh5F) ZH2RTHREW,

ZFNE LRWTHEAL Lz LTH (AANEZ AR T05208 D) LALRWT
ne, Zboh6R e RENSHEE | AW, B8 2 ATREMEIZ R D720 E < 7R H 720,
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T

ZOBFEO BRI, EHENLBEEGHOM#EO B A U2 IR Y. MMEOMR TR
T5C LIFAHEE TIEEE TV ADT, EREICHNL &5 LT 5. BaBunolEritL
WE I AHBDH B,

FE L 2 HI3ASP (FEF) CHIT 225 253 CRhVWE ZAEMRCEDT I LIl
Foo MHERCEBVTHZ LG, BIUICHERE ZRHIDLUCLELTHRVEES, HFEr L
5%RNTZ 5005 2 L IR DT\, R E IR < E 5 0T, EEOER
&, AR IR T GEICAWV 2 HRE3IE7%2 Th), HRECHRATRETH 5 2
753‘%1{\1010

MR EDREMRICDWT

2HEARZIO TREAMNT) ([20]) &, PREDICHIN 2 MRERICBED 2 FHIHIC O W TR S %
MBEFHTH %,

C o MERBBU 13, T 25740 TREAMT) ZBIEL TW2 T ZhifEe LTWa,
AT THRAR I CRBERBRAEDETH S I,

o BH| - HADMIRDESR L AN M E, Bolzano-Weierstrass OEM, [ FicH R H
AEINEBNINOR T 5,1 &,

e R, R" D5,

o G, MRGOEREANLME, THESRZZIUIE N2 BN OMIRZ 2463 &

©o ) Fo
o BIR (ZEENRY MUVEREEE G Tr) OMIFR, #fitEDEsR & EARNLME, Weierstrass
DI KREE

o T DESR, TPHXM FomEiBIIIE D AlRE. )

—J7C VEEERNT ) THATE Rh o722 8id. ZOMBROPTHHAT 2 X5 1IZFDTW2,

A BEBUICOWTORERE

FReANT ) Tl SEREDERE . R DERTH 2 2 ZAI L 72LUNT, FELWwZ
AT E 222 72D T, FBOIK - FBUCOWTIE, HREEET HERERL o Tt
HHS 2 Z2ITLTW3,

WOKS S HIRVEIICEREZT 2D, ANEFrOR2 LHELOLWAS LARWIhYE, 25 LTHL L,
TolEDEID YN THERIIRA TS, BEEOEMTIFIRL TV Z EITHIMIFEL W,
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EE A6 (HEXUIUR) Z |an| DICERT 5 & &, Zan IR T B L 55,
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DD LD EARET b5
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Vlanl _{ 0 (Zhbh)

THE00, FED n iZDOWTsup V/|a,| =1. @RI

k>n

limsup a, = lim sup {/|a,| = lim 1 = 1.
n—oo

i
Nn—00 n—oo an

. 1
(W Z AT 1= 1)
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" et (n>=N)

257



rBe, IRTDO neNIZHLT a, <b, T,
00 N-1 N
M
zzjbn:: 2{:(@,+’IT:7;.
n=1 k=1
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(ii) 0 < Ip < oo s.t. FEHREK Za_nC” D3 |C] < p WDWTIERL., [¢] > p ITDOWTHHEL

n=0

TEHA. Ri=1/p tBL L, Z .
T 5. R< R <o %(Fﬁt'ﬂj’ta@ RASHLT, /R < l/R = p THIDD,
Z LG B¢ < /R TRUSHBIGR S B 2 e, Z

“C RRICHEINR S 5 & e 238N 5,

E|z—¢ >RTICRL., |z—¢]<RT

) |2 —c > R

(i) FERREC D a_nC" A3 VC # 0 1SR L CHRET 535 Z
T3, m

~ IEED 2 # ¢ THMK

ZOMED (1) DFEE R=0, (i) DHEZ R=00 LERTZZT. UFDEH1CHE
FEE S (ZHUIERBOLEITEEIITOATVS),
i A34 OFZHEL N

oo

a_
0§3R§oos.t.z nn
nzo(z_c)

o0

R<VR <oolchLT, Y (Za_";)n % |7 — ¢| > R* T—HCHRIURT 2.,
n=0

N J

W& |z —¢ > R TPORL. |z — ¢ < R THET %,
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A9 arctan=tan"! D 0 DEHDHD Taylor EH

[:R =R, f(z) =arctanz (FMH) &5 5, f D0 DEADD Taylor R Z WAE 7 DRIGEKIS
JTRDTAL I,
%3 fM(0) (neN) ZRD LI,

By
(1+2%)f'(x) =1.

Leibniz O EHEHWT, W% n BT 35 &,

n

> (Z) A+ 2B (f(@)"H =0 (neN).

k=0

k>3 LT (1+22)0 =0ThHd15

(1423 () +n- 20 fO)(2) + n(nz— D 2. f V() =0 (neN),
Mz PRI O W TS &
(A.3) 10 (@) = 1 [20fP@) + (0= DO V(@] (neN).

25 LT n BEERBEBUCET 2L N0, ZaEAVT f™ () OEKREZ KD
ZDEEG TR, LU z=0 1282 n BEMARE f™(0) Z2RKD 2D, UATITRT &
SICHIHETH 2, Fhicr=0Z2KALT

FUD0) = —n(n - 1)f"0(0)  (n € N).

0 (n DMERD & %)
(1) 12k)! (n D3EE 2k —1 DL ).

2O LT fM0) ARF o725, fM(2) BESLATORNVDT, Taylor DEHD Lagrange

DREIFRIEEFH LT, f 2 Taylor BRFIEETH 5 Z & Z/RT DI (BIRED 0 1R T 2 2
EERRTDIE) HFDEHETIERWY,
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~ b L R O M 2 R L TVhaud ~

1 1
"(z) = , —i} CIER| 72 Be%
f(z) 1+x2M\C\h,z}fﬂzJﬁ%ﬂl+%2

Taylor /&R

WCHRERTE T, 2D 0 DEDHTD

LS (e (o] < 1)

1422
ZIEAIEST L TR OND

F@yzfigiﬁ;%ﬂ (2] < 1)

=
75 D(0;1) TERITH Y. F(0) =0 2T 2L dnh s, T
Flo)= s = @) (-1<a<1), FO)=0=f(0)
BT I L B0
F(z) = f(z) (-1<z<1).
Lo d
f(z) = i@ %x%“ (-l<z<1).

k‘?‘tﬁb% [ &0 OJE DT Taylor BHIRIRETH 5, )

AREIWZRED . WS OHKEET f 23 Taylor BFIEETH 2 Z L ZRZ 5, FIHFELEZ DO
YN WS

3

e I e
— (—a?) 1+ 22 1+ 22

-1
1
(_xQ)k —
k=0 1

TH5 (2R THIPONE —22 1F 1 IZFLIEARDERVI LICHER), X1

1 n—1 —1)22n
F@) = rm =Y+ T wem),
k=0
f(0)=0Td2»56
n—1
_ ’ / _ ’ (_1)nt2n
ﬂ@_ﬂm+lf@m_0fé(Z;4W+eﬁjr>ﬁ
n—1
_ (_1)k k n ; t2n
_22k+1x2 T ) /0 Tyt

k=0

—1<z<1%Z5iX

T g2n || $2n |z| |x|2n+1 1
(A4) /ijﬁﬁ:/ Hﬂﬁg/ = < 50 (- o0).
. . ; ntl-2n+1
W 21T
oo _1 n .
f(z) = Z Q(n—k)lx2 (-1 <2 <.
n=0

2S5 LT f(x) 20 DFEDIC Taylor BRI TE T, EBHHAD -1 <2 <1 THDIZDZ LT
73))‘9 7‘\—_’.0
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DL EDFEDEIZ (A4) BB, FIRIEE Lagrange DREIRIE TR, O EH- THRRT
% Z 2T, BOWiHlisfiE IS ohs, —1<x <1 THL, -1<2<1 TEMHTEZZL
HHELN Tz DIZFREIE S LW (Abel O EM O BHEEICR 5 FTICHEAR).

ZOREMNENE, ERERABHTRL TE A =, PORHE Lo 2 Kz = +i (0 13BN
DATIRNOR T 28 TH 2 GERIZZIE3),

B EREM

TR ENT ) CERERIDE D 72 CHEBMRIEEHTE TV, FEICX>TIE N ERRm
J— | THHLTHBZAEEDITHID, &DH, DLENWTEL,

o NHHZEM X 2HVERE (connected) TH 3 2%, X OBESOM U, Uy TX = U, UU, H
DU NU, = (Z) ’E?ﬁf:?‘%@&i U, = X, Uy = @ VRN U, = @, Us,=X @L\?‘Z’L#K_BEB
NdZerxWno,

o NVAHZER X OEDES ADHERETH 2 213, A WCHMHEZEA L &, A H3ERE
A ZERICR A BV, DOFD

AV, Vo X OFER) Ui=ANnVy, Uy=ANV,,

A=U,UU,, UNUy;=0

DD oTVEHOIR, U =0 $2E Uy, =0 BRDID E, AFEMETHS L
W,

o NiFHZEM X 2VERE (IGESS) TH 2 ik, X NOMEED Zmd X NOEHIHRT
FERD (Vo,y € X, Jp: [0,1] = X st o 1FHEHDD p(0) =z, p(1) =y) TEEWVI,

o R DERNES I DEIETH27-D121F. [ BXBTHL IR EFITH S,

o (WD B HHEMED ER D —fR(L) MG AHHZ2H OE R L 2 BIERTH %, I
G 72 A 22 R 0 BAAIT K B IRIFTINERETH %,

o HEAG R ZEHNTERE T H D,
o JHE 22 D RARAINERS 72 22 3FERSE T H B, FFIZ R* DOEFGLFARSIIINEFETDH 2,

AHT, R* OJERELRHAESITEMSTDH S Z L 2N TAA L 72 (/& 9.6), ZOMi%
RDOETHBANTEL &, BBGEHDOME L L TRRTT R IR 2 IREI2 4k %,

(ﬁ%BJRﬂ@@%ﬁ%%é@&%@:@ﬂﬂﬂ@@ﬁf%déo ]

AU BB TEE OFICA - TWRWA (MHZERGROARIC S ErR TRV L2
2\, DEfGE 2D JHATERS 2 S 1 350EAS ) 2 WS EHE O B AU EICHRIR T 5, Z
ZTIEZD R OFREN—Y a vy 2idN X 5,

E B2 Q%2 R OHEELHESLTIEE. QHNOEED 25 o, b1 Q NOHFRT
RN TX 3,

sEEA
Qo:i={reQ|ak 1% Q NOHFTHENS },
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QG ={reQ|alt z1FQ NOHI TRV}

LBl
QoLJQl:Q, Qoﬂ91:®, GEQ().

EiT Qo ZBHEATHZ, EREFEED € Q IHLT, 2€ Q22 QIXHESTH L2056,
de >0 s.t. B(x;e) C Q.

B(z;e) NOMEEDR y & o LHEXRZDT, a EBBRILDHTES (a0 & v BB o
Yoy BREIEHIRE ORI I V), WRXITye Q. TRDOE Blr;e) CQy THEDH, Q) ik
FHEETH 2,
MRS LT Q) BBHEETH S, FEBE EED 2 Q IXHLT, 2€ Q20 QIIFHEAT
HBEDH.
de >0 st. B(z;e) C Q.

B(x;e) NOEEDR y i x EFRZDT, a LIFMEIZEDBTERY (BL y & a BHEAX
R, ZofhiRE ¢y ¥ o ZEIHIICOR VT a & 2 2RI LR DFETS), ©Z
ICy e Q. THbB Blaje) CO THEE, Q BHEATH S,

QODPHEETHE205, Q=022 0 =0. DXICald Q NOEEDH /R NPT
5, |

COFFAT TQ NoRiFR) two 2 r%, QN C ok, TQ NOXaHIiz C!
WophiR). TQ NOIEANZ Ct A DibfR . TQ RO BN AT R D2 672 23kt 72 2T
BEX CTHEHIEE -2 20 THEHT 2 (BER B(a; ) NOEEDHZZOHLE BV
MHEZR - MR THRIND Z 22 2DV TWn3),

C TERAHABOASIEFE

FZETHIAT 2 24 TLHNCH., Bk CICHBE SN EBI DR H 2, L HZATIZITA
NTHBLIN, TEZBEE BEBRICERZL2ZEHD TWSE DI TRV,

C1 1ox HEESOES / T f(2)da
0

BHEBEB f ¥ 22 (0<a<1) EOFED [0,00) LTS
[:/mxaf(a:) dx
0

ZRDE S, BERE—FICEeDd L, 2 OZMMEEZAHL GIHRET 5. 45,
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e RN o 3B M TH D ~

a PEEOFERE T2, EEE 2 . 2z < 0 TREEERINLZVWIEZEVHZES,
MERER 2 LT 22 13,

2% = exp (alog z)

TERT DI LR dpe, THEEBEDBIBTIZR T (logz DM X - T) Zfi
BT H 2 Z e WiEET S (256 LoFRZE, AHIIESCHETIERXTH ),
z=re? (r>0,0€0,2m) T3 X,

logz =logr+i(0 +2nm) (ne€Z)
THo7 (ZOHEAD logr FEBEE LT log Dff), @212
2% = exp (a (logr + i(0 4 2n7))) = roei*?ei2onT,

HL acZ THIUE. Vn e Z ITHLTna € Z THEINH, 2" =1 ThHh->T, LD
NI n LSV 1 DOEBEBEED D, L2L agZ DHFEE. B (LIEUIRER
i) OEZEL S, HXHEIZ DWW T,

2% = 1 = |l

(GAD 2| I3FEHEBEELTD a fTHS, )n
KR LT, 2 =exp(logr), 2% = exp(alogr) TH 205, ROBIFHRIIELHNETHA S,

J

Q= C\ [0, 00) 2B 20HUBIEY log = & FEHB € (0,27) L7225 X D BRI EERNT & TER
T2, TROB. 2% z=re? (r>0,0€(0,2r)) LMFXTRRLIZE . logz = logr+if.
Iz HWT,

a « za@

2% = exp (alog z) = exp(a(logr + i) = r%e
(HRIZEL 502 0 b FNR WA, 2R DATTIER L, RIZEVARICE STV
ZEIIER)

~ COIRTHWVS ¢ (/2L a € (0,1)) ~

re? (r>0,0€ (0,2m)) 3B L X, 2% =r% |2 =|z|~
€ (0,00) DHFE

(@) () pprmmoomm = 2) prvmmsomm X €
kf@% (FE TR Z fNTEA), )
4 N
fhed C.1 (BIEE#BOX) VEH) f(2) = ggj ZZT P(2),Q(2) € C[z], deg P(2) >

deg Q(2) +2, Vx € (0,00) P(z) #0, 0% f OIEHISF /2 d@E4 1 iofiz L, 0<a<1
Y55, Tk xE,

/Ooo xaf(x) dr = 1 _27;;{_0”; ZRGS(Zaf(z) c

c#0
\_ J

BB 0<e< R O0<d<7mRbe R 6%MB(UPFTe—=0,d—=0,R—00&5%)
C:=0C+Cy+C3+Cy, C1E z=1te? (t € e, R]), Cy 1& 2 = Re (0 € [5,2m — d]), —C3 1%
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z =19 (t € [¢,R]), —Cy 1& z =€ (0 € [6,21 — §]), £ T 5,
HBEMD» S, /NS WVERD ¢, §, TORZFWERED RIIH LT,

(%) /C1 2% f(2) dz + /02 2% f(2) dz + /C3 2°f(2) dz + /04 2f(2) dr = 27?2';Res(zaf(z);c).
Cy i 5 #AET
R R
« dr = W0\ 0\ | 10 dt = i(a+1)8 a is @t
/Clz f(z) dz /E (te) fte?) e’ dt=e /E tf(te') dt

6= 0DLE, L€, RITDWVT—HRITtf(te?) — tof(t), £z @t 5 1 TH B 5,

R
/ 22f(z) dz — / t*f(t) dt
C1 g
Cy 1Zia S MRAET I,

2m—0 2
/ 2°f(z) dz = / (Re)*f(Re) - iRe™ df — / (Re™)*f(Re™) -iRe® d§ (5 — 0).
Co 1) 0

7272l 0=00Dt % (Re")* = R* 0 =2r D& X (Re¥)® RO‘ mei » BIRT (25T B M
BT [0, 2] L ooE#REREIRIC R D . BT DPCRBEZ T H 5 ),

2m ) ) ) 2w ) M
/ (Re™)® f(Re™) - iRe” d@' < Ra“/ | f(Re”)| do < R QWﬁ
0 0
2mM
=S 0 (R oo),

—C3 120 2 BHED IR
R
/ 2%f(2) dz z/ (te(Qw—é)i)af(te(Qw—é)i) L o2T=0)i gy
—C4 -

= e(2r—d)aip(2m—0)i /R tof (te>m ) gt = ¥reiem(Ita)d /R tf (te™%) dt.
§=0DEE, tele, R ITODWT—RRICt f(te™®) = tof(t) TH R0 5,
/C 2 f(2) dz — ™ /Rto‘f(t) dt
—Cy 1210 5 BRI
/C 2f(z) dz = /62W_5(€ei9)af(€ei9) —ice df — /O%(Seie)af(sew) ice® df (5 — 0).

U:L f=0DLE ()= =21 DL X (ec¥)* =¢ eQmi YART (£5F 5 L iE
ST BEENZ [0, 2] L@ﬁﬁ%ﬁaﬁu_ﬁ D, HEDOICRBEZZ D 5),

2w /

o ‘ , , M
/ (ee)* f(c€®) - ice™ d@‘ < 50‘“/ ‘f(se’g)‘ df < et .op—
0 0 €

=2tM'e* -0 (¢ —0).
¥, ) TI—=02LTHD, e—=0,R—00 LT,

/0 £ F(#) dt — 2 /Ooo (1) dt = 270 S Res(=2 f(2); o).

c#0

/0 T p(e) dt 1 fzm S Res(=*f(2);c)m

c#0
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kR4 LoitHERELERZE, § 20 DE =

/01 29f(2) dz — /ERtO‘f(t) dt,

R

/_C[ 2°f(2) dz — 62”‘”/ t*f(t) dt

b, Y553 LTRFEUHED [, R LFOBITH 22 rhrbb 3., HARVE
WV, 5IWTHHBHEHLEDLRWE ZIARIVTH S,
PIRDOFENRZ BN EET 3 L,

R
2mi Z Res (f(2)logz;c) = / f(2)logz dz = (1 — &*™) / f(z)dz + FIRIE.
c Ce,r 0
(TS C. g IZRITHEIK DHfEHL, )

> gt T
dr = — .
o l+4+=x sin o

Bl C.1 (2B TV oTNE, 0<a<l EIRETZ2DH7R7?)

<o xe 2mi z“ 2¢
dv=——— (R i) + R ;—i
/0 1122 x 1_627“”( es(1+2272>+ 68(1—1—22’ z))

27 (67rai/2 63#&1/2)

BlClo<a<lodrx,

1 — e2rai 21 21
T (eﬂai/Q _ eSTrai/Q) T
1— 627rozi T yiyes -
2 cos >

Z DHNZDOWTIE, Mathematica, Maple 3 C & @7 { FHRT % % (£ 24 Integrate[x~a/ (1+x72),
{x,0,Infinity}], integrate(x~a/(1+x~2) ,x =0..infinity) E AT %), =

m 7. (Ahlf 174
i (Ahlfors p.174) /0 2

C2 EEBMOLESLEOES / " ) da
0

TN T 2 0REE > TORVWALZ WV, ZLORIZHZ DX, [ rHEEHTHI L &
(ZAUIFRWRATH 270, BHHEPIILZ DL IRoTLE D).

/Ooof(ac) dxz%/_if(w) dx:%-Qm' Z Res(f;¢) = mi Z Res(f;c)

Imc>0 Imc>0
3200, RIFMEEAK TR WY fFILTdH, HEERCTHESZRD 2 Z L HEK 2,
FRICGEHOELOREE T2 L. 2 € (0,00) DFED

(108 2) ppn e omm = (108 2) Lpmmn e omm + 270
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20 I ER LTRSS
R
27i ZRes (f(z)logz;c) = / f(z)logz dz = —27m'/ f(z)dz + FIRIE.
C CE,R 0

(FETH C. g 1ZXTHEI K DAfEHL, )
4 N

S8 C.2 (HEEBOLERLOES) f(-) — %2 T P().0() e Cl,

deg P(z) > degQ(z) +2, Vz €[0,00) P(z) # 0 72513,

/Ooof(ar) dr=— Y Res(f(z)logzc).

c€C\[0,00)

7272 L log & Imlog € (0,27) TH 2 X 57277k 25, )
GEBA f(2)logz Zamd C.1 R CHEDEEICIH > THDS %, ¢, 6 B T0/hE LK. R+
RETFHUX

Z/C_f(z)logzdz:%i Z Res(f(2)log z: ).

ceC\[0,00)

§—> 0Dk, .
f(z)logzdz — / f(t)logt dt,

C1

R
— f(z)logzdz — / f(t) [log t + 2i] dt.
Cs e

WZIZI—0DE X, .
/ f(2)logz dz — —27rz'/ f(t) dt.
C1+C3 €

/20 —-00Dk %,

21
f(2)logz dz — / f(Re)(log R 4+ i0) - iRe™dp,
Co 0

2T 2T
/ f(Re)(log R + i6) - z’ReiadH’ < R(log R + 27) / | f(Re™)| db
0 0
M
< R(logR+2W)-ﬁ-2w—>O (R — o0).
[ Cy LoD D e 20D E 0 WRICRT A9 0 5%, ®DXIT

—2m’/ f(t) dt = 2mi Z Res(f(z)log z; c).
0 ceC\[0,00)
W% —2mi TH|- THER 2152, =
7 - 2B [49] pp. 160-163 121,

| s@ie= o [ etog-s ds == 3T Res(7() Log(—2)).

cl¥ f O

281



CENTHS, 2T CIEEMOIEDED ZIED M X I HEMMEAMRE T, C BXUZDON
BB (ZEHh oo IEDH 7 DBhES) TIERIE 725 X 5 I1TH S,

DRDOIY T2 WBEWBEHH L2 THETD & 512 (7). FEfE (principal value) Log % T
W3 (ZOHRDOD Log(—2) DEIBRDLIALDOHLVWHDZRES Zi12kd — avBa—
R — 7 d S RHIER R D2 ? ),

FRZ T N THOHAIMR T H AR,

/0°° f(x) de =— Z Res (f(2); ¢) Log(—c).

clE f OfE

Bl C.3 1= /” W2 d 7 b BB B OTERICHETE 5 L, MECERE
0

2 +1

WL THHEBEBTH o oamd 122 25 Z L BHK 5 D3)

logz logz
I =— Z ReS(ZQ—H’C) ZRes<22+1 )

c€C\[0,00) c=1,—1

i, =i X 1D THZ0 5,

logz . ) . logz log 2 Ti/2 7
Res(z2+1”> e s Sl [ TS
logz . log z log z 3mi /2 3
R - - 1 fy = ——
es (22—1—1’ Z) zgr—lz(z—i_z)ZQ—i-l z—i|,__, =2 4
lob d
T 37 T
_[ — — —_— — _ —
<4 4> 2"
#l C.4

3 +1=0 @*E&i y = e7m'/3’67rz"65m'/3 TH 3D 5.

log z log z
I =— Z Res(zg+1;c>:— Z Res(zg—_{_l;c).

CGC\[0,00) C:eﬂ’i/3,e7ri’€57ri3

A=—-1THohb,

—zlog z

3

log z
T332

zZ=cC z=cC

Wz Iz
1
I = 3 (zlog 2| _oniss + 210g 2| _ni + 2108 2| _ smiss)
11 1-3i 5 2/3
L (R PR DU S L0 ) B g
3 2 3 2 3 9
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C.3 {BEE x (logx)" ﬁ/ z)(logx)" dx

(HERDS N EL, )

Q={ze€C|Imz >0}, g ¥ Q OHIHEFICBVT, AREORZERCTIERL Sk
WHRE LIRS, Ve e R g(—2) = g(z) 2723, R— 00 DE X, 0 e [0,7] ITDOVWT—Fk
12, g(Re®)RlogR — 0. ZD& &

2/ g(x)logx dl’+i7l’/ dx = 2mi Z Res(g(z) Log z; ¢).
0 0

Imc>0
Logz iZWbw 2 £fH, F74b5 Im(Logz) € (0,27).

* logx WloaHﬂ
g 2 R

Bl C.2 a>0WHLT, 1:/ dr =

o x2+a? 2a

< logw Y | Logz . - -
2/0 R da:'—i—'m/o md:c—%mRes(m’m):E<1Oga+§z>

XD, . 1
/ 0BT gy TR0
0 T2+ a? 2a
<] 1 —-1) ..
B C.3 0 >0 THLT. z:/ _logz _, _mlogaz ) e
o (22+a?) 4a?

< > 1 L
2/ L%d$+27f\/ ﬁda?:%riRes (%,m)
o (z%+a?) o (22+a?) (22 +a?)

d , Log z
= 2 7 <(z — za)Q—“>

(22+Z) z=1a
z41a U
—2Logz (1 —loga — —i)
- — = 2
(z +ia)? —2a3
Xh. m
* logx 2loga — 7/2) .,
WJ C.4 a>003§(ﬂLL’C\ [:/ % .’L":ﬂ-( & 37T/ )gé/T\\
0 T'+a 44/2a

2 / 2L de+in / dz = 2mi (Res | oo ae™/* ) + Res (=722 e/t
o rr+at 0o xt+at 24+ a? 24+ at

:...:L[(Qloga_gwrm]

Ehom

B C.5a>010f LT, 1:/ logz_ . _ m(loga—2m/V3) SR

o a%+4al 3ad

2
2mi Z Res() (2 loga — %gw + Zﬂ')

Imc>0
EIRBEDT??7 m
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i 8. (Ahlfors p. 174) / log @

dr (%: 0
o 1+ a2 @ )

C.4 BEBH x(logz)" OFES /OO f(z)(logx)" dx
0

(5 & EIHERADRE, )
BRERL L (IR & WA FRBIRL f ISR LT

/ f(z) (logx)" dx

0

ZRDD (n=0 DEFEH C.2),

2 HHlI log ZFE-TREINZDT, TDXRA I TH 5,

C.5 HBHEFAHOEREEOES

ZOHEDFHHIX, EHIIZ M [15] A DT h o7z,
a<b&TBExE,
d(z) —Log

-
X z=0a,b ZRIRE T 5, FEOWEDN L, (C\[a,b]"CIEHU“CZééo x € (a,b) &I 3L E,

) = —2m
z=x—1€

THb, fH[a,b D (CIZBF)BERE D CEAITHZ &, C % [a,b) ZIEDMAZIZH
2 D NORXHNCTE & 272 AEAfhR e 32 .

b P
[ r@ s = o= [ e mos =

AL— R TRoThb, fOEHEBEKT, [o,b]) LITELZRVWE T2, KOENZHE S 272
HifR O T, ZADFOHEED f OMEEZET. [0, 2B XS BROODEET %, x € [a, ]
WX LT,

fz)

27rz Cz—:c
THDE0 56,

/f dx—/ (2m 0% )dx:%/cf(z)q)(z) dz,
).:/a zd—xx:Lng:Z

CREAEA “REL” LTWL, fOMc 2R 5T CIHETDEIZZEDZIINY, B
ZENHERW, . TOREWEED R LT,

— Log

z=x+1ie

lim (Logz_a
z—0b

el

—b

flx) = o—

/ f(z Res (f(2)®(z);¢) + L f(2)®(2) d=.

cE(C\[a ] 2 Jjo\=r
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200 DEE, B(z) :Logi:z S0THBIE, f(2) _OG) (z = 00) THBZ L
B, R0 DL & F(2)®(2) dz = 0. @ ZIWZRDEH RS,
|z|=R
a N
EE C5 f(2)= ggg, P(z), Q(z) € C[z], deg P(z) > deg Q(2)+1, (Vx € [a,b]) P(x) # 0
ETHEE, ,
/ f(z) de = — Z Res (f(z) Logz;z;c) .
a c€C\[a,b] 2
\_ J
il C.6 1
dx
= /1 4+ 1
ZOHEIF O(2) = Logit; cWA+1=0DRTHZE X, clI f(2) = o D 1D
ThHh.,
1 c c®(c)
Res (1) = 8(e) Res(fi6) = B(e) gy | = 0le) g = 0le) g7 = =
THE05H
1 s
I =— N _HZZ_H N Res (f(2)®(2);¢) = ELog (1 + \/5) + ﬁ

C

V2 V2 V2 V2

(B0 & = 2 EAMY T N e h, BB L 5% AR EZ5, ) n

C.6 *Eoft BRERSD

5l C.7 (Fresnel (7L xIL) OFED) f(z) :=exp(—22/2) D C :=C, +Cy+ Cs, C; =T x,
Cy :=Tx a1ix, C3 :=Lsixo (X € (0,00)) IZIHo TOETEE RS Z LT,

/000 cos (x2) dr = /000 sin (xz) dr = %

TR,
(f) fIIEBIRTH 206, BRI C IR S BEDIE 0 TH 5,

Oz/cf(z) dz = . f(z)dz+ CQf(z) dz+/03f(z) dz.

_Csf(z) dz:/c1 dz+/02 dz.

107 Augustin-Jean Fresnel (1788-1827) D% % itk X417z Fresnel B C(z) = / cos (t*) dt, S(z) :=
0

/ sin (t2) dt D x— oo TOMERTH 3, Fresnel (XD EFHT O FH W=,
0
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Cildz=2(re0,X]) EXTX—=RXR—DIFTED0bH.
X 2
f(z) dz:/ e~ /? dx.
Cq 0

v/V2=t L BIT B Y, dr =2t THZDb,

XNVeoo o0
f(z)dz:/ e ! -\/§dt—>\/§/ e’
Cq 0 0

Cold z=X +iy (ye[0,X]) ¥R RA—R—STE 3,

ro] 3

2 XP -y 42Xy

5 = 5 , dz=1idy

THED D, .
f(z)dz = / e~ (XPVHRAXD/2 G gy
Co 0

)e—(X2—y2+2iXy)/2

=2 (X2 )= (X +9)(X —y) < —X(X —y) THE2b,

X s X
S/ﬁewxﬂvmyg/‘gxaww@/
0 0

0 X 5 <
= / e Xt/2 (—1)dt — / e X124 — {__ . e—Xt/2:|
X 0 X

0
2
=—x <6_X2/2 — 1) =0 (X — 00).

—C3l& 2= (1+i)t (t € [0, X]) TR =R —=DIFTE S, 22 = (1+i)%? = 2it?, dz = (1+1)dt
WKWHERLT

f(z) dz
Co

b X
f(z) dz = / ot (I1+4d)dt = (1+ z)/ (cos(t?) — isin (%)) dt.
—C3 0 0
MExedT,

(1+4) </0X cos(t?)dt — z‘/OX sin(tQ)dt) = ﬁ/OX/ﬁe‘tQ dt+/02 f(z) dz — \/g (X — 00).

WZNIEHAD ZODETD X — 0o D& = DOHMIR S 1FEIEL T,

%0 o0 1 1—i
/ cos(t?) dt — z/ sin(t?) dt = 2= Z\/E.
0 0 2

1+i\ 2 2
Kb, B E A - T

/00 CoS (t2) dt = /Oo sin (tz) dt = ﬁ.l
0 0
ffl C.8 Va e RITH LT,

2 _ .2
e T T2 — 7\ /7.

—00

FEHE, MEER 2L - T,

/ e cos(2az)dx = e~ /T, / e~ sin(2az)dz = 0.
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DL %R,
(FRE)a=0 D BRZRIAONTERTH 2 (WA FOHEBEICH >TVWD), [LFEME

BOHEZD S DIXHSITH S ( e / e dr < 00 THBH B, HHHT

ﬁ?é%a>O@%éiﬁ%?ﬁ@+ﬁfﬁéit%§gmﬁbéM<O@Z%\a@ﬁb
DIZ Ja] IZ2OWVWTEZIUIRWV),

f(z) = exp(—2?) £BLsa>0, X >0RNLT, O :=T_xx, Oy :=Txxyia, C3 :=
Cxtia—xtias Ca =T _xyia-x, C:=C1 +Cy+ C3+ Cy &BL, fIFEEET. O 1ZPAMMHR
THIh b,

—2r244
e r°+i2ax

Oz/f(z) dz= [t det [ feyde+ [ f&) de+ [ f2) de
C C1 Co Cs Cy

/f(z)dz— f)ydz+ | f(z)dz+ | f(z)d=.
—-C3 o} Cy Cy

Cildz=z2(re[-X,X]) ERXTAXA—R—DIFTEHDT,
X 2
f(2) dz:/ e " dx.
C1 -X
Cold z=X+iy (ye0,a]) €T RXA=R—=DIFTZE, —(X +1iy)? = —(X? —y?+ 2iXy)
ThHhIHN5H, .
f(2) dz:/ exp [—(X* — y* + 2iXy)] - i dy.
Cy 0

X>a 8RETS L. ye[0,a] ITXLT,

Re [-(X? -y +2iXy)]| = (X’ -y ) = (X + (X —y) < —X(X —y) < —X(X —a)

ThHhIHMbH,

a

S/ jexp [—(X? = y* + 2iXy)] | dy :/ e dy
0 0

f(z) dz
Ca

< / e XX gy — ge= X9 50 (X = o0).
0

FREIC LT,

f(z) dz
Cy

—O5 1z = +tia (v €[-X,X]) ERFA—X—BITET,

—0 (X — o0).

exp(—2°) = exp [—(z + ia)’] = exp [-2® + @® — 2aiz] = e e (cos(2az) — isin(2ax))

THDE056,
2 X 2 X 2
f(z) dz=e" (/ e " cos(2ax)dr — z/ e’ sin(2am)dm) :
—C3 —-X -X

DElzgsedse,

2 X 2 X 2 X 2
e? (/ e ” cos(2ax)dx—z’/ e ” sin(2ax)dm) :/ e’ dx—i—/ f(z)dz+ | f(2)dz

-X -X -X Ca Cy

— V1T (X — 00).
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W 21T .
/ e~ cos(2ax)dz = e~ /T

BB, COLRBETOEEZDODDIFHOS L TH D, EESEEL TR THEZ 5

/ e~ sin(2ax)dz = 0.

o0

HEHENNE—DIF DT, o
/ e e dy = ¢\ /7.

Bl C.9 n,meN, m<n LT,
00 m—1
R
0 1+am sin(mm/n)

FRZIE O D TH 505 (LN O T BB DID 7753 n WKIFL TWA DT, TREZE
HE2D3H LV, ENRICHDDD ., Z2LDTFAMIH - TWAHITH 5,

/OO de  « /OO / B
o l+a2 27 J, 1423 3vr 1+t

x4

o dx B s
/0 1—|—JIJ5‘_4h/2_\/§7
V2)m

2

/°° dv 47 o

o 1+ 5y/10-2v5 o 1+x6_3

/w dv  (V5+1)rm L/w dx (V6 +
0 0

1+ 210 10 1+ 22 1

B, HHEE r € (0,1) WXL T8,

< T
/ dr = —
o 14z sin(rm)

ZAAAT 2 DICHBRAHATES (r=m/n E LT, 2"=u EWVWSEEFETZT5),

m—1
() ()= B Shu, exp 2R 0 1) B LTS,

ZNLIADOHEFTIXIERITH %, w = exp % e, fomE W (k=0,1,...,n—1)
LREDZ, W =1, W =1 DY LD,
R € (1,00) 1T LT,

Ol = F()’R, CQ Z = R@ze (0 € [0, 27?/71]), 03 = FRw2’0, C .= 01 + CQ + 03

By, CIIHMERT (Co DS Rw? TH B Z LICHERE), 20 EIC f ofidizl. N
HCH D f OWE w T TH D, BECHEDS

(%) f(z)dz+ [ f(z)dz+ | f(2)dz=2miRes(f;w).
4 Cs Cs

FT wlid fDOIUDMTH B 56,

m—1

z z

(1+ z”) o n

Res(f;w) =

TLZn_l

Z=Ww

ISHRR T THHILT 5, RTHIDHTIETRT,
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Cildz=z (x€[0,R]) L RTA—X—(FIFITEZ25,

R R xm—l
le(z)dz:/o f(x)dxz/o T dx

Co 1230 2 FFE D /
2n/n
f(z) dz = / f(Re™) -iRe™ df
Ca 0

TH2, HDIIER M, R* BEFEL T, [f(2)] < M/|z)* (|2| > R*) &\ 5 FHliRE D LD D
T. R> R 1L T,

27 /n A M 2 /n 20 M
0 _
g/o | f(Re )\-Rd@gﬁ-}%/o df = —— =0 (R — o).

f(z) d=
C1

—C31F 2 =tw? (t €[0,R]) £ T X=X —{JIFHKZ 5,

R R 2fm—lw2(m—1) R m—1
f(2) dz:/ f(tw?) - w? dt:/ —_— W’ dt:me/ dx
oA 0 o 1+ trwn o l+an

(1) WARALT,
(1—w*™) /R o de+ [ f(2)dz= —27m'£
o l+am o n

R—oo &35, FlEH 2 0 1TPCRY 2 DT, 5 1 HOMIRAHFE L T

o) m—1 m
(1— w2m)/ ’ dr = —2mi—
0 142 n

DD LD, W RIT

/°° xml —2miw™ w21 T
dx = = — = — i
o l+av n(l —w?)  nwm™—w™™) nsin(mr/n)

il C.10

q q q q % pa! T
r(fr(1-4)=p(%1-7)= .
(p) ( p) (p’l p) llé T+ 27"~ sin(rq/p)
BUIDESIESLR B(a,B) =)L (B)/T(a+p) & I'(1) =112k 3, ELREDFESIZ.,

Foflicksz, UF. BAFDOESEZRT,
T3 P =u WO E#HEHWT,

00 q—1 1 oo ,.q/p—1
(C.1) / L dr=- / e
o l4ar pJo 1+u

—J7. N— BB DERN

1
B(p.q) / (1= 2) de
0
CBWT, o =t/(1+1) LERERT 5

(€2) B - [ (ltp—_ldt

+ t)pta
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PEH s, THhb

[e'e) qfl 1
/ ’ dx:—B<€,1—Q)
o l+a? P \P D

HEOLND (BEATOEFES DD D),
PZMEDRERIC X 5T, Vo e (0,1) iTxfLT

Ix)r(l—=x) = Sn(ro)’

fATHEREIC K o T C IR THALT %,

e~ ? O ez/k

(v 1& Euler DE)

z o 1+z/k
XD,
e~z VA o0 e?/k 0 ek 1 0
I')ria—z =-—
()I'(1=2) 22 Hl—l—z/kHl—z/k: 22H1 z/k
k=1 k=1 k=1
W 21T
. T 2T 2 = 2
sinmz = ————— = —72 1—(z/k)*) = -7z 1—(z/k)°) m
)T (—2) E( ) g( )
il C.11 _
I :/ logsin @ df = —m log 2.
0
> log(1 + z?%) 7r

dr (0 <a<?2) (&

9 9. (Ahlfors p. 174) / )
0

rlta asin(am/2)

D EHREBoEH

FAIOMENZ, BIEGRH Z LA DITRBEART]RE WV DI TRBRVDEZTNE, HloTWwd
AL ODT, BWHLICSWHIETDH %,

FHRBOMDRNATHBEL TW202 BRI DH 25, HBHTERI o7 (fc#K->T
WD 0Tzl ? ),

D.1 EREOINE — FREOEDREFRI

£, g B c DIEETIEAIT, flc) £0 DL &, F = % 1% c OB TIFRITH %, B
DEEX. f, g, F OENEEFE DR OENICEBRAIE S5,

290



4 N

fidd D.1 (ERBOBDOE) —fic. 0 OEFICEHIT 2 NRFEREL

f(z)= Zanz”, g(z) = Z b,2", F(z)= Z Cp2"
n=0 n=0 n=0
LT, F(z) = % P SBIEN BB L E (IS £(0) £0 BIELTWOS).
bn - Zakcn—k:
b _

(D.1) co = a—z, Cp = k_alo (n € N)

DD LD
\_ /

(D.1) % ¢, ITOWTOHEREEZ DL E, n=0,1,2,... DIEICAEZIETZ Z e 2HRL
X9,

BEER  g(2) = f(2)F(2) TH 2056, HSPEHRENZDOWTHE D LD

(Ag+ A1+ Ay +-++)(Bo+ Bi+ By + -+ ) = AgBo+ (Ao Bi+A1 Bo)+ (Ao Ba+ A1 Bi+Aa By )+ - -

ERASPR5}

IHB g(z) =Y bpa" EELVOT, FREEILEL T,
n=0
bo = agco,

by = apcy + asco,

by = apcy + arcq + asco,

b, = apc, + Z apCnr (n €N)

k=1
BELNZNE, E2rb
bn_zakcn—k
b by — by — arcy — -
CO:_O’ 01:1 CL1Co7 o = 2 — 1€ 612007 e ey = k=1 (nGN).I
ag ap ag ag
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D.2 Wronski DT

Wronski DA E WD DD 5 % 572 (https://math.stackexchange.com/questions/1264615/
inverse-rule-for-formal-power-series),

oo; = f: bt"
Z antn n=0
n=0

aq Qo 0 0 tee 0 0 0

a9 aq Qo 0 ce 0 0 0

( 1)71 as (05} aq Qo s 0 0 0
Up—2 QAp-3 QAp—g Gp-5 -+ a1 Go 0

ap—1 Gp—2 0Ap-3 Adp—g -+ A2 41 Qo

ap  Ap—1 Qp—2 Gp-3 -~ Q2 A1 (1

Henrici [50], Theorem 1.3 IZ# > TW5 &2 (BB, Henrici 2. 2 WKL),
TEARIIA Y FAVTT 7 RRATED L

M. H. Wronski, Introduction a la Philosophie des Mathematiques: Et Technie de
I’Algorithmie, Chez COURCIER, Imprimeur-Libraire pour les Matheooatiqtte, quai des
Augustins, n° 57, Paris, 1811

https://gallica.bnf.fr/ark:/12148/bpt6k6225961k

RIS HR Iz & ZICTARTA LD QIOR=JDARDE ZIZH > TWVWBEDRH ), “quai
des Augustins, n° 57, Paris” I&HRAEDEFR S LW (2 W5 Z 8 % ChatGPT IZHZATH H -
T. Google Map Tifi7bh L7z lEATVWET),

D.3 tan OBEHRBERDRVIOBIEZ KD B
f(2) :==cosz, g(z) :=sinz & C 2R TIERIT, f(2) =cosz #0 (Jz| <7/2) THEH b,

sinz  g(z)

Fle)imtanz= o2 =45
% 2] < g CTIFHITH D,
FO=Y 0 (<)
Y Taylor BHAHK 23T TH 5. _
FEBR, RKT7.16 THEN LI X 512,
Bammnﬁ{&g%\ﬁi1=§:§%”6i®ét%\
e 3 U Bty g,
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https://math.stackexchange.com/questions/1264615/inverse-rule-for-formal-power-series
https://math.stackexchange.com/questions/1264615/inverse-rule-for-formal-power-series
https://gallica.bnf.fr/ark:/12148/bpt6k6225961k

L2 L. Taylor BB DA DEIHE

tanz:z+lz3+£z5+£z7+---
3 15 315
Z3RKD 372037 H1F, Bernoulli 8% W 2 REZ 7RV, FANTRFIUR, f 27 LT f™(0)
(n=0,1,2,--+) ZRDTWIHIRWAH, ZHREFREIHEET, TIATEFEE S, 2 2T
HE D1 AKX (D1) THWTHELTAL S,
cos, sin D 0 DFHH D Taylor ERH

_ - (_1)n 2n : _ = (_1)n 2n+1
cosz—z (2n)!z : 81nz—nzzo(2n+1)!z (z € C).

n=0

EEBERTE LTHW S, |2 < 7/2 Tl& cosz # 0 DI D ILDD T,

R SR TR TS U SO SOOI
tanz = — 0 120" 5040 .. 6 120" 5040 (2] < 7/2).
1—522+ﬂz4—%26+--- 1—522+ﬂz4—m26+---
HFIADE 1 DT 2 ZEROIEH D DR - 771, 2° OFAINTH 5 DT,
1—122+%z4—%26+~~ o o
e

2 24 720

Y REZETTHS (tanz EFEEL O THEEROEIRAZ L, ©2IC ta:z ICEFER D
BN, EWVWS e ThH5), w=22 £BL L,

1 1 1 1 1 1
2 3 2 3 2 3
(1= Z - — e ) = 1 — St — e —
(ap+ayw+asw+azw’+- - ) < 5 + 5 ¥ + ) 6w+ 720Y " E010” +

5
ag = 1,
ao . 1
2 +af1 — 67
Qo ay 1
24 2 77T 120
ag aq (05} . 1
720 24 2 TP 5040’
ErBEIC
ag = 1,
1 Qo 1
ag=-=-+-=7,
6 2 3
1 aq Qo . 2
7 120" 2 24 15
1 a9 aq Qo 17
as - = = o

293



W Z 1
tanz:z+lz3+£z5+£z7+--- .
3 15 315
DFTIETH#EBASICE WS Fur oI v VEETTur 7 22 L T, R LTA%S,
L BWVEGED, FIETFIERfHREL DT EV AL —2a YDHEDH S, it BASIC
PRALZEAZ. UFOZ s 7ul s ADEBHEL B2 5TH S,

o it BASIC TlX. BEEGIENARETH 5, 53572012, Fu T LADHENNIT
“C OPTION ARITHMETIC RATIONAL ¥ EE7T %,

e cos, sin @ Taylor B ORENX. H@EIX#H{LXTEHET 2 D EIZ2, 3 BASIC
Wi FEREE T ~ . BEREFITRE T 2BEB FACTO PRI TV,
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e cotangent.bas

OPTION ARITHMETIC RATIONAL
DECLARE EXTERNAL SUB INverse
DECLARE EXTERNAL SUB conv
LET maxn=20
OPTION BASE O
DIM c(0 TO maxn),s(0 TO maxn),IS(0 TO maxn),cotangent(0 TO maxn)
FOR n=0 TO maxn

LET c(n)=0

LET s(n)=0
NEXT n
FOR j=0 TO maxn/2

LET c(2*j)=(-1)"j/fact(2%*j)

LET s(2*j)=(-1)"j/fact(2*j+1)
NEXT j
PRINT "z/sin(z)"
CALL INverse(s,IS,maxn)
CALL PRINTc(IS,maxn)
PRINT "z cos(z)/sin(z)"
CALL CONv(IS,c,cotangent,maxn)
CALL printc(cotangent,maxn)
END
REM - -
EXTERNAL SUB printc(a() ,maxn)
OPTION ARITHMETIC RATIONAL
FOR n=0 TO maxn

PRINT a(n)
NEXT n
END SUB
REM -
EXTERNAL SUB INverse(a(),b(),maxn)
OPTION ARITHMETIC RATIONAL
LET b(0)=1/a(0)
FOR n=1 TO maxn

LET s=0
FOR k=1 TO n
LET s=s+a(k)*b(n-k)
NEXT k
LET b(n)=-s/a(0)
NEXT n
END sub
REM -

EXTERNAL SUB conv(a(),b(),c() ,maxn)
OPTION ARITHMETIC RATIONAL
FOR n=0 TO maxn

LET s=0

FOR j=0 TO n

LET s=s+a(j)*b(n-j)

NEXT j

LET c(n)=s
next n
END sub
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N

OPTION ARITHMETIC RATIONAL
LET maxn=40
DIM a(0 TO maxn+1),b(0 TO maxn)
REM sin(z) O~ ra—1V VEE
FOR n=0 TO maxn+1

LET a(n)=0
NEXT n
FOR j=0 TO maxn/2

LET a(2%j+1)=(-1)"j/fact(2*j+1)
NEXT j
REM f(z)=sin(z)/z D~ vu—1) VJEH
FOR j=1 TO maxn+1

LET a(j-1)=a(j)
NEXT j
REM 1/f(z) OD~Z7 1 —1) R
LET b(0)=1/a(0)
FOR n=1 TO maxn

LET s=0

FOR k=1 TO n

LET s=s+a(k)*b(n-k)

NEXT k

LET b(n)=-s/a(0)
NEXT n
FOR n=0 TO maxn

PRINT b(n)
NEXT n
END

E Cauchy OFBE7TEIE Bl
E.1l ®5—EiRDES
Cauchy DFEDEH X, HHLFI L.

~ Cauchy DFETE M

N

ERFHNOMR ¢ . ¢ o ke, ¢ ORTHEFHCIERIZBER f iTxf LT,

(Lf@ﬁk:Q

«3ﬁﬁ@%ﬁmf@%ﬁﬁﬁ&ﬁh@/ﬂ@pﬁ:m
C

a

W FIRTH 5,
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T C/ C/

28:/f(z)dz:0 29:/f(z)d27é073”6 30:/f(z)dz;£07b“6
c c c
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TN o HELAGRIE N,
e MOBOE (0o X HICHBEMLENEOND)

f DSIERIREFT O 23 Cy 1 TATBIERS ) o3, [ f2)dz= [ f(2)d=
C 1 C2

C, A . Cy
t A~—1, k. Y
{ J f %y Cqa \\
\fhﬁﬁf/ Y §
31: f(z)dz= / f(z) dz 32: f(z)dz= [ f(z)dz
C1 Cy cy Cs
C
g E"{*

/‘;"“\, e
LY Ci = -"'___“—-..___/IJ
\\., "

33: JLH: f(x)dz= [ f(z)dz+ | f(2)dz
Cq Co Cs

LIAN T WS Z e 2HFENCEREL XS 352, BEAMCHEH LW, RITHIWT
LEZBHALLICARZZ2Z22d, RTRESI T2 RYLODLBVANZVDTIERNSEA
3 D

BlzZiIasa—&Z— X E LS T3, TRAUIHG ) THEELIS T I3DIX
HHTHZ (ZNTE TR0 2ELIPREH LV, 20T TR, D UMM
m3e. ANETH—HREZTITIEHM KL 125,

34: fi#R C 13HRANy TV DREHATWS 5 ? HEEZEE L W,

L) 2 5T 20, ZDRIREKIT—E D TIERWV. ZD7® Cauchy DFETEMIC
F, BEON=Ya v BH 5,



COHITIIAN (5i#H3R) O TR DIRL 7. BUEFTEBICH T 2 Cauchy DRETEFH D
HILREAZAT S, ZhE%RL, HOMADAD T &) T2 L Bbh s,

e ™
T B.1 (BEEEEICHTS Cauchy RS EE (FE6.12 Bi8)) Q 1 C MR
SRR, £ Q — CUZIERL. C 13 Q NOXAH O Rl 52 » =

] (Lf@yu:o )

BEJE LT, Bl (M) & o R ZER v (BIEGERLIMCS K SHITKRS)
2ODEBERMRTFERZ LITIZ D,

T HGEAT T H 2 LW D BRI 3 2203, E#EICIE TEAER 72 < 72 5 K 5 & f&E
EV (O vy EnwH e TH B,

E.2 AXDOHAEICDOWT
(ZZREDEIRPFEEDONEZRD Iz WVWS, BLIRD XS RFETT, )
—[1Z TCauchy DFEZER ) , Cauchy DFEZRI WwH iy, HidtakizN—Y 3

VDB,
2D XN T 20, AEZ ETRXD XS,

L EAIMEEEIC MBI RIRETH S 2 ) EERT S (EF 2.7).

2. H#47% Goursat-Pringsheim 12 K % T=AEOxfECIERIZEE 2. BIZH - THRED
T30 LWVWHEH (I 6.1) 2HRAX—=1F 5, RED ZOFEHIFHEN L TELIR
XTHAI,

3. BREHEIC BT 5 Cauchy OFEEM (EH 6.18) ZFEIHT 5, ZAUIKFr &k < (HBED
S h L, RN EORE ) AR T, BVt H %,

%2@\¥E#6¥ﬁﬁ%%mtﬁﬁm%ﬂﬁ®f\CWﬁecugoyﬁéwﬁﬁﬁ
e LT, S ERTE 3,

4. FABEBIC BT % Cauchy DRETARN (EH 7.1) 23T 5, 20 o IERIBIOEHR
BbAn et (€8 7.4) D3 %,
(2 ZETIIHTANICHEATWS, )

5. Green DNFUZFHED L Cauchy OFEDERE (EH 8.4) N T 5.

o HDHIZIZ, Green DARFITHKD K Cauchy DR EHIZ T TINTEEEE ST
FAMBEET %o (Green DRI —MMZIGECHEAT 2 DIFKE T, WMIEDT
DR TR EH A SRR WO 3 @72 D C) HAKNT Z DR D JTITE R L 7%
W, —ATENZEHTI2ODRIBVWEEZ S, (Green DO FEHMEZ
BHHIR 2 L. #IC Green DR TIEIRMERRDE D2 WD Z e ZHiAT %
Rz 5, )

o ZOHEBEDFHDED T TIE. Z 2 FTCTIERIBBUIEREM D AIRETH 3 Z & H3EF
HTETW20DT (EH 7.4 OffiHLR). BED C RTH 2 0 H M2 IRET
B NENE TN,
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o MIRFEIUC I % IEHIBEEDY Laurent ERIHISR 2 Z & %, Green DRFUTFHD <
Cauchy DFED EM % AW TREH T %,
(IR ER KD EH D D Laurent BHIZERE T4, BRIEBIZBIT 5 Cauchy O
FED EBZ W T FICAEHT X 223, ISH%Z# 2 % & FEREE OGS IZE
AL TEBE =WV, MEREBICET S Laurent JERIZ., FEENKZ WO T, ERMHE
BUZ3 21 2E F—=FY 2/l U2 BEDPAET %, Green DNFUTFHED < Cauchy
OFEEM 2 i Z IR T 5, )

6. FEDTEE DA DWW T EICHIAS %,

(a) HHARDLAM LR B X 31T, HIFRZ N CEBINICEE L b &, ffED O
EHIXZED S 70,

(b) PRz BRI CHEBIHNC AL L7z & & BED DIEIZZED 5720,

RS 5 e THHEEREBAN ORI S #RFETI1X 01 WS, Cauchy DFETEHD
BanErt 5, ZOEHOIIAEMSR ESICEb L, KX TIEFFHL WD T, MUF
WKHTR 2 EHDFIICIIE DN, HoTHEL L2 THRBELIEL,

ZD 5 Cauchy ODFEDANAR DI OWT, BHIRIK?? THALZZ X512, 7R3 01
RBREHFDICRERT S, BVWHEEZ L EPRELEE TS, 20 HHDIEHALD %,
THUEA X =YD CTRESIRY 7205, BB 0 B3 0 & 78 5 R TiIAD THifEIZ /2 5 T
% W BEERHZERH L 72,

HEGEHIZOWT, FESDE DI AN K H 20, 266 bHHETERDT
DT R, BERINCIE Laurent O EFBZHELD £ 2 &\ 5 FECUHE T 5,

MB Goursat-Pringsheim 12 X 2 EHEZFREHTDIX. BHOMANBEBRICEEINT
W BHEDTROD S LRV, BEGEHDZ < DFERZE 1T, Green DA 5 HFEL T,

f(2)dz=0 WS IED Cauchy ODFEDEMZEZ, Cauchy DED LA D. a € D ITxf
aD
LT fl@) = o ;Egn@%f%i@éﬁﬁﬁﬁ@%ﬁﬁ&éx5@%@?50ﬁ%@

oD % —

RENCEDN TV B EWES S, — T, BEABOERAREFED LS5 R5Eb AL
EZBE, OD RUITHEEZIDIEFITAAL X225 DT 5, AARVERDLTEL LTV,

E.3 IERIRSEOEGIRICE D RESD
(ZOHEBFRZETEEWY o ThHY + 52, 1D Tatlre 23, KIHE4 FTRAFy 753
DD, )
:mifﬁ@ﬁ/j@y&%%i%%@Jﬁ@cmzﬁmmcﬂmfaaauf%toL

C
P Ly I CTHIFROEFIIETE 2 S 72, KM O v 5 &b 2B 2 BN D 5, 1
%ﬁ%ﬁfﬁﬁ%f@%%ém\@ﬁ/}@y&wﬁ%%\ia&@ﬁ@ﬁoifm%f
C
X5, ZOZeZHAL K5,

ZOHEDHEE. FIZRL B BT, HlZE ot f =0 /T2 LG f o, E
RSB S BHED DOER (FEH [39) DfF8R B.2) kMU TH 3, FIOTEBLZ L ZE DI
Cwhd Livkwngy, —EEESTIEOERO T, YRR T 2 2 28D 5,

TR TR %, £ T IEHIEROERESBVEETH 25825
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E.3.1 EREMEHICH|T S ERRBEBOEGIIRICAD (LK) D
TAT 4 7 FRRREAE RS |

[ DEEHEE Q NTIERITH % & =, f I3EBEKEZFR D, T4hbb IF: Q — C st
F' =f.

EED a,b € QWML T, F(b) — F(a) DfEE F OFECFICEI SRV, FEBE F:Q — C,
Fo: Q> CH F =F,=f ZWidhold Gk) = Fz) — Fi(2) ( € Q) £BL L&,
G =F-F=f—f=0TH3»5.GEQTEBTHZDT, Fy(b)—Fi(b) = Fy(a)—Fi(a).
W21 (BIEL T) Fy(b) — Fy(a) = Fy(b) — Fi(a).

FIT fOCIWKRSIREES L(f;0) %

L(f;C):=F(@0)— F(a) (a,bld C DR EFER)

TEDS (F DD FIZ X o FTHUDEDIMEE S 2 DT well-defined TH 2),
C BRSO WOMIRTH 5 ¥ %, L(f:C) = / () d= BN ST D, EHEC DN
C
DXGHNC CHIRDBIFRTH 2 L &, F % [ OFEBEE LT

/ F(2)dz = F(b) — Fla) (a, b 13 C RS Y $H)
C

DR DO ZLIFRAHSNTVS, Thbb, RS L(f;C) & C DRI C )
THBYL EE (CRETEATER) %ﬁ%ﬁﬁ/ﬂz) dz b —3F 3 ( TR LIRRDIC X
C

HL),

E.3.2 —fROME/ICH|TSIERIBROESBRICES (k) RS

Q% C oBEA. f:Q— CIRERL O Q NOHIRT. 2= o) (t € [o, B]) ZE DS
FRA=Z—HF, C = {pt) |t €[, B]} (WD®B C DEF) T3,
QACDEEZEZEZS (A=C DHFAEIF. UTFD e Ze=00 & LTHAMKIKZS).
FIZ
(E.1) €= zecig,lgfeasl |lz—=C(| >0
DEDILD, TDeZ CF & 00 L DAL IR, — FIHEMARFHTD 3,
~ (E1) GO H 53T ~

C o Cxid. ary 7 MVEEG (CHOERHAELS) TH2 (a7 MES [, 8] Dl
B o 12X 2B THE050),

€= Zlencf* d(z), d(z):= Cle%fﬂ |z — (|

THOH, d: C* 5> RITEHETW=22 L ZAEDHEZERZDT, ar 7 vVEE C* ETIE
DE/MEZ D, FHDN TR e 1fthiiz 5720

e =mind(z) > 0.
zeC*

k(%iléb Q& a7y [47), B2 WIEHEH [51] offst H 2R X, )
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o WXESFARXM [o, 8] THEETH 205, —HEETH L, DRI

(30 > 0)(Vt,t' € [a, B] : [t =t < &) |o(t) — p(t)] <e.

Oé:t0<t1<"'<tm:5
BT HILAE A — {4}, % [, 8] O5H,

A= max (t; —t;-1)
ZaHE A O & FER (Rieamann F8677 D HEE),

Al < 0 ZlZTEEOTE A = {t;}", 22, £ED j € {0,1,...,m} ITHLT,
zi = (t;) B FREED je{l,... m} TRLT, #fR 2 = p(t) (¢t € [t;-1,8]) & C;
B CF = o([tj-1,t;]) CQ(zj56) CQTHD, fIFEIEHEIK D (z5;¢) TIERITHZ Z &
Mo, L(f;C;) BEKRERD, 22T

m

(E-2) L(f;C) =) L(f;C))
j=1
YBE.LHC) B f D CITH D IEREED L IR,

(E.2) %% well-defined TH 2 Z &, TROLDE A = {t;}7) DD ITITLSFIT(E2) D
FHOMENEE 2 Z e 2m3iid. HEDIES § X H/NIWERDZENCH LT, HEOM
NEEZDZEWXEDIATE 2, DEIZHD LTS (E2) OGHDEIZZEDLLZWA LT
Hb,

C BTN C | TH 2558513,

/C f(2) dz = Z /C ) de= ;ﬁ(f; C,) = L(f:0)

f@é#a\zuxmm%@@ﬁ@%/j@ﬁ&@mﬁfﬁao
C

AE E.2 HE., HEEMOEEREE T2 I CHWARE P —E, MOFTREMEZRE L2
DT, BEDHEDTZ T 57-DDXTH O iR D F F CTIXFENET 5, ZD7HIZ, L
TIIARAE ) 2 B AR IO U THRER L 7228, FHIEROMEZ WS 2 W R FED B 5,

4 R

Co: z=po(t) (t €[, 8]), Ci: z=1(t) (t € [, ]) ¥ D NDOXI3H) C* #ephFR T, D AN
THWIHRE My 7851 G % C KA T 3R CH RO KRE U —FBHTF
£3 %, THhbHEFGREE O: [o,8] x [0,1] = D T

(a) B tela, Bl ZEELE Z (0,1 3 ur— O(t,u) FXTH C! #&
(b) Fuel0,1] ZEELLE Z [a,8] 2t O(t,u) IZXTH C* %

(c) @(-,0) = o
(d) ©(-,1) =¥
e) (Vue |0,1]) P(a,u) =P([,u
k()(6[])() (8,u) )

AEFFIEIE) 1] [32] pp. 154-155 IC#{»> T\, (A4 RAFAEDH 2 D72, =
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E.4 REME—FD Cauchy DFEDEIE

QZCHOMEEL T2, Q ND 2 0DPAMIR Co: 2 = po(t) (t € [a,f]), Ci: 2 = ¢1(t)
(t€la,p)) BBHBEE, Cy B C, I QNTEHRMICERAIRETH 2 & id, #HFER

F:lo, 8] x [0,1] = Q

WDV DObDBFET S Z2 VI,
(EED uw i LT F(-,u) XEARRT. F(-,0) =g, F(,1) =9 EWVWI 2 TH5, )
ZDEECyk CLidx QIELTHRERMEYZ (homotopic, FA YEElX homotop) TH %
BV, Oy~ Cp ERT, X Q NOBEFRICOWTORIEREIRTH %,

AR E3 L& TGy 1 O WAEME—FE] EHFONTWEDEDL, FAEME—FELWV
5 DIE. MAHZEMICHN LTS SETHD (MHZEM X, Y AT ME—FAETDH % i,
gof~idy, fog~idy ZHi/zT EOBRHEMESR [ X -V, ;Y - X DPEFEETHZ 2V
5). HRRDHFRICEREE TZ 2 2 WS DX, HRE M v 27 (homotopic, KA YEETIX 'K
& F—7") homotop) &\ 5., Iz I 7. BIUIE LDV OFTIEL, HAMFEL LRV
SHEIX, MrESZICLZETROEN, ZOBRICEEVWHRALIZE WS 227255 h,

4 N
EIE E.4 (Cauchy OBRAEE (REME—H)) Q& C OEST. f: Q— CIZIEAN
Co & C1 13 Q NOBAHRT, QIBELTEREINY 7T S, 2O E

f(z)dz= [ f(2)d=.
C() Cl
Rz Oy 2VERUFRR (C) DBD 1K) 72513,

f(z) dz=0.
Co

(E18A: Q TIERIZ f . Q B LU TERHIRICAE by ZRBAMKR Cp LT,
/ f(z)dz=0.)

Co
N )

(RO DEBIFRICOWTHBA © IR C: 2= o(t) (t € [a, B]) KXHLT, B3 2z € C HTF
ELT, ot) =2 (t€a,f]) HRoTWVWEEE, C ZEHBHIREMESR, pla) =¢(B) TH 2
Mo, C AR TH 2, ot)=0TH2H15, ClE C HOTH D, EED fITHL
f\/f@ﬁkzoﬁﬁbﬁoo)
C

SR (RICEAT % e ffifl, NTHEL HEMICHZ 22, o TWVWE I IFEEY Y I LT
Hb, ME>ELIfLZ L, )

Co, C) DT XA =R =T EZNZI 2 = po(t), 2 = ¢i(t) (t € [, B]) T 5o

Co=C, THDND, & 2EHEE O: [, 8] x [0,1] — Q HTEIEL T,

(Vu € [07 1]) @(a,u) = CID(B,U), (I)('7 O) = Y0, (I)('7 1) = 1.
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infil= phiO[t_] = {Cos[t], Sim[t]}
inz= phil[¢_] := {3Cos[t], 28in[t]}
in3= Pt _,; u ] = (1-u) phiO[¢] + uphil[t]

Inf5}= Manipulate [ParametricPlot[{phiO[t], F[t, u], phil[t]}, {t, 0, 2Pi},
PlotRange -+ {{-3, 3}, {-3, 3}}], {u, 0, 1}]

028 =D I+ [&]¥]

Outls]=

3L

35: P o(t) = (cost,sint) ZF5H ¢1(t) = (3cost,2sint) WZEHBAIITZETE

0o, o1 EEZTHARLTALD
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I:=l]a,f] x[0,1] £BL. FLEHAKM N BTEDS) ITMLT, t; == a+ %(ﬁ—a)
(i:O,l,”',N>, Uj ::%(j:0,1,~~,]\f), Ilj = [tifl,ti]X[Ujfl,Uj] (221,2,,]\[,
j=1,2,--- ,N) B,

(t,u) DRAF I OFZIEDQRZIC—HT 2L Z2D O(t,u) ZHIR C LER 2, T7bDB

O(a+ (8 — a)s,0) (s €10,1])
o(s) = P(B,5s—1) (s €[1,2])
(B —(B—a)(s—2),1) (s€2,3])
D(a,1—(s—3)) (s €[3,4])

TED ¢: 0,4 - Q BT X=X T 58T C T 5,
[, (tu) DPRAIE I; OFZIEQORZIC—HT 2L Z2D o(t,u) ZHIFR C;; L& Z 5,
ERAS PR
Dty + (t; — tic1)s, uj-1) (s €
(ti,ujo1 + (uj —uj1)(s — 1)) (s €
O(t; — (ti — tim1)(s — 2),uy) (s €
D(ti—1,uj — (uj —uj1)(s —3)) (s€
TEDTz ¢ij: [0,4] = Q BT A= —{JF T 2% C; £F %,

i

pij(s) =

DI D LD,

T IR OFFREAKRETHD, ©: 1 - QFHERTH 205, (1) 1 C OFFRHALET. Q
WZEEND, (1) & 00 L DiFlEiT e 558, >0 (EEOU)NIY =10, (1) \FHHEH
BE 0N FHESTH I 5, HHHIETH ).

®: [ — QFBEFETH 205, RiF—HEFETDH D, (36 > 0) (V(t,u), (o) |[(t,u) — ', u)] <
0) |®(t,u) — ®(t',u')| <e. NZTRdRELHBD L, [; DERFEN S KD/NEL K3, ZOL %
Cy; C O(1;;) C D(®(t,uj);e) C Q. D(®(t;,uy);e) IEFIRZDTEIFHEKTH D, f 132 T

EHITH 2005,
IRCLE
Ci]‘

!Lf@ﬁhz

Lot 2 =@(a,u) (ue[0,1]),I1: z2=0(B,u) (ue(0,1) T2, C=Co+I11-C,—Ty T
oM, FE Ty & T BRELTH 05

/Cf(z) dz = ; f(z) dz+ : f(z) dz— ; f(z) dz— A f(z)dz= ; f(z) dz— g f(z) dz

Wz

Wz f(z)dz= [ f(z2)dz. =
Co C1

Rk ES5 (lmZzHBEITIEWVICERE F—TLBIRICK 7 5187, BOBROER) RO
D75 C. FAMBR TR OVHERZE DS e dHIK 2, Q & C OEE. C) : 2 = ¢o(t)
(t € [a,0]), Cr : 2 = pi(t) (t € [a,8]) & Q NOHIT, BREERDBZENZH—ET
5. $bb

wola) = pi(a), wo(B) = v1(B)
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DEDILOE T B, HRBER F: [0, 8] x [0,1] - QT
F(t,0) = ¢o(t), F(t,1)=¢i(t) (t€[a,p]),

F(a,u) = SOO(O‘)v F(ﬂa“) = 900(6) (u € [07 1])
22T ODOPFET DL X, Cy & C IFFRE =7 (homotop, HHRETZATHE) & W\, F
Z Cy & C, DEIDKRE FE— (homotopy, ZIEER) MR, Zor =, Q CTIEAIREEK f
WX LT,
fe e = [ 5 ds
Co 1

DD ILD, — MR R 28 S 72T AU, FEIT % 0 50 BERCHS LE Rl 72 8 B Codige Y 1
AL THREATDEIZZED SRV, =

E.5 BEGHEEICE|TS Cauchy DRI EE

(AXHD 6.4 DFEZITHY T %, )
RIEHDEF T, PARARAY 1 i (B \HEBANC AT RTRE & W0 S S TR 203, 1
Bz

RAVRHIATUE, (EROMIG 1R (R SR LT

WO ERMELOLNEZTHA I,

BADEMIC THERE] Y WO LRTEDTF 22 2icT 3,

DR, 2AL—EL T, R* ® C" OMEBICET2HEL L TERT % (HEHNICEF L v
5D% C NI L TUL2ERL TWRWA, ZO—RILIZBEZICTIRHRZ v ES),

KE% E.6 (B&EE) Q 2 R"H25WE C" DM E 5. Q28EE (simply-connected)
TH2LiE, QNOEEDOAMIRDEBHIFUC Q N THBANCEE TE S22 E D, D
FD. AR Z 2 =0@t) telaf]) ETDEE. DHIERPEE F: [0, 8] x[0,1] 5 (£, 5) —
F(t,s) € Q T,

F(t,0) = o(t) (t€lo,f]),
Ft,1)=a (t€]a,p])

2723 b DOBFET 5,
N J

e ™
EIE E.7 (BEFEEHICH|TS Cauchy OFRATEIE) D X C O THEM,. f: D — C
FIERL, C 13 D NoBfifRe 52 & %,

lAf@ﬁk:O
N y

S EE E4 OB¥ETHD. HHHEATH 2, =

[%& E.8 D% C O THERE, f: D —» CIXERIE 32 & &, f 13FARBEE RO, J
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Bl E.9 (AXHICHEEVWTH - T, #EDIRLICEBITNY) HEA Lo LT, 2240
R™, BIEK B(a; R) = {x € R" | | — a| < R}, MBI, BERIGEENC, FE A O HEE dhifr
(Jordan PAMIER) DSPHOREIK, 3 XTZEHTO 1 HOMEE R\ {a} REVD 5.

HERECROWIEBOM & LTE, 2 X00ZEMTO 1 SOMEAR?\ {a} (BRFHTO 1 KD
MRS C\ {c} EAREMCHELT), R*\ ¢ (0 EHITANCHERICO N ERR), WBREONEE (F—
FTYROWEE) REHHL. -

f 90. (1) R™ I&MHETH 3 Z & &R, (2) BAER B(a; R) &MBETH 2 Z & 2R,
(3) MFEIZEEITH 5 Z L 2nt, (4) BRFEEAHERETH 5 2 & 2Rt

2%D
M E IR = ' = B = Bk

BEOL ZAI2H 5 128h ZFEH LS,

IR D DR OSME AT %, D %0lffi (contractible) W5, 3c € D, IF: D x
0,1] — D ##i, F(-,0) =idp, F(z,1) =c (x € D).
M 91. (1) BIaEEMETH 2 2 L 2mtd, (2) AlMERMEIBIIER TH 2 2 L 2R,

EHINIE, QHEEEE 21, Q OHNICEAMBEI IS R 722 K 5 BREFEVDBFEL RV E
WH ZeThb,

EEOFMEAMROH OHEBUIHEMETH 5, ZAUIHLICEZ 203 LKW, 20
FEHATIERL, AAREHE K-> TV,

s N
EIE E.10 (Jordan BHIREIE) FHIA D Jordan BAMKR C 235 2 & =, HHtH-D Hiifhiz
IR G, L IFEFEE G, DFAEL T

RZ=G,UG,UC*, GiNGy=0, GiNC*=0, GynC*=0.

\kﬁb\ C* I3 CDBRET 2, THITC*1F Gy, Gy DHEEDHEATH %, y

Gi1 DZ 2% Jordan BAHhAR C THIEN 2 L W, Jordan THIRE MERZ 2 b H 5,
EBEDT7TF X MTIE. 2D Jordan HIFREHZERICLTRD X 5 e EH W=,

4 N
BRFENOXZH C! ko BAEAER ¢ . C PHOHEROM A Z 30 H 2HES L
TIERIZRBEEL £ ot LT

/ f(z)dz=0
C

DI D 3D,
\_ )
ZHUES TNV THRZRT WA, Jordan FIFRERL & W 5 KE B (EFR TREBH 3 % D3R ERY
HRI2 HEHE L WV) ZRET 208D 5 DT, Fulr (20 HACERFLIE) OBEGERD 7 F X T
R S hTw B,

1090 A id, Q NOEED 2 HEFIRIHR QWICEENZ L 2E S, T48bB (Vo,y € Q) (vt €0,1])
(1—-t)x+ty e

HOO BRI, QWNDH 2 1505 QNOERDORNREES 2205, Wz 5L, (Fae Q) (Vo Q)
(Vt €[0,1]) (1 —t)a+tx € Q.
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E.6 EEBE

(Cauchy DD EHD 5B, EDEDDD%E ED X SN T 20, E2 TR, £5
EIRLEHZS S DULHALTEL, )

Cauchy OFEDEHIE, DD EIIRDETIERGNE ZeBEDoZ5TH 5,

I .11 (EEOKAMIC O Sk BAMINE ¢ L. C oMb D oMt D 2 &t
(55) BEATENR fISH LT, / F(2) dz = 0.

C

HHIEAERA N O T O B2 T Z Y 1 FEHDRETIR 2 & L I3ARIN TV o7z, 191H
FLORE, ZIUIHS 72 Z 8 TRALVIEHZE S 5 Z e 2 eadikd s £ 51272 D, Camille
Jordan (1838-1922) DEANCZ D% AT Z 2 1ICh KA, ZDOEMIEIS TIE Jordan fh
REIE (Jordan curve theorem, Jordan PARHFREHE) &I TWVWS (WS EiHZ — [2]
THATRIER DD, ZIF5ED LTS, Wikipedia 12Xk % ¥ BINTERLL 72D,
Bolzano-Weierstrass O EMTHS 7 Bolzano TH 5 & D% ).

Jordan HIfERIZ. O MR 2 ZOFROMBEE 05 3BETERWVIEE., GEHT
L DIWRETDH %,

ZOEWHBIBGERD T F R P TlE, 20 HALD@RHD 5, R4 1T Jordan HIFEREOFIH % ik
3 &5 b, 5T Jordan MIFVEMZRHEL T2 7 F XA MIDHED KW,

(Rik: BIEGR T, HRRIEX I O DB DIZR>TH 9T, ZDHEIX Jordan HifR
EFD LEAVEICAEITEZ 5. WO ERDADB VLA, )

FNTREESITEhEWVS &, RED, RODZODRDHRH 5,
(1) fEHELRHR (ZAESCEAEORE & ), EHAREER (FSRERSC ERER) 2 ohd. £

NTHEIZEBT 5 Cauchy DFEZANRNZENTLE S, ERIFEHOMES Laurent EH.
BB OMmT T 2DEENT T TH 5, 2L BDEDP DU,
o FAMKR C D a DAY DEHLEL n(Cia) ZEA LT M Ra T A7k ((HR A
72) RS 5
e RE ME—JED Cauchy DETEHEZEANT 5

BREEIT I,
(2) Green DRITED K Cauchy DEDEMNH AKX — FF 5,

COHEDEFRD1o¥ LT, Green DEMIT. D DEFRD, BREEOH NI D SR
WHIHIBARIRR O TH 35 EICHRR L 2E TR TWVWE Z e BnEL, ZThzflis L
Cauchy O EMER LB ICREZ ZeBHIFoN 5,

—Ji. FATE LTRRDH DD T o5,

(a) D Green DNIUR. uy, uy, vy, v, DEHNEIIE S 2 DT, Cauchy O EH
DFGE. F73B8 f OEAMNEDERIC, BRI [ Ot Z &0 2 EHDH 51,
HUERIBOFEZIRE T 272 513, Z 0MEfitE b RIFHCIE T 2 DB HATH 5. L WVIHIERDEAED VS,
DYLINB0, ERIBEBOFEES « BH u, v OIREREKOERMED T <CI1cm 2574 < Th, Cauchy-Riemann 75

BADLS vy +uy & oup — vy FEDZEFNC 0WCHFELVWI EAENLNLDT, IAHBEBITERETHD.
Goursat-Bochner OEHIZ k- T

/ udx—vdy:—//(vx—l—uy)dxdy, / vd;v—}—udy:—//(ux—vy)d;vdy
oD D oD D

DD LD, L WIH RO b H B (—H [52])o
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(b) Green DRRDFINNZZNIZ D DFMD D%, TI2EDITINEL ko LIKE

LW, Green OARIBIMEDTES 272056 L E o T, SEHRMOARIAIZITF LT
LES7XFAMDHE0, MEETH2EbNS,
Z DRI DOWT, /N [53], S8 [32], 52 [38] 1A FEITHALL T3, [32] Tld.
Green DNREHEBIGEIR - T, EBbA AL, £4% HWTEEA L 7z Cauchy
DREDEMZ - TG Z EMA L TWwa 12, [38] 1Z. 1 OESLIMILIERHZER L.
PREEDOEEZH > TR EDOEWIED Green DN ZFEHL TW5, ZRUIHIF
HBHRZXEEZARWD, DEIREBYZFZARNCIE 5T, EEIZSE TR L ED
N5, (BRAIKN [31] TlE, BEEGERD S— F T > TV wnwd, —#&HY7%2 Green
DRRZFHALTH %, )

(c) HE¥RDY, T OBERZRTDIDRBONZ DT, FIZIERT > v VEMK LD F
L EiLmEENCk S,

BAZEZTRIZ, (1) 2 2 DEBELEBERLLZLD AT AL, RE—FD
5LIES I (1) e ED ., IERIBEBOERBURBATREEN RE /257D T, (2) DD
JF AL T, Green DARICH &I Cauchy DHEDANRDFHIHZ T %, Green DRI,
— 2B R LR FAUSEEIREE R TH 2 L. Z 5 W 5 RO LD 5807z Cauchy O
B EHETH->TdD, PRDOBIERET %,

EE S . PR EEEE W2 ED Cauchy DD RNREIEN Lz o72h, 2%
REDZNEI. 5 EZLLBDALHERROD SR>, (BHEEBIXRERERIEAZE DD
hF WL, Cauchy DFED AN EBCEIDAHD T - & b 3R 2 DIFIEF I TH %,
HE 7 Z e DZL REEETE NS, L WIREDT S, MIEHMOBELHETFEIAR
HokiuE, Z2hzllie 2B LHRZ I RLKDBLTVEDN, 5D ARV T4 VT, ) [H
HLER W72 Cauchy OFENZUCT DWW TIE, Ahlfors [27], —K8 [2], EifE [22], 218 [31], Hik
[54], B4 [55] 72 ¥ 03 B,

E.7 — [2] (1957) D VIE§4H 55|H

BAT—ERNLTHrH, BAOSETEZET I PRI OZT Y, BHENHEFICH
LTEZSWS 203 o6 K (fIPWRHOHFICKELREENBATHWEDLET), [B
B 2T2Z2RLTVET(TOVIDERAF Y TRET, F—KR—KhosXA4TANL
¥9) —K 2] 2D LEDDFIHEZ L72OTT2, WWW IZEL DIZRLSBRVWEES DT,
CITREHREFRA (ET2ICHDMI T ), 2] ZHREAFVHL VDT, Al hksZR0n
M7z, B o TWBDTED,

E8 FIyvIINREH

Dixon DFEHH & Z DR BEIZ-DWTIiE, Dixon [56], Loeb [57], [58] % H Xo
Olsen [59]
Gray [29]

M2 72 205, DRI 2 Y LTzt &, iAE 272 RIC, Green ONRTEIEZ T, FEHL L
IR HEICEOG AR D . B2 ORERDOERIZ T 2o Tilin e B L7z, Rt ZheRL It 2 g
UERVE WS 22720, Z5VISFEHZHEZ L TOVEALRELDHE DRV, [32] DikGRDOED TIIHES /2.
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F [BlEs#iZz{E> 7= Cauchy DRBEDTEIE, BHo AT, BHEIE

(LEHEF, H5FVWTT, ZOFHTE, mETRrY—HOSEEL iR foTwd
. bIPLEBALRLD LTI, YRS EE, HIZIEIE [H4] 2 BV, )

F1 FxaA>ea47I

R C1, Co, ..., C, ZIBIZORWT 1 OO C=C,+Co+---+C, DMEHN D & X,
(F.1) / f(z)dz= | f(z2)dz+ )dz+ - / f(z

C C1

DI D LD,

RO S 2i2dh, BRI O+ Cy + - -+ C,,, S HITITEBEERE DA

C=a,Ci+aCy+ - +a,C, (a,a9, - ,a, €Z)

BEZ. INEFIAY MR,

ZDF =AY CITHLT

/f(z) dz = a; f(z) dz + as f(z) dz—i—---—i—an/ f(z) dz

THES %Eﬁ?60£e®ﬁmuﬁ5#%ﬁuibﬁm

F A ORI Z-MERZR 5,

Fx A4 DIH T, HHTROME LTEEZBDEYALIILEER, F 24 VDY A 71T
H 27D, FHBROBEO LR KEOREERPEEEEZADTELVI EBAQVE+T
5%,

F.2 [OlE:#K

C NDOXZHNC CL HOBAIIFR C 2. a € C\C* 12X LT, C BT 3 a DB (H 2
X aDFEbLHD C DEEEE) n(C,a) %

1 dz
n(Ca) = omi cZ—a
TERT %,
i F.1 n(C,a) 13BETH 5, j

S C DRI RA—R—FoRE 2= o(t) (t € [0, ) ¥ T B

ﬁxﬂ::g/ ¢é§?cfh




e D (p(8) —a) = e "D (p(a) — a) = p(a) — a.

SFB) _ ©(B) — o
p(a) —a
o(a)=p(B) TH2EHh5, 0D =B =1 WZITn(C,a) €Z. m

MR, YA 7SR L TEGICHINRTE, 25 LTHEBEEZS,

F.3 [EEHZAVW Cauchy ODBLTEE, BHoAR

T T—HRDGE D Cauchy DFED N EIBNTIEAT 2 DT, RO BTN
FCh AP, HEEMIMENTHE 2 2HRT20%2T2DT, HZATHNS,

4 N
ﬁ%Fz(H%kﬁwécmmwofﬁ YK) £ X Q= D(¢;r) TIERIT, C1E Q ND
XA C OBl 22 &, ERD ac Q\ C* ITH LT,

f)

2mi Cz—a

n(C,a)f(a) =

k

\_
SEBA FIRICET % Cauchy OFEEBIC X D #ifiih0 1 K2R EERIZERD C 1
B2E 0 THs00

Je) —fla) ., 1 [ [f(z) 1 dz
2m/ z—a _% Cz—adz_f(a).%/cz—a

1G) 4~ fapn(C,a)m

27rz cZ—a

-
EEF.3 (1) COMESE QADTA 7L C 2, QIZELT 0 IZAEB -2 (homologous
to 0) &,
(Vae C\ Q) n(C,a)=

(Q ODFHEEDTRTORZ 0 [ZTFEEET 5, )

(2) C DREE QNOYA 70 C,Co LT, O & Cy 23 QIELTKRER—ZT
HBEF CL—CoyBQREALTOIRAER—=ITHEILZWVI,

J

CHQIELTOIRKAER=20S5D%, C~0 (mod Q) EFEL 2 2H 5,
(FREFE=ZHoTWVWBEAIR)C,L & Cy BHREIEY Z7RBIE O & Cu QAL TR
‘:EU*‘y"’G@z)o
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4 N
EI F.4 (Cauchy OFESFERE, B/HOLN (FEOP—hR)) C OES Q No¥ A 7L
CP. QREALTOREFER—EF5LE, (1), (2) 2D IO,

léfwww:

(2) f: Q= CHERIZRLIE, aeQ\C*ITRLT

(1) f:Q — C AERE 51,

N J
(1) 1d Q HDHA 21 C IR LTRDBHD D, W05 2L TH B,

waec\mn«mn%fé dz —0}$[Wf€0@ﬁlj@ﬁk—q.

zZ—a

(:hiTrCﬁf®i%ﬁﬂ®ﬁ%ﬂi&Hh@\/f@ﬁkzoﬁﬁbjOJZ%of%

C
e, TO P a ZHERVY 23 n(Ca) =0 205 BRI RXTRIATVWS, EFZ 5, )
#EBH  (John D. Dixon [56]) C' 2PAfM#R TS % & U TAEHHTHUI R W,

2, € QITH LT,

) - 10
g@&%{ e—¢ @79
£(2) (=)

EBLE K (CeQZEET ST, (Riemann ORREARERFRAEMICED) 2 — g(2,0)
W QTERITHD, glX QxQ THEHETH S (FB).
E:={acC\C"|n(C,a) =0}

rBle. FHAEAT. C\C* OIFFHRERKD Qo ZET,
CHQIRELTOIREFER—ZLWVIDIX.C\QCE2WH I ThHb, 22 C=QUE.
FZT

,/ g(= )¢ (=€)
C

(Lcil (> € E)

EBLe e QNERMLT, BEELTERSINTWT, FEHLZRWVDIDEIZZSDY) b 1
well-defined TH 2, FEfE. 2€ QNE 32 (n(C,2)=0TH205)

L R 5 P (S BN o (5
[a.0ac = [ HOTEac— [ Loac— pemic.s) = [ Sl

hix C TERINTWVWSEH, HIFEEBTHS, 2L T

lim A(z / f(¢ —=d(¢ = 0.
2Z—00 z%oo — 2z

h(z) :=

EN
f(C) ?el%x | f(0)]
’C—z _ggMC—d
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CFHECTES5DT, 2 — 00 D& E, max f(o'—>0.)
cecr | — 2z

WRIZ h IFERTH 255, Liouville DEFICE D, h I3 TH 2, BHL 2 =00 TO
WINR S 22026, h=0.
WZIZ 2 €Q\C*ITHLT

0- / o(z0dc = [ ¢ — (e 250
C

cC—=2
- T
1 f(Q)

21 Jo (— 2
—5 2eC\QDHEZF 2€ ETHEINH

d¢ =n(C,2)f(2).

t/f“%K:m@:oznwwﬁ@y
cC—z
71T (2) DIRILT B

RIZaeQ\C*&T2LE, 20 (2—a)f(2) I (2) DFREHVWE L&

1 J(O(C—a)
n(C,2) ((z —a)f(2)) = %/C?d@

z=a B, (1) PEIrNS, =

COREATIE. £3(2) BRICEEHLZA, H LD (1) ZRHIUL. MBEBOEGE & Rk

@:113

0= / w dz = ﬁdz — f(a)n(C,a)
c

crR—a

v LT (2) BEH,ND,

F.4 B¥E®E

FEFS5 Q& COEET, ¢, -+, ¢, FQAOHERERZR f:Q\ {1, ,en} = C
FIEAL ClE QNP A 7T, QIZEALTORKET =T, ED¢; dlHRNET
%L,

1 n
5 Cf(z) dz—;n(C,cj)Res(f,cj).

\_ J
IR fHiHTH 5, m

F.5 {EABRZG LS

[AEREZ W RWIERDS D 7 ClEk. BB oHT TR ol MEED) EWH FEED
JES 2 LT, (Fo/ L EERHTIEIMD LN 0) Y L& E2RET 2 HENEL, £
CTEHFDPREL TS, EWIHIDED S, EEDISHTIE, 1FAEDGE. FIE DBl
HIAR DI E R DR L 722 DT, EHHPKEREEICIZ > TWBEUDT 5,

B IZHELWZ 2 B/RTDIZ, MBEBOEEE. TEOHIR C 1A BN 0 THL Z e 2flv, 22
TIFEBZ —RIZT3RHDIC, OB QIELTOIWRRER—2 WO EHEREL 2,
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ZAUTH LT, FEREZ W20 D AT, o @B oM RONIcHN 5, FEE
AW 2l 2 D pifRIC O W TR SR TIUIR WO T, i iR 8% (2 LTI
DBEIZE 5120 TNDB) IFE A LHEHHR,

ZORDFEYDTHIo Tz 213, BEZERBUC EF S UM/, §50 1 e —BEL
723, b ZD. FAREFETHIHEEZRP-7-07, tR2<,

0IZHRER =7 WS RERY —DOHERD, BEREE WS BRNLRESTRIHETES 221
KOWDIX Artin TH S5 LWVWH, ZEREE 5 Lok,

Dixon DFFEHZ D 5D UL AW THATE 3 X512 LT, 20 & BRI BHEER o Az
BOGTENHEICHR 2 & 5 RS2 E X, AU > TWF 303 Lk,

G HBAEAORDDEDHE
HEROWHHBARDEL o TORVADBLS & 5 ROT, MEIHIL THL .,
R

23— 722 4+262 — 30
23 —5224+32+9

(G.1) f(z) =

ZHNCELD ET 5,
TTDZIER 23 — 722 4+ 262 — 30 ZARDZBIER 22 — 522+ 32 +9 TH 2 &, BRI
FREN L, —222+423: -39 THE0H

1. (2% — 522+ 32— 9222 493z — —922 4 23; —
(G2) £(2) = (2 =522+ 32—9) + (—22* 4+ 232 39):1+ 2% 423z 39.
23 —5224+324+9 23 —522432+9
—22%2 4+ 232 — 39

ZOLT, f(z) 22HKX1 &, 3FOXRE < 7HOXETH 5 HHA
DFN I ET E 7=,
OB ERICFNET, —KROEEHK2, ZHEHAE, DTFOXE < TEOXETH 5 HHEHK
DN HETED Z N0 5,
—9222 49232 — 39

RiZ DR
X 23 —5224+32+9 E

23 —5224324+9

22— 522 4+324+9=(2+1)(z —3)?

D& I RZHEKXOBEOMICHET R TE 2 ((REFEOEATEHIC L - T, (EEOZHEAIZ
‘SRR 1 RZIEROBEORICHB DR TE S — o b ERHNRIETRD 2 Z N T
X5 DIE. FRMNOBETH 3),

I WS T, EREEHONERE D ZEE T 2581, EREZIEXOHF TR F3
LINENH B0, ERBE T, EREZHENRICR 208130, ERFREZHEA2ZHWS Z
EHR B DT, 1 RZEXDOBEDOITHRTE 5,

Wz

—222 4232 — 39
(z4+1)(z—3)2 "~

(G.3) flz)=1+

I CROEHMPE DD LITHERET %,
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/Eﬂ G.1 (FBPEVCELRRBOBTHNIEAETEDS) fi(x), folz) X o OD%IEEQ\
T, 0 TR, BVWRERTH 2013, EEDOZHEN r(z) X LT, H»25Z2HK g(2),
ga(x) DIFAEL T

r(z) _ g1(x) 1 g2(x)
fi(@) () filz)  fa(2)
DI D LD, FHTHEAT, BFOXE < 7RO THNI, GUDOBIHEIZOWTH Z

L 3725 K D72 gi(x), go(x) DIFIET B0

J

GERE S, d(2) Y fi(x), folz) DERARAHZEATH S & &
fi(@)hi(x) + fo(x)he(z) = d(x)
Zii7e T ZIER hy(2), ho(z) PMFET 2 (HiR Z e RO TRDZ Z2I12T3). fi(2), fa(z)
BHWIZHERTH 255, d(z) =1 LiEXRXDLDT,
fil@)fo(z)  folz)  fi()
MDD, TS5 ERMPIELWI EBEMIN DS,
DB, FEL . BIZIZEER [60] 1ICHl-TW5, =
ZOEHEHWS L,

—222—1—232—39: az+0b n C
(z—=3)2%(z+1) (z—3)22  z+1
Zit7e SR a, b, C BIFET B0 5d, ZOLE
(Q) (3A,B€C) az+b=A(x»—-3)+B
DD LD, W RIS

(G.4)

az+b A(z-3)+B A B

G232 (=32 -3 (z-3p
BT A, B OHET 3. () B VO LIZD LEZ IS DB, &) —Hc, G

Riz) = 2 00) = m— 1 KT o 2R

G-
TN LT, HEEHRK A, -, Ay DIFELT
Qz)=A1(z—)" "+ As(z — )"+ + Ay,
W 21T
R(z) = z{lc * (2 f2c)2 Tt (2 iln;)m

DD ILDZ &, ROEMHD HALHTE %,

T’ G.2 2 DZHERK f(z) CEEOE o THL T, 22K g(z) BIFEL T,

f(z) =g(z —a)
DI RYASN

BB y=x—a B, z=y+a. f(z)=f(y+a) BRDILDD, fly+a) 2y DZIH
RICRBZEEFHLNTHA S, 2% gy) B L

flx)=g(y) =g9(r —a)m
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Bl G.3 f(x)=2*+227+30+4,a=18F%, f(z) Z2—1 DZHATRTIKE y=2-1
EBEL r=y+1056

f(z) =a®+22° + 32+ 4
=y+1)*+20y+ 1) +3(y+1)+4
=y +3y  +3y+1+2° +4y+2+3y +3+4
=3 + 532 + 10y + 10
=(z—1)*+5(z - 1)+ 10(x — 1) + 10.

(BREL) f 2 2=1D%FH DT Taylor BT %, 3XZHEALDT fWD(2)=0TH3I2IZ
FETZE. AROFRIEZ 0 IXRDZeDB0h 5, ®ZIZ

1) = )+ F W -+ P E e
zhuz f(1) =1, f(1) =10, (1) =10, f"(1) =6 ZRAT 5 &

f@%:L+m@—1%%§@—if+g@—LP:@%&f+5@—1f+1%x—D+L

(lik2) 2 —1 THIZ Z e ZEDIEL T, HE D ZHAEITH D,
1 2 3 4

1 1 3 6
1 3 6 [10]
1 1 4
1 4 [10]
1 1

e o3+ 202 +3x+4= (- 13 +5@@—1)2+10(x — 1)+ 10 TH %, EFE,

2 +22° + 37+ 4 = (2* + 37+ 6)(x — 1) + 10,
2+ 32 +6=(x+4)(z—1)+ 10,
r+4=(x—-1)+5.
ZTh ez
?+32+6=((r—1)+5)(z—1)+10= (z — 1) +5(x — 1) + 10,
2 +20° +3r+4=(((zx—1)+5)(z—1)+10= [(x —1)* +5(x — 1) + 10] (x — 1) + 10
= (z— 1) +5(x — 1) +10(x — 1) + 10.
(BN, BRE2 BRNTH 5, ).
PLED

—222+232—-39 A n B n C
(z—3)2(z+1) 2-3 (2-32 z+1

iz T HEEBR A, B, C DFET DI BT h o7,
Wz

(G.5)

Alz=3)(z+ 1)+ B(z+1)+C(z —3)* = —222+232 -39 (2 €C\{-1,3}).
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2 XFEADMRE 3 M LFAELBRVDT, EED 2 € CIlTxfLT
(G.6) A(z=3)(z+ 1)+ B(z+ 1)+ C(2 — 3)* = —22* + 232 — 39
DI D LD,
(G.6) DMEER IR 2 XS54 A B, C 2RDZDIHEHETH %, @FFEE (2 =3, -1 21K
ALT, 2ROBEZ LB L T) 3ZEWL T

A=2 B=3 C=-4

—%2+x%—39_1+ 2,3 4
(z—3)2(z+1) z—3 (2—-3)2 z+1

f(z)=1+

H Z2ZEFENRA

BEEGRIZR VWAL XADD 7,
SHEBRFIGEATMR [1] DYURBVWATT, LI RORVWESIFEREZIANDD, &
DIRDWIEIAERICETERLTH S, BELOATT, —HICHEREITREL 25DV T
3 (Laurent ERDERD, FIODFEROGETHHIN TV ERE — FHEIEI S WVWHITH
BREESIREIATDEDL), HEAFVEGLAOFTHAREL LTRAMEEEZTW
e

RN —hEFR T 2D RVWEEVE T, Z50VWI5HIE. LLARELIZDL
BDES>TAZEREROVTL & 50 HEHPREREFE T > TR TICH > THL -
TAHT. HIDHARLEoLbDEHT I 2#D T,

DH o TR A2, Yl [32] ZHNLTEEET, . —D0fRZ. EEe
BT VT — FONEETIAD T—MMORIZIER L 722 WVWS DT, 2=— 7 RHAKXTT, &
RAL— AL ET T, FIOEICTOVRAWIHIES > TWVW5, EWOHHIRZRH £33, Green
DEH % # - T Cauchy DD EHZEL WS HEHTEILNLTOVE T, 2D Green DE
HoOBHBERIZEES L BngE 3, SHIEREICHM T, SIA T TR 2I1ZEED

NBZEPME T, ZORZ AL IF7Z68OFICWM T L TARILE2BHOLET,

TRETIEEBERNCAD £ 3 L EROBFEDOE (FEERE?) K55 e hsd
EWDHoTD T B Y - I ARG TERs [30] 13, MESAFHZEZEE L LTED
X200 DIEHEDRVOTTD, BAEGEHICE L IR AL L BnEd, BlcE-
THoTHETBML TS EIRANIE, ZOERRITH I —ER-—IZDL > TADL I ZHDZE
T, Bro¥Y MEHEMAE THBLEIILEZEZITWVWANAD, av 7 b OHERBICILDS
NTVWET, ZRZHATHEBEK S S (FEAIZ W WS BRRIEER 4 B2 R0 TH R0V,
Lol D EEDHATATRIIW,

DO ophozRc, FEDICKRZEH YR - A= F AL UTE. 2 T AR 11
[31] 28D %5, EHICHEGH. HEMFEWVIEDPA > TWRWL (Z UGS R L
TITh), ZEBROKREBICHZDTHREZ XN HTI D, HEBEGROHEFHICOWT, KIS
AELLAARTT, BEREE AW, —#KiY7% Cauchy DD EEBZFNTH D £,

H4Green OEMOFIIZ X ZORIERZD ., RAIC—RIIZIED Green OEHZH 5720 T 3E-HMHZ N
T, ZOARTIX, Cauchy OFEEHDOFHINHE D72 TED Green DEHIIH LT, HEFD A X —T DA
. ENRIEHEZ 52 TVWES,

317



MRS L2 Wnws N, BIFE [43] #F = v 7 L TATREW, FHE/HEHORMED
5. HERMRE (REEAROMED» HEAL LS RS D) £T. BERMEEIHI-> TWT,
BRI DOV TVE T,

BIEGEHICDOWT, £\ Z e D Lo, FEENREHRZ KD TV EHEIE, HEFED
REZH > TWB TN - /MR [25], HEWEE [61] ZRZ2RB00d LOLEEA,

FAEGRDTRILICBE D - 7oA M BIBGER O FGE D BER IOV T, @A [6] AR RTAY TS
D, ENZHAT AL TZZ25] LESTH, BEERADHOLHRVHLD LNLEEA. il [5]
WAL DRTVWTT,

BHBIBUCDOWTIE, B I F— ol e £ & DR [62) BRVWAFIFELE BAVET,
MER [63]) 1 ZBRIIDDERER T XF A P LTEIDONE T, (—RHAF LIS o7 TITH
BUERLRZEDTT)e AHREMTH2 (5TE TV T - FXAL VIZEPATVWS) T
W [64] ZFDDH BV LOLERAN,

BIEGHD SIXHENR T L £ 5 0 Y (RS EBEE O HEIFH 2 CIRWEHAE RS £3), 15
FIBEE i > T AR ORI HRER 3 2 U » 4 - W [66] 1IZAIOHIHZX DHEATT, ¥
HEEOFEWFH (67 DHIHL . FFo TBWTHORWATT,

HSIDLAFITHRELIZVAIC

A [42] 1, TR CHIIZRwWTh e, D UEAZNE (s, 2482 Riemann
M., FAGEGR, BHER — Z5 2 ICITBEROERE) 22X LWEED OTHHLTH D £35,
IR [38] 1%, HEALFEE (VY —~ M, ERIBEE - AHAIRMOFERNE, K7 VA LETE,
FEMBEEL - €2 2 7 —BE) 2 EHE L CEDIAALZE U DT 2R TS, RITIEBEYINR D TH
DI PoTzDTITD, 2016 FIZHL FHEEXLHEIZA>ZDTLIEXLZIAFTESLED
NET (KEBIEDHNEZESTT),

AYDERL LAIC

ALZRDIZEMDOARZ $F 07 8 < B RERAPHKR T, EHE [68] ZFIH o7, T -
CUET I EEY I TRl 722D 5, ZORIFEEMEDL L o720, Wb 2 HEE R &
TREBEWEES D, FIFEOHFEDOL Y MR D ZES R IeRAAFNTH S, BHFAICED
DTV e E o7,

(BRI T2 205, TR T /MK [69], [70] RE BRI KSR TADHZ, FENTH WD
AREBEHREIMNIFICHE E5IXRD E0V0DEITY, )

EODFLWLWAEADS

FEAS [71) 3, ZRIB A LZZMR (1] LRI H5VDRY 2 — A TIH, fllld R T
fil, NEZETHZWV (DFD [1] EEARFWTENTHZ2L2 VWS 28 TT), [1] b [71] &
B D & DHATARILT TP, MWOMD BEDLED IS RADLET. BLWVWAD [1] e

TSENFEEREEI A Y PTABLTWR L, 7V v 7« XL VDI TEEEZTOEDTTA, fiHICIX
AFTERLBRoTVD XS TTR MDHEND 72007k, KL UTHUMANEED [65] 1E0WAHTL &
5, THhBIFAYTFY FHIREDTESTH AFARETT, FAXICEERUDLNATVIDBIEEELWVTT,
ER&ICHPNTOT, HBR=I8IEX 500 2R F5, SHEEMRNEEEARVord Lhzwirhy (HiE
b T, FERLURO DD LEPNBRETT), KEFAPRTT, Riemann HDRINRIGD & DAL 5, 7
ISz p PR DFE L WA R ATV TEES L0 e BnE g, FAdB 1o BEL-VWEEZT, 7F X b
PRLEOTTD, BRZOFVWTFZAMUATEEVTCLEVELE, do 2 FIHDRTVE RO T
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T, HELWHD [71] BZIUIE TR DIEMETT D00 S LKW E, [71] DIBEH
FITEBATERVDIED >0 (e 22 LTHRL W),

TV YR OB ERD S Y — X LTHIRE NI A XA & ¥ AVTF [12) X, &
HIENT OB O E & OBEA &2 L2 2 X5 IR E NIRRT, ZFEICKRD T,

ARG, B (73] (e B & o &R EIC S WHEF [74]) < SV UFIED
HHFRBATULRD (AN Y X — [75] FHREME THRCIREETZ U ). Falld. K [76], KR
(77), B [78] e, AAHIIRE N TWE T, KR [79] 1&. FR 3BT AYTEL {Fid b
P LILER A,

Whid 2 T2EMRICHD7=DIZEE 50D & ZA RT3 021200 TIiE, BHERETHH
FBews ) — XD [80], [81] BBEIWRD £ T, BWEHBOERDGLARRLITY v a3
AN A0 T INRU el b ar Ry MBI TW S DX
WERTZE BnEg,

wirld. WWW LICEEE — FOEIAA NI TOETE, ZOFREEFLLWVD
ORHDFT, B@FEOHEBFROHERDILEW - 72KRE [83], FHE [84] I EIKWVITBEITR ST
L9,

IED &S ICEABEERZ FZATED

MPDBEIKE 20D LAKVWDOT, 22T, B (FEH) DS W REFRATHRL
hENTEL,

T O TREBERICANI-DIX, B [30] DFFHICF v LY I LTV ETHE, TOXK
X ERAKBEARIOAEIT, 1HER, E3E5E 30 x 3 =907 D#EF T, WED. B
¥m. Fourier B DYIS T 2BBRONEL L Db DT, BEGHIHTONTR—
PRI HOT O TH 2D, BEHISFEHOLNTWELES, tATWTHHHEH >, ZZIZ
BVWTHr I r2x2bA BN TV, ZOBBETOBBGEROAHEIIZNA T E X
BH, FAUX A BANE L WL S AT B,

YW OIIT, EEMCE, HH [44] 2HRA TR L 72 (FHAEE TFE0KR ([85]) @
FHELTHEHATH D), ZNIFTFHDORBWAT, HAETHEZES L ZORVWFRE X
TRELIZADB WD T2, DN E o 7=D T, BEFIIT B BB e EH T, L
OB TROEEZ Lz, vtk s a 2ahriTnad DT, 2 L3I oFHRICEH
ATIT DIZEFRITH - 72,

BERNTHEEDNE L T, WER W KRR TREGRZER T L IZR o BRI, BREICHE S
N7z DHE 7L Ahlfors [27] TH o7z HFETH o /=D Taiesd % 2VDEL L7223 (£ 7255 R4
DFIER [86] BT WD o7z, BERRARIIREDPEGER XL D DV, SR T2 A0S 5%
FLV, BEDHTHZ, ). ddeBFEORIUITIITEREEZ R OHTD LLRVDT,
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